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Abstract: A new applicable safety factor index (SFI) was developed to identify the impact of mechan-
ical stresses and hydrodynamic forces on the potential sanding of a sandstone reservoir. The SFI is
calculated by a fully numerically coupled analysis of the mechanical deformation and hydrocarbon
fluid flow in the sandstone formation via FLAC3D software, Itasca Consulting Group, Minneapolis,
USA. Sand production is commonly ascribed to mechanical failure while the influence of hydrody-
namic forces on sandstone erosion is neglected or underestimated. However, the new SFI enables the
designer to quantify the impact of mechanical and hydrodynamic forces separately on the future
occurrence of sanding. Quantitative comparison is a beneficial tool to choose the most appropriate
layout of the wellbore and perforations. The results demonstrated that hydrodynamic forces may
have a more significant effect on sand production than mechanical stresses. Furthermore, the sanding
process does not necessarily commence at the wellbore wall and may occur at any spot around the
perforations with the highest stress state. The calculated SFI was effectively utilized to reduce the
sand production, an intensely problematic issue in the oil field used here as a case study. The new
SFI can be deployed to design the optimum wellbore and perforation configuration to decrease the
sanding potential in a sandstone formation.

Keywords: wellbore stability; failure; poroelasticity; numerical modelling; sandstone; erosion; fluid
flow; Mohr–Coulomb; shear stress; FLAC3D

1. Introduction

For the prediction of sand production, several physical, analytical, and numerical
models have been introduced so far. Most of the models are based on comparing the
strength of the rock and the effective stress around wellbore or perforation tunnels. It
is assumed that sanding occurs if the strength of the formation is less than the present
effective stress under a cycling loading. Reduction of the shear strength during cyclic
loading has been investigated through numerous studies [1–3].

Early studies on sand production [4,5] demonstrated that sand production happens
when the sandstone components cannot form an arc that is sufficiently stable to prevent
it from collapsing. Morita et al. [6] declared that shear and tensile failure can cause
instability around perforation tunnels. In Veeken et al. [7], triaxial compression and hollow
cylinder collapse tests were carried out to investigate the stability of vertical and horizontal
boreholes and sanding phenomenon.

Vardoulakis et al. [8] put forward the fundamental theory that sand production is a
result of both mechanical and hydrodynamic forces that cause mechanical failure in the
sandstone matrix and erode sand grains, respectively. This was a fundamental hypothesis
and a large number of studies have utilized the sanding criteria on hydrodynamic forces
acting on the failed zones near wellbores and perforations. In Tronvoll et al. [9], the
influence of mechanical instability was investigated together with fluid-induced erosion
on the sanding process. In this study, the hydrodynamic forces, in spite of their relatively
small magnitude compared to the strength of the rock, were found to be a major source of
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significant sand production. Tronvoll et al. [10] developed a fully hydromechanical model
as suggested in Vardoulakis et al. [8] through conducting a coupling analysis of the porous
rock and the internal fluid flow.

With the growth of computers, the prediction of sand production became feasible
through numerical modelling [11], incorporating sand erosion in the sanding process
through numerical modelling. Thus, many researchers have used numerical simulation
as a powerful means to predict the sandstone response under the coupling of mechanical
stresses and hydrodynamic forces [12–17].

Apart from the sheer models for sand production prediction, several analytical ap-
proaches have been recently developed to investigate the mechanical failure mechanism
in different materials. These techniques can contribute to understanding how a physical
crack or fracture is created, and hence, how the subsequent mechanical failure develops
through the substance. For instance, in Pham and Weijermars [18] the time-stepped linear
superposition method (TLSM) was utilized to quantify and visualize the effect of pore
pressure and far-field stress on the orientation of propagating hydraulic fractures in a
poroelastic medium. These findings can be adopted to effectively enhance the fracture
treatment solutions as well as to prevent the development of fracture hits. Furthermore,
from a more complex point of view, Singh et al. [19] incorporated the effect of thermal
loading on the crack propagation in an orthotropic infinite strip under mechanical loading.
This method was based on the concept of the stress intensity factor at the crack tip. Through
analytical solutions [19], the magnitude of this factor was calculated at all spots on an
arbitrary crack face that was propagating under the mechanical loading together with the
thermal stress effect.

In Kim et al. [20], a sanding model was developed in which an analytical force balance
equation was created for a typical sand grain (element) in the numerical model and this
obtained a close match with the laboratory results reported in Nouri et al. [15]. In this
model, the origin of the hydrodynamic force was the pore pressure in the porous part of
the rock. Each element remained in its place if the summation of strength forces was larger
than the hydrodynamic forces tending to detach the element from the matrix. The strength
force was obtained through calculations based on the parameters such as vertical stresses,
cohesive force, and tangential stresses together with frictional forces between sand grains.
The main benefit was that there was no calibration parameter for the sanding calculation.
For instance, there was no need to define an experimental coefficient.

On the basis of the abovementioned theories, a wide range of models have been stud-
ied to identify which parameters are dominant in the sand production process. Amongst
them, numerical simulations have gained popularity because the numerical and analytical
solutions can be easily combined to achieve more precise responses to problems. The use
of only analytical approaches is not acceptable for studying sophisticated large-scale issues
such as sand production in a reservoir. As sanding occurs most prevalently in perforated
wellbores, understanding the combination of such complicated geometrical and boundary
conditions is of paramount importance.

In this research, numerical modelling is utilized to simulate the coupling between
fluid flow and mechanical deformation around a candidate oil well in a sandstone reservoir
situated in an Iranian oil field. The numerical modelling is conducted through the finite
difference software of FLAC3D (Fast Lagrangian Analysis of Continua in 3 Dimensions).
Through numerical modelling, two separate safety factors are defined with regard to
instability of the matrix, and fluid-induced erosion of the grains. The mechanical safety
factor is equal to the ratio of the shear strength of rock to the highest shear stress near the
wellbore and perforations. Regarding the hydrodynamic safety factor, a minimum essential
hydrodynamic force (EHF) is considered as the minimum fluid flow force that initiates
the hydrodynamic erosion in an already mechanically failed zone. The EHF is deployed
to calculate the hydrodynamic safety factor. After determination of the two safety factors
formulas, a safety factor index (SFI) was defined for the sanding potential around the
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wellbore and perforations, incorporating both the mechanical and hydrodynamic safety
factors in a single formula.

In spite of many previous studies that have considered mechanical shear failure as the
initiation condition for sand production, the findings demonstrated that the hydrodynamic
forces must also be taken into account, perhaps even more so than mechanical failure.
Moreover, it was found that the number, length, and configuration of perforations (shots)
can have a remarkable influence on the SFI.

2. Materials and Methods
2.1. Sanding Process
2.1.1. Mechanical Failure

Before drilling a wellbore or any other underground space, the in situ stresses are
in balance. When the drilling operation starts, the stress distribution changes near the
wellbore. To determine the stresses acting on the surrounding rock, a suitable constitutive
model should be selected. The linear elasticity hypothesis for solid materials cannot
provide an explicit explanation of the rock response in the presence of pore pressure.
Thus, the linear poroelasticity hypothesis is frequently used in reservoir geomechanics [20].
According to poroelasticity theory, the highest stress concentration exists at the wellbore
wall, and hence, the potential failure develops from that wall to the further points around
the well. Normal and shear stresses at the wellbore wall are defined as [21]

σr = pw. (1)

σθ = σxx + σyy − 2
(
σxx − σyy

)
cos2θ − 4 τxysin2θ − pw + β(pw − pres). (2)

σZ = σZZ − ν[2
(
σxx − σyy

)
cos2θ − 4 τxysin2θ] + β(pw − pres). (3)

τθz = 2
(
τyzcosθ − τxzsinθ

)
. (4)

where σr is the radial stress, pw is the internal wellbore pressure, σθ is the tangential stress,
σxx is the normal x-direction stress before drilling, σyy is the normal y-direction stress
before drilling, θ is the angle measured clockwise from the σH (maximum horizontal stress)
direction and can be between 0◦ and 360◦, τxy represents the shear stress acting along the
X-Y section, β indicates the poroelastic stress coefficient, pres represents pressure in the
reservoir, σz represents axial stress, ν indicates Poisson’s ratio, τθz is the shear stress in θ-Z
plane, τyz represents the shear stress along the Y-Z section, and τxz represents the value of
shear stress along the X-Z plane. β, σxx, σyy, σZZ, τxy, τxz, τyz an be calculated as

β =
1− 2ν

1− ν
α. (5)

σxx = [σHcos2ω + σhsin2ω]cos2i + σvsin2i. (6)

σyy = σHsin2ω + σhcos2ω. (7)

σzz = [σHcos2ω + σhsin2ω]sin2i + σvcos2i. (8)

τxy =
1
2
(σh − σH)sin2ω cosi. (9)

τxz =
1
2

(
σHcos2ω + σhsin2ω− σv

)
sin2i. (10)

τyz =
1
2
(σh − σH)sin2ω sini. (11)

where α is the Biot coefficient, and σH and σh represent the maximum and minimum
horizontal stress, respectively. In addition, σv represents the vertical stress, ω is the wellbore
azimuth (which can be from 0◦ to 360◦ and is defined as the angle between the σH direction
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and wellbore centerline), and i is the deviation angle of the wellbore (i can be from 0◦ to
90◦ and is measured from the vertical axis, Z, towards the centerline of the wellbore).

During hydrocarbon extraction, the pore pressure adjacent to the wellbore steadily
declines, and consequently, the stress state changes continuously with reservoir depletion.
This is why, in most sandstone reservoirs, sand production builds up gradually during the
wellbore lifetime. Even wells that initially do not show any sign of sanding, eventually
encounter the problem after a production period.

Shear failure is very common as a result of mechanical deformation in the sandstone
reservoir. It may occur when a plane within the rock cannot withstand a larger shear
stress than its shear strength. This phenomenon is prevalent and if combined with tensile
fractures and excessive compressive stresses, it may give rise to instability of the wellbore
wall [22].

In the Mohr-Coulomb rock failure criterion, it is assumed that failure occurs if the
shear stress, τ overcomes the rock’s inherent strength along a weak plane. The inherent
strength consists of two separate forces: frictional force and cohesion force. The magnitude
of the frictional force is calculated as the normal stress σ, multiplied by a constant coefficient
that is defined as the coefficient of internal friction, µ. This coefficient can be calculated as
µ = tanϕ in which ϕ represents the internal friction angle of the rock.

The cohesion force is defined as the force that resists the failure onset along the plane
when there is no normal stress, or, the frictional force to withstand the shear stress acting
on the plane. Therefore, in this condition, a finite force, C, is necessarily still present to
prevent the failure. The parameter C is defined as the rock cohesion.

The abovementioned considerations were incorporated in the Mohr-Coulomb failure
criterion, expressing that failure occurs along a plane if the underlying condition is satisfied:

τ = C + µσ. (12)

Failure will not occur on any plane for which τ < C + µσ. In other words, failure
occurs if 1 ≥ (C + µσ)/τ. A Mohr-Coulomb envelope can be achieved by conducting a set
of confined and unconfined triaxial tests.

Mohr–Coulomb failure criterion can also be explained by the Mohr’s Circle. Figure 1
shows the Mohr’s Circle and Mohr–Coulomb failure line (AL line). If failure occurs, then
the Mohr’s circle becomes tangent to the AL line. This means that for Mohr’s circles that lie
under the AL line, the failure does not occur.

Figure 1. Mohr’s Circle and failure line in Mohr-Coulomb criterion.

Equation (12) can additionally be expressed in several dissimilar but equivalent forms.
The advantage is that in some circumstances, expressing the criterion is more convenient to
analyze the failure problems. Figure 1 shows that under the failure condition, the following
relation can be written

|QP| = (|AO|+ |OQ|) sinϕ. (13)

|QP| = RMohr =
σ1 + σ3

2
− σ3 =

σ1 − σ3

2
. (14)
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|AO| = C× Cotϕ. (15)

The point Q lies in the middle of σ1 and σ3. Hence, the coordinate of Q on the Mohr’s
circle is (τ,σ) = ((σ1+σ3)/2, 0); therefore, |OQ| can be written as

(|OQ|) = σ1 + σ3

2
. (16)

From Equations (13)–(16), we obtain

σ1 − σ3

2
=

[
C× Cotϕ +

(
σ1 + σ3

2

)]
Sinϕ. (17)

In the presence of pore pressure, the term of p is added to the normal stresses, σ1 and
σ3. After simplifying, this gives

σ1 − σ3

2
=

[
C× Cosϕ +

(
σ1 + σ3

2
− p

)
Sinϕ

]
. (18)

Failure does not happen if the right side in Equation (18) is more than the left side as

1 <

[
C× Cosϕ +

(
σ1+σ3

2 − p
)

Sinϕ
]

(
σ1−σ3

2

) . (19)

In the current paper, Equation (19) was used to calculate the mechanical safety factor.

2.1.2. Hydrodynamic Erosion

Sanding is a phenomenon that occurs subsequent to mechanical failure in the forma-
tion rock. The first step is the occurrence of mechanical instability in the rock, followed
by the second step in which the hydrodynamic forces erode the damaged and failed rock
zones. Furthermore, hydrodynamic forces accelerate the rock plasticity, which contributes
to more ongoing mechanical failure.

As a reasonable assumption, sanding does not occur automatically within an intact
unconsolidated rock. The reason is that generally no fluid force can separate sand particles
from the rock matrix. However, in a failed rock, the hydrodynamic force derived from the
fluid flow may detach the grains from the sandstone matrix. This hydrodynamic force is
described in the following section.

As an example, consider a cylindrical wellbore drilled in a sandstone reservoir. As-
sume that a sand grain of radius Rg is pressed in between the adjacent grains at the wellbore
wall (Figure 2). It should be noted that the assumption is that sanding initiates from the
wellbore wall towards the outer points.

Figure 2. Forces acting on a sand grain at wellbore wall.
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Fattahpour et al. [23] carried out a number of laboratory tests on hollow cylindrical
specimens of sandstone to investigate the effect of grain size on sand production. They
concluded that d50 was a critical size as it significantly affected the sanding potential of
the specimens. They observed that for the samples with d50 < 0.3 mm, as the grain size
increased, a less confining stress was needed to initiate the sand production. Nevertheless,
regarding the specimens with coarser grain size, d50 > 0.3 mm, as the grain size increased,
the essential stress increased for sand production.

The essential force for separating the sand grain and pushing it towards the inner
space of the wellbore is equal to the summation of four shear forces and one tensile force at
the grain face. In other words, the shear failure must occur at four contact planes while
tensile failure must happen in the contact plane at the back the sand grain. This can be
written as [24]

Fr = π × Rg
2 ×

(
4C + 2µ

(
σθ
′ + σz

′)+ To
)
. (20)

where C is the cohesion, To is the tensile strength, and µ is the coefficient of internal friction.
Moreover, σθ

′ = σθ and σz
′ = σZ in Equations (2) and (3), respectively. In the next section,

the usage of Equation (20) in the calculation of a hydrodynamic safety factor is described
in detail.

The fluid flow around the sand grain causes a hydrodynamic force to act on the grain
surface. The magnitude of this force can be determined as

Fa = −A ∇p f . (21)

where Fa is the hydrodynamic force acting on the grain (N), A is the cross-sectional area
through which the fluid passes (m2), and ∇p f is the pore pressure gradient (Pa) along the
length of the grain, ∆x (m). The parameter of∇p f along the length of ∆x can be calculated
through the Darcy’s law, which describes the fluid flow in a porous rock. This gives

∇p f = −
→
Q
A
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k
)
→
Q∆x. (23)

From Equation (23), it can be deduced that as the fluid flow rate increases, the hydro-
dynamic force acting on the grain increases. In this paper, the hydrodynamic safety factor
is calculated by using Equations (20) and (23).

2.2. Definition of the Mechanical-Hydrodynamic SFI

In most cases, mechanical failure in sandstone around the wellbore and perforations
does not automatically give rise to considerable sand production. However, as a time-
dependent phenomenon, sanding may occur in the future life of the wellbore. Pore pressure
gradients cause more stresses and deformations around the failed areas that have met
the failure criterion. Together with the mechanical failure, sand erosion is also needed to
prepare the conditions whereby sand particles can be removed from the failed parts and
transported away to the wellbore inner space and ground surface.

When the onset of an unacceptable phenomenon such as mechanical shear failure or
hydrodynamic erosion of sand grains is investigated, the safety factor can be expressed
as the division of the strength features of the rock over the actively contributing stresses.
Conventionally, a safety factor larger than one indicates allowable circumstances.



Energies 2021, 14, 3130 7 of 14

Additionally, in this study, a safety factor index (SFI) is defined to quantify the
sandstone potential for sand production. This SFI is defined as

SFI = Minimum
(

SFMech , SFHyd

)
. (24)

where SFMech is the safety factor for mechanical shear failure in the sandstone matrix and
SFHyd is defined as the safety factor for hydrodynamic erosion of sand grains. The reason
for choosing the minimum safety factor for SFI is that the nature of SFMech is different from
SFHyd. Hence, the definition of any more developed relations between those two quantities
requires a comprehensive study of sand production with real field data. SFMech can be
calculated through Equation (19) as

SFMech =
τMohr
τMax

=

[
C× Cosϕ +

(
σ1+σ3

2 − p
)

Sinϕ
]

(
σ1−σ3

2

) . (25)

In this paper, the values of σ1 and σ3 are obtained directly from the numerical simula-
tion results. SFHyd can be calculated through Equations (20) and (23) as

SFHyd =
Fr

Fa
=

π × Rg
2 × (4C + 2µ(σθ

′ + σz
′) + To)(
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Combining Equations (24)–(26) gives

SFI = minimum [
C× cosϕ + sinϕ

(
σ1+σ3

2 − pw

)
(

σ1−σ3
2

) ,
π × Rg

2 × (4C + 2µ(σθ
′ + σz

′) + To)(
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k

)→
Q ∆x

]. (27)

This equation was utilized to quantify the potential for sanding in terms of the SFI.

2.3. Case Study and Numerical Modelling

To evaluate the new SFI and conduct numerical modelling, a candidate oil well drilled
in an Iranian sandstone reservoir was selected as the case study. The well was reported to
produce a high amount of sand grains during production. To determine the microstructure
of the sandstone reservoir, coring operations were performed and sieve analysis was
conducted. The results indicated that the samples mostly fall within the range of 1–4 Phi
or medium to fine-grained sand (Phi = −Log2d, where d is the grain diameter in mm).
Therefore, it can be concluded that most samples are fine to medium-grained sand size.
The size of the sand grains has a substantial impact on their movement in channels such
as perforations or fractures [25]. For instance, in hydraulic fracturing, only sand grains of
a limited range of size and shape are effective as a proppant. The structure of grains can
contribute to their movement in fractures or any channel such as perforations [26].

The necessary data include in situ stresses, reservoir properties, wellbore and perfo-
ration geometries as well as the casing properties gathered during the seismic surveys,
drilling operation, completion period, laboratory tests, etc. Table 1 illustrates the data used
to model the reservoir, wellbore, perforations and casing in FLAC3D. The input parameter,
the mobility coefficient is defined as the coefficient of the pressure term in Darcy’s law. It is
related to the permeability, k, as

m.c. =
k

Energies 2021, 14, x FOR PEER REVIEW 6 of 14 
 

 

 
Figure 2. Forces acting on a sand grain at wellbore wall. 

The essential force for separating the sand grain and pushing it towards the inner 
space of the wellbore is equal to the summation of four shear forces and one tensile force 
at the grain face. In other words, the shear failure must occur at four contact planes while 
tensile failure must happen in the contact plane at the back the sand grain. This can be 
written as [24] 𝐹  = 𝜋 × 𝑅ଶ × (4𝐶 + 2𝜇(𝜎ఏᇱ + 𝜎௭ᇱ) + 𝑇). (20) 

where C is the cohesion, To is the tensile strength, and 𝜇 is the coefficient of internal fric-
tion. Moreover, 𝜎ఏᇱ = 𝜎ఏ and 𝜎௭ᇱ = 𝜎 in Equations (2) and (3), respectively. In the next 
section, the usage of Equation (20) in the calculation of a hydrodynamic safety factor is 
described in detail. 

The fluid flow around the sand grain causes a hydrodynamic force to act on the grain 
surface. The magnitude of this force can be determined as 𝐹  = −𝐴 𝛻𝑝. (21) 

where 𝐹 is the hydrodynamic force acting on the grain (N), 𝐴 is the cross-sectional area 
through which the fluid passes (m2), and 𝛻𝑝 is the pore pressure gradient (Pa) along the 
length of the grain, ∆𝑥 (m). The parameter of 𝛻𝑝 along the length of ∆𝑥 can be calcu-
lated through the Darcy’s law, which describes the fluid flow in a porous rock. This gives 𝛻𝑝 = − ொሬ⃗  ŋ ∆𝑥. (22)

where 𝛻𝑝 is the pore pressure gradient in the length of ∆𝑥, 𝑄ሬ⃗  (m3/s) represents the fluid 
flow rate, 𝐴 is the cross-sectional area through which the fluid flows, 𝑘 is the rock per-
meability (m2), and ŋ is the dynamic viscosity of the fluid (N.s/m2). A combination of 
Equations (21) and (22) gives 𝐹  = (ŋ )𝑄ሬ⃗ ∆𝑥. (23) 

From Equation (23), it can be deduced that as the fluid flow rate increases, the hydro-
dynamic force acting on the grain increases. In this paper, the hydrodynamic safety factor 
is calculated by using Equations (20) and (23). 

2.2. Definition of the Mechanical-Hydrodynamic SFI 
In most cases, mechanical failure in sandstone around the wellbore and perforations 

does not automatically give rise to considerable sand production. However, as a time-
dependent phenomenon, sanding may occur in the future life of the wellbore. Pore pres-
sure gradients cause more stresses and deformations around the failed areas that have 
met the failure criterion. Together with the mechanical failure, sand erosion is also needed 
to prepare the conditions whereby sand particles can be removed from the failed parts 
and transported away to the wellbore inner space and ground surface.  

. (28)

where m.c. is the mobility coefficient (m2/(Pa.s)), k is permeability (m2) of the sandstone
and,
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Table 1. Data used in numerical simulation.

Object Property Unit Value

In situ stresses
σv MPa 49
σH MPa 42
σh MPa 40.6

Reservoir

Dry density kg/m3 2300
Cohesion MPa 6.38

Friction angle degree 30
Young modulus GPa 14
Bulk modulus GPa 14.58
Shear modulus GPa 8.333
Poisson ratio - 0.34

Tensile strength MPa 14
Porosity % 8.08

Oil density kg/m3 700
Mobility coefficient m2/(Pa.s) 10−15

Biot coefficient - 0.5
Pore pressure MPa 20.6

Biot bulk modulus GPa 160
Saturation degree - 1

Wellbore Diameter cm 21.6

Perforations
Perforation spacing cm 6

Perforation diameter cm 1.7

Casing

Young modulus GPa 200
Poisson ratio - 0.3

Thickness cm 1
Density kg/m3 5000

The features that depend on the fluid type such as the Biot coefficient and Biot bulk
modulus are very important in the response of porous sandstone to the active stress state.
However, the measurement of these properties, which is often conducted by the acoustic
velocity measurement apparatus, needs to set the temperature and pressure equal to the real
conditions of the reservoir [27]. Reaching these temperatures and pressures is frequently
difficult because of the limitations of the laboratory apparatus.

FLAC3D software allows users to conduct a fully coupled analysis between mechanical
deformation and fluid flow within the reservoir. In FLAC3D, a full fluid-mechanical
coupling occurs in two directions: changes in pore pressure bring about volumetric strains
that affect the stresses; reversely, the straining that occurs influences the pore pressure [28].

Modelling a wellbore with a group of relatively small perforations needs to increase the
number of fine elements in the grid. This makes the numerical simulation time-consuming
and demanding, particularly in 3-dimensions. In FLAC3D, it is feasible to densify the grid
only around the wellbore and perforations so that the size of the elements is close to the
size of sand grains. This contributes to determining how the deformations occur in a much
more precise way.

First, a grid was constructed according to the real geometry of the sandstone layer,
wellbore, and perforations. The sandstone formation lies between a depth of 2328 m
and 2366 m. Thus, the depth of the numerical mesh grid was chosen as 38 m. The
wellbore is vertical and its diameter is 21.6 cm. Additionally, the perforations were created
perpendicular to the wellbore vertical axis. The direction of the perforations was assumed
to be parallel to the maximum horizontal stress, σH . The diameter of the perforations
was 1.7 cm and they were initially created with a vertical spacing of 6 cm from each other.
Figure 3 illustrates the generated grid for a typical 5 m of sandstone formation. The scale
of the perforations is not graphically accurate; they have only been magnified here for a
better view.
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Figure 3. Grid for 5 m of sandstone formation.

After creating the grid and assigning the needed properties, the models were run and
the results were obtained. Through several numerical simulations, the direction of the
perforations, their spacing from each other, and their length were changed to monitor the
configuration effects on the stability of perforations and sand production.

3. Results

Apart from the magnitude of the in situ stresses, their direction is also a key parameter
in wellbore and perforation stability [29]. In the real oil field, the wellbore was vertically
drilled, and the perforations were created parallel to the direction of σH. The geometry of
the perforations was 20 cm in length, 1.7 cm in diameter, with a space of 6 cm between
their centers. This actual configuration was used initially for the numerical modelling in
FLAC3D software. For this real configuration, the results showed that ongoing instability
occurred in the second half of the perforation length. In this case, the mechanical safety
factor was calculated as 0.98 while the hydrodynamic safety factor was computed as 1.
Hence, the SFI obtained was 0.98, indicating that sand production is inevitable in the real-
field perforation configuration. Hence, the obtained SFI confirmed the reported sanding
issue in the candidate wellbore.

To achieve an optimal SFI, several numerical models with different perforation con-
figurations were simulated and run. Table 2 displays the corresponding values for the
mechanical safety factor, hydrodynamic safety factor, and SFI for different models, re-
garding both σH and σh directions. The obtained values for the real-field case have been
marked with an asterisk (*). For all cases, the perforation diameter is constant and equal
to 1.7 cm. These results are also shown in Figure 4 (solid lines and dashed lines represent
the results for perforations parallel to σH and σh, respectively). According to this figure,
when the perforation geometry is the same, a higher SFI is obtained if the perforations
are created parallel to σh rather than the σH direction. The maximum SFI is 1.48 and is
related to perforations with L (length) = 10 cm, D (diameter) = 1.7 cm, S (spacing) = 8 cm
and parallel to σh. On the other hand, the lowest SFI is 0.8 and is associated to perforations
with L = 10 cm, D = 1.7 cm, S = 4 cm and parallel to σH. Additionally, it is evident that as
the spacing between the centers of perforations increases, the SFI values become larger.
However, for a perforation length more than 20 cm, the SFI does not change remarkably.
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Table 2. SFMech, SFHyd and SFI for different perforation geometries and orientations; the numerical results for the real-field
perforation configuration is marked with an asterisk (*).

Perforations Spacing
(cm)

Perforations Length
(cm)

Perforations Parallel to σH Perforations Parallel to σh

SFHyd SFMech SFI SFHyd SFMech SFI

4
10 1.14 0.80 0.80 1.20 1.10 1.10
20 1.00 1.18 1.00 1.01 1.07 1.01
40 1.00 1.04 1.00 1.00 1.02 1.00

6
10 1.15 1.68 1.15 1.21 1.51 1.21

20 * 1.00 * 0.98 * 0.98 * 1.00 * 1.35 * 1.00 *
40 1.01 1.08 1.01 1.05 1.29 1.05

8
10 1.30 1.20 1.20 1.48 1.61 1.48
20 1.02 1.52 1.02 1.00 1.53 1.00
40 1.00 1.42 1.00 1.03 1.29 1.03

Figure 4. SFI values vs. different geometry and orientation of perforations.

Figure 5 demonstrates the minimum essential hydrodynamic force (EHF) to initiate
the sanding process in cases of different length and spacing for perforations parallel to the
σH (solid lines) and σh (dashed lines). This force was calculated by using Equation (20) at
any point on the perforation wall that had the most crucial displacement towards the inner
space of the perforation. Because the area of the mesh elements (the term of π × Rg

2 in
Equation (20)) was identical for all grid zones, the force, Fr, was shown in MPa (stress).

According to Figure 5, for perforations parallel to the σh, the value of the minimum
essential hydrodynamic force for grain erosion is higher than perforations parallel to the σH.
This means that in this case, the perforations undergo the minimum hydrodynamic erosion
of the sand grains. In addition, as the spacing between perforation channels decreases,
the minimum hydrodynamic force for sanding onset declines. When the perforations are
created and the middle intact sandstone parts that separate the perforations from each
other are formed, the distribution of stresses in these parts are changed as a result of
perforation creation. If the thickness of those middle parts is inadequate, the induced
stresses of the upper and lower perforations may combine negatively, and hence, lead to
larger deformations and instability. Furthermore, the thinner parts are more likely to be
eroded hydrodynamically as a result of being subjected to fluid flow forces streaming in
both the upper and lower perforations.
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Figure 5. Essential hydrodynamic forces for sanding onset.

On the other hand, the maximum resistivity of the sandstone with sanding is when
the perforation length is equal to the wellbore radius, Rw. If the perforation length is
more than 2Rw, the essential hydrodynamic force does not change significantly. More
numerical models showed that the crucial distance of the wellbore wall is 2Rw. Hence,
if the perforation has a length more than 2Rw, the maximum displacement and stress
concentration occurs at this point.

The effect of hydrodynamic forces can also be depicted from the fluid flow rate point
of view. Figure 6 demonstrates the flow rate at the weakest point on the perforation wall
for all different perforation configurations parallel to σH (solid lines) and σh (dashed lines).
When the perforation length is equal to 10 cm and the spacing is 8 cm, the minimum flow
rate, and hence, with a constant cross-sectional area, the minimum flow velocity is achieved.
From Figures 5 and 6, it can be determined that the optimal case for perforations with the
lowest potential for sand erosion and flow rate is L = 10 cm, S = 8 cm, and parallel to σh.
This configuration was implemented by the drilling company in the drilling operation
of the new wellbores in the field. These improvements have contributed to adequate
prevention of sanding occurrence in the field.

Figure 6. Fluid flow rate vs. perforation length.
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4. Discussion

From the results, it can be determined that as the unconsolidated reservoir has a weak
sandstone formation, the hydrodynamic erosion seems to have a more critical impact on
the degradation of the sandstone matrix and sand production. This confirms the results
found by [30] regarding the sand production around the perforations in a weak sandstone
reservoir. This study found that weak rocks can be easily eroded and decemented by
hydrodynamic forces, while strong rocks show localized failure, which leads to bigger
chunks of sandstone that cannot be simply eroded.

Regarding the effect of perforation direction, Knez et al. [31] suggest avoiding perforat-
ing in the direction parallel to the σh. They stated that in this case, perforation tunnels are
subjected to larger values of compressive stresses, and therefore, higher potential of degra-
dation and sanding onset. However, in this study, it was discovered that the perforation
tunnels are more stable and have less potential for sanding onset when they are perforated
parallel to the σh. The reason is that the in situ stresses, which are determining factors in
the mechanical stability of the rock, may play a less important role when compared with
the hydrodynamic stresses, especially in weak and unconsolidated formations. This is
where the SFI can explain the different response of sandstone in the presence of different in
situ stress regimes, sandstone physical and mechanical properties, poroelastic properties,
and wellbore–perforation configurations.

Furthermore, the current numerical models showed that no sanding onset occurs at the
perforation tip. This result confirms the findings in [5] where a failure model of a cylindrical
wellbore and perforations was developed through experimental tests to investigate the
sand production process. By conducting a large number of laboratory experiments on
sanding onset, it was determined that sand production occurs less at perforation tips in
comparison to perforation walls.

The parameters that were used to calculate the SFI can be determined through field or
laboratory experiments. Because the nature of the mechanical and hydrodynamic safety
factors are different, a comprehensive field study is suggested to investigate the relation
between these safety factors. Such a study will need to consider many variables and
find the effect of each parameter on the rest. For instance, stress cycling derived from
production and injection is of paramount importance in fluid flow through the fractures or
channels [32]. Moreover, some properties of sandstone probably have a greater influence
on mechanical failure, fracture propagation, or sand erosion [33]. The effect of such
contributing factors on sand production can be investigated through several methods such
as the Monte Carlo simulation approach [34]. This approach is useful for conducting a
sensitivity analysis on the basis of regular uncertainty in the input parameters [35].

Furthermore, as a very new approach, it is suggested that proxy models are utilized
to simulate complicated reservoir problems such as sand production. The proxy model
for sand production can be developed by petroleum engineers who are familiar with
numerical modelling and machine learning approaches. In this case, a combination of
machine learning codes and numerical equations can solve large-scale oil or gas field
problems significantly faster than in the past [36].

5. Conclusions

To evaluate the sanding potential of a sandstone formation, it is important to take into
account both the hydrodynamic forces and mechanical stresses. The new SFI can be utilized
to quantify the sanding potential in a reservoir through the calculation of mechanical safety
factor and hydrodynamic safety factor. Furthermore, using the new SFI, one can investigate
the influence of frequency of shots, the length of perforations, wellbore geometry, and
trajectory on the sand production in a sandstone reservoir.

The results illustrate that the SFI in an unconsolidated sandstone reservoir depends
more on the hydrodynamic safety factor than the mechanical safety factor. In other words,
the hydrodynamic forces play a more important role in the sanding process when they are
compared to mechanical stresses in such reservoirs. In addition, the sanding that happened
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at the perforation walls and no sanding onset was observed at the perforation tip and
perforation portal. In the current study, it was found that a higher SFI is achieved when
perforations are conducted parallel to σh in comparison to σH. In addition, to achieve the
minimum potential for sand erosion, the diameter, length, and spacing of the perforation
tunnels were proposed as 1.7 cm, 10 cm, and 8 cm, respectively. These improvements
have currently been adopted by the drilling company in the development phase of the
new wellbores in an Iranian oil field. Recent surface measurements of the solid particles
verified that the recent modifications have successfully led to a highly economic shift
from the previous continuous sanding to transient sand production whereby the produced
sand decreases with time and is temporarily present in the clean-up process after the
perforating operations.
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