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Abstract: The paper proposes an optimal siting and sizing methodology to design an energy storage
system (ESS) for railway lines. The scope is to maximize the economic benefits. The problem of the
optimal siting and sizing of an ESS is addressed and solved by a software developed by the authors
using the particle swarm algorithm, whose objective function is based on the net present value (NPV).
The railway line, using a standard working day timetable, has been simulated in order to estimate
the power flow between the trains finding the siting and sizing of electrical substations and storage
systems suitable for the railway network. Numerical simulations have been performed to test the
methodology by assuming a new-generation of high-performance trains on a 3 kV direct current
(d.c.) railway line. The solution found represents the best choice from an economic point of view and
which allows less energy to be taken from the primary network.

Keywords: optimization; energy storage system (ESS); siting; sizing; regenerative braking; particle
swarm optimization (PSO) algorithm; net present value (NPV); railway network

1. Introduction

The need to respect and safeguard the world has led issues such as sustainability to become the
main focus in order to reduce the environmental impact generated by human activities [1]. In particular,
in the railway sector, researchers are focusing on the development of new solutions and techniques to
improve the efficiency and systems’ capacity to achieve higher energy savings [2]. One of the possible
strategies is the recovery of the energy produced by the trains during the braking phases [3]. However,
a coordination between traction and braking phases is needed. Contrariwise the regenerated energy
must be dissipated in the rheostats, which leads to a significant loss of energy efficiency.

For this reason, it is necessary to increase the receptivity of the system, that is its ability to accept
braking energy, by installing:

• Reversible substations (RSSs): allow bidirectional power flows (from the primary network to the
contact line and vice versa), so the regenerated energy can be sent to the network to be used by
the operator (Figure 1a [4]).

• Energy storage systems (ESSs): store braking energy surplus and return it to the contact line when
necessary (Figure 1b [4]), thus limiting the energy taken from the network [5].
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Figure 1. Recovery of braking energy: (a) reversible substations (RSSs); (b) energy storage
systems (ESSs).

More in detail, there are two types of energy storage systems:

• Mobile ESSs, located on board vehicles.
• Wayside ESSs, installed in electrical substations or along the track, which don’t place weight or

size constraints and which balance the voltage in the weak points of the network [6].

Energy storage systems can bring benefits from an energy and environmental point of view (less
energy taken from the primary grid, lower consumption of fossil fuels). The problem of sizing an ESS
has been addressed under many aspects. First of all, from the point of view of the location: installation
solutions have been provided both on board the train and along the railway line [7–15]. The wayside
ESS installations provide the advantage of not overloading the trains and their sizing has been analyzed
from different points of view:

• Only technical, with optimization algorithms to minimize the energy taken from the primary
network but without carrying out an economic analysis of the investment [16–21].

• Technical-economic, with solutions that minimized, for example, the annual cost of electricity or
installation cost [22–24].

The second is more complete and adherent to reality; an oversized ESS can work considering the
energy saving, but it makes the investment not convenient if the system never provides a positive
economic return.

The evaluation of investments in financial mathematics through two methodologies, namely the
net present value (NPV) and the payback period (PBP) could be very attractive.

The purpose of the paper is to use the NPV as the objective function of an optimization algorithm,
to solve an engineering problem. The correct sizing and positioning of an ESS through an economic
approach. The solution provided finds the maximum NPV to obtain the greatest economic returns, at
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this point the PBP in which the investment is repaid is calculated, as a further economic indicator of
the advantage of the installation.

This solution, the best from an economic point of view, should then be approached from a technical
one, to see what appreciable innovations it produces from this point of view.

Through the use of a railway simulation software it is possible to calculate the energy taken
from the network and the energy losses in the system, thus comparing these parameters between the
solution found and the initial case (without ESS installed) it is also possible to evaluate the technical
benefits of the proposed solution.

Optimal siting and sizing of ESSs are investigated deeply in literature [7,8,16–34].
A short dissertation of literature references compared with the proposed approach is presented.
In [7] a genetic algorithm (GA) is used to find the optimal sizing of a storage system placed on

board the train minimizes the energy withdrawn from the network, maximizing energy saving. From
an economic point of view the method shown an investment very onerous. It also highlights long
simulation times with the GA, while the choice of the PSO in our paper is aimed precisely at reducing
this drawback.

Reference [11] finds the optimal sizing of a storage system located along the line through a genetic
algorithm (GA) that minimizes the energy taken from the grid. In this case several solutions are
offered between obtaining greater energy savings or lower economic costs, but in any case the energy
withdrawn from the network is less than [7]. The methodology proposed in our paper shows that the
ESS position could be found near one of the several electrical substations.

In [21] a particle swarm optimization (PSO) algorithm find the best position and size of a
supercapacitor minimizing energy taken from the grid. The study does not carry out an economic
analysis of the investment and the model allows to use only supercapacitors. The approach proposed
in our paper allows to foresee the use of different types of storage for the ESS to be installed.

In [23] the PSO algorithm is used with the aim of minimizing the annual cost of energy, obtaining
as output the optimal sizing and position of the ESS. The paper has a techno-economic approach
similar to that proposed by our paper, with the use of the PSO algorithm to minimize the objective
function; however, it uses a parameter that is not part of the investment evaluation methodologies of
financial mathematics, unlike the NPV and PBP proposed by our paper.

In [30] an optimization algorithm has been used to find the optimal sizing of an ESS minimizing
its installation cost but not considering the best position. Moreover, the costs are based on load time
series and not using a railway simulator, as in our case.

There are also studies in which the PSO is not the best choice, for example in the reference [31] it
is highlighted that the PSO has a robustness, calculated in terms of efficiency, of 65% in the calculation
of the position and optimal sizing of a hybrid PV system with storage, therefore it was decided to use
crow search optimization (CSO) algorithm which instead shows an efficiency of 90% in this study.

In [33] the PSO shows an increase in costs and in convergence times (when the uncertainty on the
generation capacity from renewable sources rises) higher than in the general algebraic modeling system
(GAMS). for the correct positioning and sizing of ESS and capacitor bank in a microgrid Therefore,
the second method is preferred.

By comparing different optimization algorithms for positioning and dimensioning of ESS in a
radial distribution network, in [34] it is highlighted how the PSO has a shorter execution time than
the others but the solution found is not the best. For this reason, teacher learning-based optimization
(TLBO) is defined as more satisfactory for the case in question.

The paper proposes a new method to determine the optimal configuration (position and size) of
one or more ESSs along the route, with the aim of maximizing the return on investment. The numerical
simulations performed on an extra-urban railway system, with the aid of two simulation tools using
a realistic traffic model, show the effectiveness of the proposed method. The resulting problem is a
nonlinear integer optimization model where some of the involved functions are a black box, namely
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are known only by means of the use of a simulation toolbox which does not allow the use of standard
mixed integer nonlinear programming (MINLP) methods [35] that make use of derivatives.

For this reason, the optimal configuration is carried out with a heuristic optimization algorithm,
the particle swarm optimization (PSO), which has proved to be very flexible and successful in dealing
with computationally intensive and highly nonlinear problems, such as the one presented by railway
simulation. In [36] two optimization algorithms, dynamic programming optimization (DPO) and
particle swarm optimization (PSO), to minimize the energy taken from the grid in a metropolitan
network are compared, finding that the second takes about 60% less time to find the solution.
The simulation time is a choice factor in the use of the PSO algorithm also for our proposed method.

Novelty of Approach Proposed

The proposed approach aims to jointly determine both the optimal size of the energy storage
systems and their position along a railway line, maximizing the economic benefits.

A technical-economic model is included into a software developed by the Authors, to establish
the economic convenience of the found solution. The main novelty of the proposed approach is to use
an optimization algorithm not to minimize the energy purchased from the network, but to maximize
the economic benefits from an ESS’s installation in a railway line. The methodology has been designed
to be performed with any type of d.c. electrified railway line and train, using a software that provides
the dynamic and cinematic characteristic of the train and load flow calculation for electrical analysis.
The procedure has been implemented in MATLAB™ software (MATLAB 2019b (v9.7), The MathWorks,
Inc., Natick, MA, USA).

The structure of the paper is as follows: Section 2 presents the simulation software and models
used, the optimization problem is formulated and the algorithm used to solve it is explained. Section 3
presents the case study and shows the results obtained. In Section 4 the obtained results are discussed
and compared with the others that are presented in the literature, furthermore future research directions
are proposed. Finally, in Section 5 presents our conclusions.

2. Methods

2.1. The Train Performance Simulation

Train performance is calculated in an Excel™ (Excel 2019 (v16.0), Microsoft Corporation, Redmond,
WA, USA) environment [37–39]; the software follows the basic laws of motion. It requires:

• The plan-altimetry characteristics of the line, i.e. the slope of the line with respect to a
zero-horizontal line (expressed in %�), in addition to the radius of curvature of the curves
and the length of the tunnels on the analyzed route.

• The electro-mechanical characteristics of rolling stock, in order to simulate various types of trains
along the line.

From these inputs, the software provides dynamic and kinematic profiles of the individual vehicle
as outputs. It schematizes the vehicle as a material point that absorbs a power at a given point of
the line. From an energy point of view, turnouts or level crossings are interpreted by the simulation
software as points at which it is necessary to change direction. Therefore is necessary simulate another
line and then interconnect it. Information entry related to the operating mode of the line determines
the reference traffic scenario and the program provides the system time graph as output.

Setting manually the headway, the code processes the time of departure on each route for each
vehicle. On the basis of the set interval for processing, the pre-set traffic scenario is simulated. Starting
from the calculation of braking energy, obtainable for every stop, the software computes the theoretically
recoverable energy for each train.

Table 1 shows a summary of the main parameters calculated taken into account input data.
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Table 1. Inputs and outputs of train performance simulation.

Characteristics of the Route
(Inputs)

Characteristics of the Vehicle
(Inputs)

Values Every 15 Seconds
(Outputs)

Progressive Aerodynamic resistance Pantograph power
Slopes
Curves
Tunnels

Speed limits

Traction force
Braking force

Weight
Distance

2.2. The Electrical Model of the Traction System

The electrical computation software allows to solve load flow calculations for a d.c. electrified
network. The software for each simulation step, based on kilometer points of vehicles, automatically
creates an equivalent electric network in which the nodes represent the electrical substations,
vehicles and parallel points; the branches are the traction equivalent circuit stretches between the
above-mentioned nodes.

The following models are adopted for the network’s computation, even in presence of braking
energy recovery. The models and the procedure is well presented in [37].

• Electric substation: Figure 2 shows the V-I characteristic and the equivalent circuit adopted for a
typical Substation. When the Substation is disconnected (zone 2), at node A is imposed the P = 0
condition. In supply or regeneration status, the node is set with the V = V0 condition (no-load
output voltage) or V = Vrec (network recovery voltage) and the equivalent resistance R2 or R1 is
introduced, respectively, for the different voltage drop in the inverter and rectifier bridges.

• Vehicles in traction: the node is normally set with the P = constant condition. If the pantograph
voltage decreases and the current exceeds the maximum value allowed by the electric drive,
the iterative computation to resolve the non-linear equations system is repeated imposing the
constraint I = Imax, i.e. constant current absorption. The model follows the V-P characteristic
shown in Figure 3. Vmin is the minimum line voltage allowed to contain voltage drops while
Vmax is the maximum line voltage allowed for which the system can receive the braking power
supplied by the rolling stock.

• Braking vehicles: if the system is receptive, all the power is fed into the traction line, as long as the
node voltage, resulting from the solution of the system of equations, allows it. In fact, if the Vmax

value is reached, only a portion of the recoverable power is fed into the line. This voltage is a
non-linear function of the voltage in the nodes and in the network conductances. The difference
between the recoverable power and that actually recovered represents the power dissipated on
the braking resistors.
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The software can also simulate the behavior of a mixed rheostatic-regenerative braking (dash-dot
line in Figure 3). Like the model shows, with this type of braking as the pantograph voltage increases,
the current dissipated on the rheostats increases; at the same time, the current fed into the traction line
decreases until it is erased once the maximum voltage value (Vmax) is reached.
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n nodes network are expressed directly by a set of values of the n independent variables, i.e., of
the voltages or currents, or voltages and currents (at the different nodes), the remaining n dependent
variables (currents, voltages) can be obtained respectively with the following equations:

Ij =
n∑

j=1

GjiVi (1)

Vi =
N∑

j=1

RijIj (2)

where Rij and Gji are the coefficients of the matrices of the node resistances and
conductances, respectively.

Gji, relating to a generic Ij, is obtained by setting equal to zero the voltages of all the nodes except
the i-th node, and will therefore be:

Gji =
Ij

Vi
(V1 = V2 = . . . = Vi−1 = Vi+1 = . . . = Vn = 0) (3)

Similarly for Rij, setting Ij , 0:

Rij =
Vi

Ij

(
I1 = I2 = . . . = Ij−1 = Ij+1 = . . . = In = 0

)
(4)

The linear equations written in the form:

xi = fi
(
x1 . . . xj . . . xn

)
(5)

i.e., each one explicit with respect to one of the variables x, are solved by using the Gauss-Seidel
method: the simulation software is thus able to calculate the line voltage (VLINE).
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Using the same approach, the software determines the State of Charge of an ESS (SoCESS) during
the simulation through the SoC update formula shown in Equation (6):

SoCESS(t) = SoCESS (t = 0) +
1

3600·Energacc

∫ t

0
VESS(τ)·IESS(τ)dτ (6)

where VESS and IESS are the voltage and current of the ESS, respectively, calculated by the simulation
tool, while Energacc is the nominal energy of the ESS.

The output of the software provides the output values of powers from each electrical substation,
the maximum recoverable powers during vehicle braking, the energy storage operation profile and
also the line voltage profile and the currents flowing in the substation feeders. Table 2 summarizes
inputs and outputs of the simulation tool.

Table 2. Inputs and outputs of traction system simulation.

Electrical Inputs Outputs

Number and kilometric point of substations Instantaneous powers required to substations
Number and type of

transformer-rectifier units
Voltage at the vehicle pantographs, at substation bars

and at parallel points
Catenary feature Line minimum instantaneous voltages

Line rated, minimum and maximum voltage Current on substation feeders and in traction circuit
branches

Traffic Input Recovered energy on line
Train performance traffic file Power losses in traction circuit

Recovered energy in the network
Energy storage operating profile

2.3. Economic Model

The methodology developed uses the net present value (NPV) of a storage system as a target
function. The net present value (NPV) of an investment at time n = 0 (today) is equal to the discounted
cash flow (Cn) from year n = 1 to n = N (end of useful life of the accumulator) minus the amount of the
investment (I0) at the start of the investment (n = 0) and the replacement costs in the useful life period
(Crep).The NPV is mathematically expressed as:

NPV = −I0 +
N∑

n=1

Cn

(1 + ir)n −Crep (7)

The cash flow Cn of year “n” is equal to all the income In minus the operating and maintenance
expenses En of that year:

Cn = In − En (8)

In and En are expressed by the following equations:

In = (Energnoacc_n − Energwithacc_n)·Cch (9)

Energnoacc_n = Energnoacc_day·Nd (10)

Energnoacc_day = (Energnoacc_peak·Npp) +
(
Energnoacc_soft·Nsp

)
(11)

Energwithacc_n = Energwithacc_day·Nd (12)

Energwithacc_day = (Energwithacc_peak·Npp) +
(
Energwithacc_soft·Nsp

)
(13)
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En = Cf·Pacc + Cv·Energacc
day·Nd +

Energacc
day

nCH
CCH (14)

The first term represents the fixed costs of the ESS according to the installed power; the second
term the variable costs according to the energy supplied by the ESS in a year. The third term represents
the recharge costs of the ESS, a function of the energy delivered in a working day, the cost coefficient of
electricity and the average charging efficiency of the ESS:

Energacc
day = (Energacc

peak·Npp) + (Energacc
soft·Nsp) (15)

Energacc
peak and Energacc

soft, as well as Energnoacc_peak, Energnoacc_soft, Energwithacc_peak and
Energwithacc_soft, are taken from the railway simulator when simulating a railway line with an ESS,
of which values of position, nominal power and nominal energy are inserted.

When the NPV found by the algorithm is a positive solution, the payback period (PBP), which
allows to calculate the time within the capital invested (I0) in the purchase of a medium-long-cycle
production factor is recovered through the net financial flows generated (Cn) is also calculated to obtain
a further indicator of the economic convenience of the investment:

PBP =
I0

Cn
(16)

I0 is the capital cost of the accumulator and is:

I0 = CP·Pacc + CE·Energacc (17)

Crep is the future value of replacement cost and is shown by Equation (18) [40]:

Crep = CRP[(1 + ir)−LR + (1 + ir)−2LR + . . .+ (1 + ir)−num·LR ] (18)

where “num” is the number of times the battery must be replaced during the life of the ESS.
The software is able to simulate, in a standard working day, the charge and discharge cycles

followed by the ESS. It is possible to obtain the duration (nbatt) of the batteries; once the useful life
(N) of the ESS. Using Equation (19) it is possible calculate how many times it is necessary to replace
the batteries:

num =
N

nbatt
(19)

2.4. Optimization

2.4.1. Problem formulation

The NPV of the system, which has been explained in more detail in Section 2.3, is considered as
the objective function: the variable xc on which the NPV depends is the set consisting of the nominal
value of the power Pacc and energy Energacc of the ESS, as well as the position Pos where the ESS itself
is installed along the track:

xc = {Pacc, Energacc, Pos} (20)

The study is focused on finding the solution that has the maximum NPV, so the optimization
problem is formulated as follows:

Z = max
xc

NPV(xc) (21)

subject to the following constraints:
Pmin

acc ≤ Pacc ≤ Pmax
acc (22)
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Energmin
acc ≤ Energacc ≤ Energmax

acc (23)

0 ≤ Pos ≤ Lmax (24)

Vmin
LINE ≤ VLINE ≤ Vmax

LINE (25)

Imin
ESS ≤ IESS ≤ Imax

ESS (26)

Vmin
ESS ≤ VESS ≤ Vmax

ESS (27)

SoCmin
ESS ≤ SoCESS ≤ SoCmax

ESS (28)

where Lmax is the track length, VLINE
min and VLINE

max are the minimum and maximum allowable
line voltage values, IESS, VESS and SoCESS are the current, voltage, and SoC of to the ESS, respectively
calculated using the software described in Section 2.2 [37–39]; each of them is limited to its minimum
and maximum value.

The optimization of the siting and sizing of the ESS is formulated as a non-linear integer problem
(MINLP) whose non-linear objective function is evaluated by means of a simulation tool, which is
able to verify the safe operating conditions of the d.c. feeder system, and it is not known in analytic
form. Thus it fits in the class of black-box non convex MINLP problems which are among the most
challenging optimization models. The solution of black box problems requires the use of derivative-free
algorithms that do not require the derivatives not even in approximate form. Further non convexity of
the functions makes it difficult to use exact method for integer programs.

The great computational difficulty and the computational time needed in evaluating the objective
function suggest using simple heuristic algorithms to explore the solution space quickly. Hence
the optimization problem is addressed using a Particle Swarm Optimization-based algorithm as the
solution method.

2.4.2. PSO Algorithm

Particle swarm optimization (PSO) is a heuristic algorithm inspired by the choreography of a
flock of birds [41]. In the space of real numbers, every single possible solution is modeled as a particle
moving through the hyperspace of the problem. At each iteration, the velocities of individual particles
are stochastically adjusted based on the best historical position for the particle itself and the best
position in the neighborhood. Both the best particle and the neighborhood best one are found based on
a user defined fitness function. The flow chart of the integration of the simulation software with the
proposed PSO algorithm for the positioning and dimensioning is shown in Figure 4. The characteristics
of the route and those of the rolling stock (expressed in Table 1) are provided as input to the software
described in Section 2.1. The power supplied by the supply line is then estimated by calculating the
consumption of the vehicle. The traffic file produced is the input to the electrical calculation software
described in Section 2.2 (together with the other values listed in Table 2 which are entered by the user)
who is able to calculate the energy supplied by the substations for a particular configuration of location
and sizing. The objective function in Equation (21) is thus calculated and finally, the PSO returns a
feasible and better solution than the original one.
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Figure 4. Flowchart of the PSO-based solution algorithm.
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3. Results

3.1. Case Study

In order to establish the effectiveness of the proposed solution method, a case study calculated on
an extra-urban railway line is presented. The NPV of the system is evaluated in 3 cases:

• Without possibility of recovering the braking energy by trains running on the railway line and
without ESSs along the line.

• With the possibility of recovering the braking energy by trains and without ESS along the line.
• With the possibility of recovering the braking energy and with ESS installed along the line.

The PSO algorithm is coded in MATLAB™ (MATLAB 2019b (v9.7), The MathWorks, Inc., Natick,
MA, USA) in the “Global Optimization Toolbox” library and was run by entering the following
parameters:

• Fun: objective function, specified as a function handle or function name (in this case the NPV
calculation explained in Section 2.3).

• Nvars: number of variables, specified as a positive integer (for the proposed model it is equal to
3). The solver passes row vectors of length “nvars” to “fun”.

• Lb: lower bounds, specified as a real vector or array of doubles.
• Ub: upper bounds, specified as a real vector or array of doubles.
• Options: options for “particleswarm” function, in particular the swarm size and the maximum

number of iterations.

3.1.1. Topological Characteristics of Railway Line

Figure 5 shows the line: on the x-axis there is the kilometric progressive, while on the y-axis there
is the height above sea level. The green line shows the planimetric profile of the railway line, which
has a length of 75.1 km. Railway stations are highlighted with red circles while the electric substations
along the route are highlighted with blue circles.

Figure 5. Characteristics of the railway line.

Between the arrival and departure stations there are three intermediate stations, as shown in
the Table 3. As can be seen from Figure 5, there are two tunnels on the line, highlighted with gray
rectangles, whose characteristics are shown in Table 4.

Table 3. Position of the stations.

Station Name Progressive (km)

Departure station 0
Intermediate station #1 33.5
Intermediate station #2 52.75
Intermediate station #3 61.05

Arrival station 75.1
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Table 4. Tunnels’ position.

Tunnel Name Length (km) From (km) To (km)

Tunnel #1 5 43.3 48.3
Tunnel #2 1.5 55.2 56.7

Finally, Figure 6 shows the slopes of the line.

Figure 6. Slope of line.

3.1.2. Electrical Characteristics

The line is 3 kV d.c. electrified, according to CEI EN 50163. The contact line consists of two copper
contact wires, each with a diameter of 11.8 mm and a section of 150 mm2. They are supported by
two carrying ropes in copper stranded with 19 wires each with a diameter of 2.8 mm and a section of
120 mm2 and is standardized according to CEI EN 50119, CEI EN 50122-1, CEI EN 50122-2, and CEI EN
50149. Each substation, regulated according to CEI EN 50388, is equipped with two conversion units
of 5.4 MW and a value of 0.13 Ω per unit has been set for the internal resistance. The characteristics
and location of the substations are shown in the Table 5.

Table 5. Substations on the line.

Substation Name Conversion Units Nominal Power (MW) Progressive (km)

Electric substation #1 2 5.4 1
Electric substation #2 2 5.4 16
Electric substation #3 2 5.4 30
Electric substation #4 2 5.4 45
Electric substation #5 2 5.4 60
Electric substation #6 2 5.4 73

3.1.3. Rolling Stock Characteristics

A high-performance train with characteristics similar to the ETR 1000 model of the “Ferrovie dello
Stato Italiane” Group, whose parameters are shown in Table 6, moves in the two opposite directions
following the same speed cycle (Figure 7). The speed limits imposed on the train are highlighted with
a black line. Blue line highlights the speed profile of the train.
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Table 6. Rolling stock data.

Parameter Value

Loaded weight 500 t
Rotating mass coefficient 0.05

Motor efficiency 0.85
Auxiliaries power 400 kW

Full speed 360 km/h
Maximum traction effort 370 kN
Maximum deceleration 0.6 m/s2

Figure 7. Speed cycle of the train.

3.1.4. Timetable

A standard working day has two bands, respectively “peak” and “soft”, divided as follows:

• During the “peak” period, lasting 2 hours, every 7 minutes a train departs from the departure and
arrival stations.

• During the “soft” period, also lasting 2 hours, every 30 minutes a train departs from the departure
and arrival stations.

A standard working day has been divided into eight periods (three peak and five soft), as shown
in Table 7, according to the greatest demand that occurs at the beginning and end of the day.

Table 7. Service hours.

From (hh:mm) To (hh:mm) Band

07:00 09:00 Peak
09:00 11:00 Soft
11:00 13:00 Soft
13:00 15:00 Peak
15:00 17:00 Soft
17:00 19:00 Peak
19:00 21:00 Soft
21:00 23:00 Soft

3.2. Numerical Results

Several simulations are carried out, imposing different upper and lower bounds of the input
variables, for the case study described in Section 3.1 to highlight the strengths and weaknesses of
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the methodology implemented into the software. 20,000 iterations and 25 particles are imposed by
running the proposed algorithm on a device with an Intel®Core™ i7 processor (2.20 GHz, 64 bit),
16 GB of RAM and MATLAB™ R2019b. The economic inputs of ESS based on Li-ion battery, detailed
in [23], are shown in Table 8.

Table 8. Economic inputs.

Parameters Values Unit

Cp 120 €/kW
CE 440 €/kWh
Cf 7.2 €/kW
Cv 0.0011 €/kWh
Cch 0.015 €/kWh
N 20 #years
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For the cost coefficient of electricity (Cch) a flat rate of 0.015 €/kWh has been considered. It is a
realistic value compared to the tariff regime used in Italy for railways.

The variables managed by the program are: position, nominal power and nominal energy; the
position value is chosen from those included between the beginning and the end of the line, the others
are parameterized as shown in Table 9.

Table 9. Input parameters of the optimization algorithm.

Variables of Decision Lower Bound Upper Bound

Position (km) 0 75.1
Nominal power (MW) 0.1 1

Nominal energy (MWh) 0.1 1

The solution found by the optimization:

• NPV: 391,577.59 €
• Payback period: 2.844 years
• ESS’s position: 55 km
• Nominal power: 0.400 MW
• Nominal energy: 0.200 MWh

The solution provided allows to have the maximum possible profit and a relatively short payback
period. Furthermore, making a comparison between the case without ESS and with ESS, less energy
is drawn from the primary network and also a lower impact on the electrical substations, which are,
especially those located in the middle of the line, less stressed, as shown in Figure 8b. Specifically,
being able to count on the possibility of trains to reuse braking energy decreases the energy absorbed
by the primary network by about 34% and the installation of an ESS along the line allows for about a
further 8% less energy drawn. The electrical substations, on the other hand, thanks to the recovery of
braking energy, deliver on average 30% less power (with peaks of over 40% for the substations located
at the limits of the railway line), which is further lowered by about 5% in average (with peaks over 10%
for the mid-line substations) thanks to the presence of ESS.

Moreover, it should be noted that through the ESS the electrical substations and the traction
line are stressed less, with consequent benefits from the point of view of maintenance, aging and
replacement of materials.

Even if it is not one of the specific objectives of the model, the adoption of an ESS along the line
has the further benefit of reducing the system’s energy losses (31 MWh against 32.9 MWh in a standard
working day).
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These aspects allow considerable savings in the long period and increase the advantages that can
be obtained after installation: these are not taken into account by energy savings, but are estimated in
the economic model on which PSO is based, so the solution provided allows to have greater overall
benefits than looking only at the energy aspect.

Figure 8. Graphic software output: (a) Total energy withdrawn from the primary network in a working
day; (b) Power supplied by each substation present on the line.

The operation of the line (timetable) is a fundamental role in the choice of the installation to
be carried out. Using the same network and route characteristics of previous simulation, but with
another timetable (only “soft” periods), it possible to appreciate that a much higher percentage of
energy saving, taken into account ESS, is reached (Figure 9).
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Figure 9. Graphic software output: (a) Total energy withdrawn from the primary network in a working
day; (b) Power supplied by each substation present on the line.

The electrical substations load is more decreased, with benefits from the point of view of
maintenance and replacement, as previously mentioned, which are not directly visible in energy
consumption. Being able to simulate multiple service hours, it can be seen how this characteristic of
the proposed model allows for a more accurate and realistic solution.

To avoid unusable solutions and excessively long and expensive simulation times, it is advisable
to choose numerical ranges that have real ESS sizes and that are not too wide.

A further strength of the software is the possibility of providing more ESSs on the line: in fact, it is
possible to impose a number of accumulators greater than 1 and to obtain the optimal solution from
the software with that specific configuration. A simulation performed by predicting 2 ESSs in line,
with the same ranges of decision variables predicted in Table 8, led to the follow solution:

• NPV: 383,451.71 €
• Payback period: 3.6648 years
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• ESSs’ position: 6 km, 55 km
• Nominal power: 0.100 MW, 0.400 MW
• Nominal energy: 0.100 MWh, 0.200 MWh

The proposed solution involves a lower NPV than the case with only one ESS installed, but looking
at the graphic outputs of the software (Figure 10), comparing the case without ESSs with that with two
ESSs, an energy saving of about 14% is noted (compared to 8% in the previous case). The electrical
substations deliver about 9% less power on average (before it was 5%), with peaks over 15% for the
mid-line substations when 2 ESSs are installed according to the proposed method.

Figure 10. Graphic software output with 2 ESSs on the route: (a) Total energy withdrawn from the
primary network in a working day; (b) Power supplied by each substation present on the line.
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Also, from the point of view of the energy losses of the system, the solution proposed with
two ESSs installed results in lower losses compared to the previous case with only one ESS installed
(29.3 MWh against 31 MWh in a standard working day).

Despite a lower economic return from the installation, i.e. a slightly lower but still positive NPV,
it is possible to lighten the electrical substations and draw even less energy from the network. The user
who manages the software can evaluate the benefits of this solution through the graphic output, that
allows to have all the information, both technical and economic, of the installation to be carried out.

4. Discussion

The results obtained show how the proposed solution allows an effective economic return
on investment. From an economic point of view, also as regards the energy one, it allows savings
percentages comparable to those obtained from [7] and [25], but with the advantage of having stationary
installations that don’t burden the convoys. The PBP turns out to be greater than that found by
our model since in [25] the economic aspect of the problem is a sub-objective, not the main one and
therefore is not maximized.

Compared to other research based on single types of accumulation [16,20,21,23] by varying the
parameters characterizing the different types within the model it is possible to consider different ESSs,
and the different investments can be compared with each other by means of a single value, which is
the NPV.

The use of this parameter also allows, as seen, to evaluate cases with different numbers of ESS
installed, which entail different energy savings (shown to the user) but in any case, comparable from
an economic point of view through the NPV. Comparing different scenarios is a possibility also offered
by [30] but it needs real traffic data: the use of the railway simulator instead allows to simulate
countless traffic scenarios only by knowing the characteristics of the line and those of the rolling stock.
The model takes into account the management of the line and offers different solutions based on its use.

The economic model described in Section 2.3 in the evaluation of the NPV examines the charge
and discharge cycles of the ESS as [24], which bases its optimization on this parameter. The solution
found by our model is therefore based on a greater number of variables and this allows for a more
in-depth and realistic solution.

Further developments in the sector could involve an ever-greater integration between technical
and economic design, using multi-objective optimization to simultaneously maximize or minimize
technical aspects (e.g. energy losses or system receptivity) and economic aspects (e.g. the capital cost
of the investment or the expected economic returns). Modified and more complex models should be
adopted to effectively describe the reciprocal influence between the two aspects mentioned above.

From the point of view of railway safety, many studies [42–49] have recently been conducted
on the safety of the infrastructure and on the effects that accidents and derailments have on it and
on its deterioration. The addition of ESSs on the line involves new variables whose effects should
be deepened.

Furthermore, it would be interesting to be able to compare other solutions, such as on-board
storage systems or the installation of reversible electrical substations, with those found. Common
models should be developed for the different types of proposed solutions in which future technological
developments can also be taken into account.

The proposed methodology can be further developed by providing for the inclusion in the model
of constraints related to the exchange of energy or by inserting a limit on the energy consumed in
order to have lower energy consumption and less stress on the electrical substations. Other solutions
to explore include: the replacement of the PSO with derivative-free algorithms of “pattern search”
type, based on the guided exploration of the feasible region; instead of the railway simulator, use
non-parametric machine learning models derived from the data collected or simulated on the network.
In the last case, it would apply algorithms which use the derivatives and that are more advanced and
efficient for the determination of the optimal solution or one of its good approximation.
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Since the installation of an ESS involves a very expensive investment, the initial choice of the type
of storage is an important problem: in fact, the rates of the economic parameters change according to
the technology used and this means that, for the same installed size, different technologies involve
different costs and therefore also different economic benefits. The proposed methodology allows to take
into account the impact of the various rates, i.e., the various technologies that can be installed, since
the economic model used by the algorithm to calculate the NPV of the system depends on economic
parameters that change according to the technology adopted, therefore by changing the parameters’
values of ESS it is possible to obtain a different economic calculation and a different optimal solution,
depending on the chosen technology.

5. Conclusions

This paper proposes a methodology to determine the optimal siting and sizing of energy storage
systems along railway lines: the results found show how the proposed approach maximizes the
economic return on investment required to install an ESS along a railway line. Using the PSO it is
possible to obtain a faster solution than other meta-heuristic algorithms. Using the NPV and the PBP,
used by the analysis of investments in financial mathematics, it is possible to directly compare two
alternative investments with the same risk profile, thus obtaining a more realistic assessment of the
feasibility and convenience of the installation.

The proposed method can be used for any type of d.c. electrified railway line, it can model
any existing rolling stock and allows to simulate multiple working timetables and the simultaneous
presence of multiple ESSs. In this way it is possible to find the optimal equipment for countless ESSs’
installations located along a railway line through a model that is also easy to use.
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Abbreviations

I0 Capital cost of the ESS (€)
n Generic year during the life of the ESS (-)
N Useful life (in years) of the ESS (-)
Cn Cash flow of the year “n” (€)
In Income of the year “n” (€)
En Expenses of the year “n” (€)
Nd Total days of use of the ESS within one year (-)
Npp Number of peak periods per day (-)
Nsp Number of soft periods per day (-)

Energnoacc_n
Total energy withdrawn from the primary network, without ESSs in the track, in the
year “n” (kWh)

Energwithacc_n
Total energy withdrawn from the primary network, with ESSs in the track, in the year
“n” (kWh)

Energnoacc_day
Total energy withdrawn from the primary network, without ESSs in the track, in one
working day (kWh)

Energwithacc_day
Total energy withdrawn from the primary network, without ESSs in the track, in one
working day (kWh)
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Energnoacc_peak
Total energy withdrawn from the primary network during the peak period, without
ESSs in the track (kWh)

Energnoacc_soft
Total energy withdrawn from the primary network during the soft period, without
ESSs in the track (kWh)

Energwithacc_peak
Total energy withdrawn from the primary network during the peak period, with ESSs
in the track (kWh)

Energwithacc_soft
Total energy withdrawn from the primary network during the soft period, with ESSs in
the track (kWh)

Cch Cost of electricity coefficient (€/kWh)
Cf Fixed costs of the ESS (€/kW)
PBP Payback Period (in years) of the ESS (-)
Pacc Nominal power of the ESS (MW)
Cv Variable costs of the ESS (€/kWh)
Energacc

day Total energy supplied by the ESS in a working day (kWh)
Energacc

peak Energy supplied by the ESS during the peak period (kWh)
Energacc

soft Energy supplied by the ESS during the soft period (kWh)
nCH Average value of the battery charging efficiency (-)
CP Specific cost of battery power (€/kW)
CE Specific cost of battery energy (€/kWh)
Energacc Nominal energy of the ESS (MWh)
Crep Future value of replacement cost (€)
CRP Future value of the battery (assumed to be equal to the capital cost of the battery) (€)
ir Interest rate (-)
LR Battery replacement period (in years) (-)
nbatt Useful life (in years) of the batteries (-)
NPV Net present value
num Number of times the battery must be replaced during the life of the ESS (-)
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