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Abstract: The growing demand for electrical energy and the impact of global warming leads to
a paradigm shift in the power sector. This has led to the increased usage of renewable energy
sources. Due to the intermittent nature of the renewable sources of energy, devices capable of storing
electrical energy are required to increase its reliability. The most common means of storing electrical
energy is battery systems. Battery usage is increasing in the modern days, since all mobile systems
such as electric vehicles, smart phones, laptops, etc., rely on the energy stored within the device
to operate. The increased penetration rate of the battery system requires accurate modelling of
charging profiles to optimise performance. This paper presents an extensive study of various battery
models such as electrochemical models, mathematical models, circuit-oriented models and combined
models for different types of batteries. It also discusses the advantages and drawbacks of these
types of modelling. With AI emerging and accelerating all over the world, there is a scope for
researchers to explore its application in multiple fields. Hence, this work discusses the application of
several machine learning and meta heuristic algorithms for battery management systems. This work
details the charging and discharging characteristics using the black box and grey box techniques
for modelling the lithium-ion battery. The approaches, advantages and disadvantages of black box
and grey box type battery modelling are analysed. In addition, analysis has been carried out for
extracting parameters of a lithium-ion battery model using evolutionary algorithms.

Keywords: electrochemical models; mathematical models; circuit-oriented models; black box mod-
elling; grey box modelling

1. Introduction

The lifetime of any battery depends on its physical properties. The aging of battery
cells is also nonlinear. A battery’s lifetime cannot be extended by minimising the power
consumption at a particular point. Rather, it depends on the way the power is consumed,
as well as current extraction patterns and current levels. Moreover, continuous drawing
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of high current inhibits the residual capacity [1]. Battery Management system (BMS) are
essential to ensure the safe, fail-safe and efficient operation of batteries.

The main function of battery management systems is ensuring the safe operation
of a battery, controlling a battery’s charge and discharge process, cell balancing, over
temperature protection and estimating the state-of-charge (SoC) by measuring voltage,
current and temperature. BMS monitors the conditions and state of the battery such as SoC,
state-of-health (SoH), Depth of Discharge (DoD) and operating temperature [2,3]. However,
these states are to be inferred from the state estimators that depend on the battery model.
Therefore, the modelling of a battery becomes an important role in studying, estimating or
predicting the real-time operation of the battery.

1.1. Significance of Battery Modelling

The mathematical modelling of a battery is significant because of the following reasons:

(i) Development of efficient BMS.
(ii) Key in the improvement of charging/discharging techniques and the enhancement of

battery capacity.
(iii) Need to capture the influence of power consumption on the battery.
(iv) To prevent serious damage to batteries from overcharging or over-discharging.
(v) Faster and safer way to study battery behaviour under different operating conditions.
(vi) Identifying the operating limits that achieve best lifetime for specific applications.

1.2. Contributions of the Proposed Study

This paper examines numerous battery models for various types of batteries, including
electrochemical models, mathematical models, circuit-oriented models and combination
models. There is a lot of scope for researchers to investigate the deployment of Artificial
Intelligence in a variety of disciplines as it emerges around the world and makes laborious
tasks easier. As a result, the applications of numerous machine learning and meta-heuristic
methods for battery management systems are discussed in this paper. Furthermore, using
evolutionary algorithms, a study was conducted to extract parameters from a lithium-ion
battery model.

2. Types of Battery Modelling

A wide variety of battery models have been developed with differing complexities
which can be useful in various application areas [4–10]. According to the degree of physical
insight, battery models can be differentiated into three levels, viz., white box model (e.g.,
electrochemical model), grey box model (e.g., circuit-oriented model) and black box model
(e.g., artificial neural network (ANN) model) [11]. An important factor in the modelling
of a battery is the estimation of battery parameters. Different modelling strategies for
extracting the battery parameters are electrochemical, mathematical, circuit-oriented and
data-driven [12,13].

The average lifetime of a battery is determined from its degradation capacity from its
initial value. In particular, if the batteries are employed for electric vehicle applications, the
lifetime of the battery is reduced due to acceleration and braking, which requires ten times
more power than the required average power. To overcome this drawback, it is advised not
only to improve the required specific energy but also to model a battery using optimisation
techniques to improve efficiency and reliability. The average battery efficiencies of cells
such as Li-ion and LiFePO4 are 92% and 95%, respectively [14]. The Depth of Discharge for
both type of cells is 80%. The modelling of any battery affects the efficiency of the battery
to a great extent.

2.1. Electrochemical Modelling of a Battery

Battery chemistry can be extensively described by electrochemical modelling, thus
making these models precise. They rely on electrochemical reactions that take place in
the electrodes and the electrolyte deployed. Various chemical reactions that happen in-



Sustainability 2021, 13, 10042 3 of 26

side the battery can be depicted using a set of non-linear differential equations [2]. The
difficulty of identifying the physical parameters of the fundamental electrochemical-based
Doyle–Fuller–Newman (DFN) battery model was studied by Joel C. Forman [15]. Doyle,
Fuller and Newman proposed a Pseudo-Two-Dimensional (P2D) model and addressed
complex mechanisms using a group of partial differential equations and algebraic equa-
tions [16–18]. Meng showed that the Single Particle Model (SPM) is simpler than the P2D
model as it uses fewer parameters [19], but its use is restricted to low current densities.

The dynamic working of a battery can be expressed in terms of the electrochemical
principles that it works on. This method of representation is known as electrochemical
battery modelling, whereby the effect of the various electrochemical reactions taking place
in the cell on the cell potential are written in the form of a set of partial differential equations.
This involves the combining of electrochemical mechanisms and electrical principles to
obtain suitable and efficient models that describe a system. These models are known to be
advantageous as they are a true representation of what occurs in the cell and are known to
be very accurate. Most of the current models relate mass transfer phenomena (such as solid
diffusion) and current laws (Ohms law). Another approach is to couple thermal equations
to the electrochemical equations. However, without any simplification, models of this
complexity can only be solved using powerful computational tools and methods such as
Computational Fluid Dynamics (CFD) frameworks. Thermal coupled models have recently
been developed that are suited to evaluate the model functioning in Indian tropical climatic
conditions [20]. Control-oriented thermal-electrochemical modelling and validation of
large-size prismatic lithium batteries have also been recently conducted for commercial
applications [21].

One of the first uses of electrochemical modelling was in dealing with nonlinear sys-
tems. Nonlinear systems often involve partial differential equations with various unknown
variables and become hard to solve. Thus, in an attempt to gain clarity, electrochemical
principles were incorporated and the number of variables in the formed partial derivate
was seen to reduce, making this method appreciable in solving nonlinear battery modelling
systems. DC nonlinear battery behaviour has been expressed in electrochemical battery
modelling methods right from the late 1990s. The research involved realising the voltage-
source SPICE model, which implements the electrochemical equations using behavioural
sources and integrates the short-term linear impedance behaviour, with the long-term
nonlinear DC resistance behaviour [22].

Let us take the case of a lithium-ion battery. One of the most commonly used batteries,
their performance is greatly influenced by various factors. In order to simulate and predict
the battery effectively, it is important to use reasonable model of lithium-ion battery. This
model must be able to factor in the various parameters that affect its working, which are
ultimately dependent on the electrochemical working and characteristics of the battery.
Thus, electrochemical models have been used as all the parameters used in these models
have a clear physical measurable significance. This battery has been represented by three
models, namely the P2D model, SP model and extended SP model. P2D model can describe
the internal and external characteristics of lithium-ion battery at the same time. Proposed
by J. Newman, M. Doyle and T.F. Fuller, this model deals with the behaviour of lithium
ions in the process of charging and discharging and describes the behaviour of lithium
ions in detail. It is mainly used in the electrode analysis of LiCoO2 material. However,
this model is characterised by partial differential equations and nonlinear algebra, with
many iterations.

In order to simplify calculations, the SP model was developed for the condition of
low-rate charge and discharge. This model makes the assumption of even distribution and
concentration of lithium ions in the liquid phase everywhere in the battery and also assumes
that the electric potential of the solid phase is constant in the electrode. Compared with
the P2D model, the SP model has fewer solving equations, fewer parameters and higher
solving efficiency. However, this oversimplification reduced the accuracy of the model.
In order to deal with these shortcomings, an extended SP model was developed, in which
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liquid phase diffusion and heterogenous reactions were considered. While the SP model
simplifies the P2D model by virtually eliminating the partial differential equations that
deal with liquid phase diffusion and also simultaneously reduces the electrode to a single
particle of consideration, the extended SP model further simplifies the electrode into a single
active particle but no longer directly solves the partial differential equation by iteration,
but uses curve fitting or approximate solution to process the partial differential equation.
Although the complexity of the model has increased by this process in the computation of
an extended SP model, the actual computational efficiency has not decreased too much
due to the avoidance of iterative solving [23].

Though there are numerous electrochemical models available and developed, it is
almost recommended to study the battery and come up with an accurate model that is able
to describe the system in depth. An example of developing an electrochemical model has
been explained by a recent research discussed further on. A novel composite battery model
can easily be made using various known electrochemical battery models. For the composite
battery model developed by [24], the State of Charge of the battery was considered as a
state variable ′x′ in the system, ′x′k denoting the number of the state vectors present in the
system. The output voltage of the battery was expressed as yk. The composite model is
built based on three different electrochemical models as follows:

Shepherd model:

yk = E0 − R·ik −
K1

xk
(1)

Unnewehr universal model:

yk = E0 − R·ik − (K2·xk) (2)

Nernst model:

yk = E0 − R·ik + (K3· ln(xk)) + (K4· ln(1− xk)) (3)

In order to frame Equations (1)–(3), the reactions occurring at the anode and cathode
of the battery and the electrolyte ion transfer process are considered and these empirical
simplified equations were evaluated, instead of the conventional partial differential equa-
tion formation strategy [24]. The electrochemical models of Equations (1)–(3) reflect the
relationship between the terminal voltage and the SoC (xk). R is the internal resistance
(Ohmic resistance) and changes with the charging/discharging state of the battery (Rik).
K1/xk from Equation (1) and K2·xk from Equation (2) reflect the polarisation resistances of
the battery [24]. K3·ln (xk) and K4·ln (1 − xk) from Equation (3) represent the influence of
the internal temperature and material activity during the electrochemical reaction of the
battery, respectively [24]. Combining these equations, the model developed is as follows:

xk+1 = xk −
(

ηi·∆t
ηT ·Qn

)
·ik (4)

While the above equation is used to describe the state equation based on the composite
battery mode, the output voltage was expressed as:

yk = K0 − Rik −
Ki
xk
− K2xk + K3· ln(xk) + K4· ln(1− xk) (5)

where K0 was used to describe the Open Circuit Voltage (OCV) voltage of the battery,
which was not accounted for in Equations (1)–(3) [24]. This shows that the mere adding up
of known models would not be possible in the framing of these models, and experimental
data are needed. With the help of the data that are derived, a relevant model is developed.
The importance of empirical formulation of these models is thus stressed in this example.

Electrochemical models have also been used in the battery modelling of electric
vehicles. A specialised set of differential equations are used to work on these models,
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which are based on diffusion, as discussed earlier. Ref. [25] describes various types of
electrochemical modelling that are currently carried out in electric vehicles. The study also
explained the ways to compute these equations using various numerical techniques. The
conventional analytic method is used to find an exact solution using Eigen function series
expansion or Laplace transform methodologies and solve the partial differentials described
earlier. Two approximation models have been developed, namely Pade’s approximation
model and the integral approximation model. Pade’s approximation model is used to
expand the infinitely differentiable hyperbolic functions in a power series at the origin. The
integral method forms a distribution across the cell for the distributed variable of interest
and converts the partial differential equations into ordinary differentiation equations, thus
making them easier to compute. The finite element method involves approximating the
response over subdomains and then developing transfer functions or state-space equations
for the nodal dynamics. A subset of this analysis in which convergence is not guaranteed
but simplicity is achieved is the finite differential method. The Ritz method of evaluation
works over domains such as Fourier series with sinusoidal functions. These are just few of
the many techniques that can be used.

Summarising, there is no doubt that good electrochemical battery models serve as
some of the most accurate among battery models, due to the very fact that they can
mathematically explain key behaviours of a battery at the microscopic scale based on the
basis of chemical reactions occurring inside the battery in the liquid phase and in the
electrode. Considering accuracy as the most important aspect of modelling, these models
are excellent and can be used to complement experimental data for evaluation of other
models. One advantage of electrochemical models over real data is that internal states are
fully observable, allowing ‘virtual measurements’ of quantities that cannot be measured in
practice. They are able to even record the changes caused by temperature changes. As these
temperature changes result in different responses from an electrochemical perspective,
these models can account for fluctuations and changes in temperature [26].

Although these electrochemical models have high precision, the highly detailed de-
scription presents complex model structures which are tedious to configure and have
low-speed operation. A set of partial differential equations are required to depict the ion
diffusion phenomena, mass and charge balance, ion distribution and temperature effects
and hence, these models become too complicated. Analytical solutions do not exist for
such models and parameter identification is very challenging in this type of approach.
Thus, their suitability for real time battery management in hybrid electric vehicles is not
promising [27]. Some researchers have simplified and proposed a series of simplified
models in order to improve practicality at the risk of model accuracy [15,28].

2.2. Mathematical Modelling of a Battery

Based on the Shepherd discharge model, mathematical models are mainly developed
to predict system-level behaviour. Empirical equations or math-based stochastic models are
used in mathematical models, which only evaluate the charge recovery effect and ignores
all other factors. The number of equations is reduced and simplified compared to the
electrochemical model [29]. These models monitor the non-linear relationship between the
real-time operation of the battery and the discharge rate without considering the recovery
effect [7,30]. The use of mathematical models is very low, because the relation with the
parameters of the model and I-V characteristics is not sufficient [16].

Shepherd discharge model, modified Shepherd discharge model and linear regression
are the common strategies used to extract the battery parameters. However, they are able to
represent only the pulse discharge. Many typical mathematical battery models are regarded
to function only for specific applications and produce results with 5–20% error [6].

2.3. Circuit-Oriented Modelling of a Battery

The aforementioned mathematical and electrochemical models are based on the high-
level representation of the battery with analytic expressions based on physical laws. Conse-



Sustainability 2021, 13, 10042 6 of 26

quently, these models are computationally complex and tailored to predict only individual
behavioural aspects of the battery [31]. Circuit-Oriented Models (COM) are electrical equiv-
alent models. Shuhui presented a comparison between COM and a mathematical model [6].
It is found that the performance of a Shepherd mathematical model derived from solving
a system of equations or a regression technique varies for different battery types and is
affected by a predefined function. So, it results in a badly deteriorated performance for the
extracted battery model. Of all the battery models, COM are most suitable to represent the
features of the battery [6,32]. There have been primarily five subclasses of COM: simple
models, Thevenin-based models, impedance-based models, runtime-based models and
combined models [33].

Simple models are resistance models that use an ideal voltage source and an internal
resistance to represent the battery and they do not take into account charging/discharging
rates, SoC and nonlinear effects. There is another impedance model called war burg
impedance model in which the parameters are determined using a complicated Electro-
chemical Impedance Spectroscopy (EIS) method. Here, each component of the circuit is
related to an electrochemical process of the battery and thus provides a good description of
its internal behaviour. Since the complex impedance elements cannot be easily approxi-
mated by RC elements, the conversion of these models from the frequency domain to the
time domain becomes complex. Therefore, the capability of these models to match the
complex transient features of the battery is also limited. In addition, these models work
only at fixed SoC values [31].

The runtime-based models use coupled electrical networks and look-up tables to
determine SoC, battery runtime, cell voltage and thermal characteristics. They simulate the
battery lifetime and voltage during the continuous current discharge process with reason-
able accuracy, but they could not present good results when simulating variable current
discharges due to their low precision modelling of transient battery characteristics. These
models are substantially complex and inaccurate in predicting battery characteristics [24].

Thevenin subclass models provide the transient responses of the battery using resistor–
capacitor (RC) networks [11,31], and these models are usually able to capture two time-
dependent effects, depletion and recovery. They mimic the transient and steady-state
behaviour of the battery. SoC is determined using the coulomb counting procedure or
extended Kalman filter [34,35]. Circuit parameters are obtained by either (a) the battery’s
time response using pulse discharge test, (b) by looking at the instantaneous voltage drop,
the time constants of the charge depletion and recovery regions and the current, (c) the least
square method, etc. [31]. The precise estimation of internal battery parameters is a difficult
task, according to the literature, due to nonlinear effects. For parameter identification,
an approach that compares the battery model simulation to the actual battery response
using an objective function is used [12]. Multi-swarm particle swarm optimisation [36] and
genetic algorithm (GA) [7] are used with an objective function to match several battery
models to the same experimental data.

2.4. Combined Modelling of a Battery

The subclass of the combined model consists of the combination of different electrical
models in order to combine the best attributes of each model, such as the correct prediction
of the battery lifetime, steady-state and transient responses and accurate estimation of
the SoC. One example is the Chen and Rincon-Mora model applied for the mathematical
modelling of lithium polymer (LiPo) battery lifetime [36,37]. This model is capable of
capturing the electrical and dynamic characteristics of the battery such as open circuit
voltage, usable capacity and transient response. M. F. B. Binelo et al. combined coulomb
counting and circuit-oriented model-based methods to estimate circuit parameters [33].
These different battery modelling techniques are useful in extracting battery parameters.
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3. Battery Modelling Using Black Box Modelling Data-Driven Techniques

Many soft computing and optimisation techniques have been developed for battery
parameter estimation. These techniques are called data-driven approaches which include
(a) fuzzy-based estimation, (b) fuzzy-based neural network, (c) artificial neural network,
(d) bio-inspired algorithm, (e) support vector machine, etc.

Since the default capabilities required for performing machine learning (ML) algo-
rithms are generally included in BMS, ML techniques for modelling charging/discharging
profiles are promising. Large amounts of data storage and robust data analytic tools are
essential for ML model implementation. ML techniques are adaptable to any changes in
the system and need minimum resources. Modelling is a fairly simple process that can be
carried out based on the amount of information given. Modelling the charging/discharging
profiles of battery systems can be performed using various machine learning tasks such as
pattern recognition, clustering and classification. For predicting the charging and discharg-
ing behaviour of any battery system, models based on an artificial neural network and ML
techniques other than ANN are also employed.

Machine learning outperforms traditional methods when it comes to predicting battery
parameters due to its ability to deal with nonlinearity. By implementing a learning model,
a general machine learning system for monitoring battery conditions can simulate the
nonlinear relationship between input and output variables. The model’s input variables
can be a variety of elements that affect battery performance, while the model’s output
variables include battery state characteristics including SOC, remaining useful life (RUL)
and capacity.

This framework consists of three steps: data pre-processing, training and estimation.

1. The first phase is sample construction, after which the selected data are cleaned,
normalised and transformed before being extracted and selected as samples for a
machine learning algorithm. The data are then split into training and test sets. The
second phase is to construct the model, which includes the “core” algorithms after
which machine learning takes place. Support vector machine (SVM), support vector
regression, artificial neural network, Bayesian principles, recurrent neural network
and various optimisation algorithms such as genetic algorithms and simulated an-
nealing methods are among the most widely used machine learning algorithms. The
information gathered from the samples is preserved in a machine-readable manner
for the following phase.

2. Phase 2 involves using training and validation sets to find the best model.
3. The third stage is model evaluation, which applies the knowledge gained in the

previous step. SOC, RUL, etc., are estimated and the performance of the estimation
models is evaluated using the estimation models determined in the previous phase.
Root mean square error, absolute error and other metrics are commonly employed for
model evaluation.

4. Battery Parameters Extraction Techniques Using Black Box Modelling
Data-Driven Approach

Empirical modelling is a popular method for calculating charging and discharging
profiles of battery systems in the literature. ML-based models, on the other hand, allow
exceptional flexibility and need little resources for implementation in the case of battery
systems used for renewable integration and other grid-related applications.

The proposed machine learning models are suitable for determining the charging
profiles of battery systems. The model’s input variables are various factors that affect
battery performance, while the model’s output variables are parameters of battery states
such as SoC, SoH, RUL and Capacity. SoC is a metric for predicting electric vehicles’ (EV)
remaining range and determining a safe management strategy to avoid overcharging and
discharging the batteries. In practical applications, it is very difficult to estimate SOC
accurately because of imprecise initial SoC and heavy calculation.
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4.1. Estimation of SoC Using Black Box Modelling Data-Driven Approach

With the development of artificial intelligence, data-based methods have been pro-
posed in recent years to estimate SoC. Cai et al. (2003) developed an Adaptive Neuro-Fuzzy
Inference System (ANFIS) to estimate SoC [38]. The discharging current, discharging
time, battery terminal voltage and the ratio R are all input variables in the ANFIS, and
they were obtained using three different correlation analysis techniques: linear correlation
analysis (LCA), nonparametric correlation analysis (NCA) and partial correlation anal-
ysis (PCA). For SoC estimation, Lee et al. (2007) presented a machine learning system
using learning controllers, fuzzy neural networks and cerebellar model articulation con-
troller networks [39]. Voltage and discharge efficiency are used as the input variables for
this system.

Other methods used to estimate SoC include support vector machine [40–42], neural
network with an extended Kalman filter (EKF) [43,44], support vector machine (SVM)
optimised by particle swarm optimisation [45], optimised SVM [46], multi-layered [47]
perceptron neural network, fuzzy least square support vector machine [48], time-delayed
neural network [49], Levenberg–Marquardt (L-M) algorithm optimised multi-hidden-
layer wavelet neural network (WNN) [50], back propagation neural network [51,52], feed-
forward artificial neural network [53] and recurrent neural network with gated recurrent
unit [54].

Cai et al. (2003) developed an adaptive neuro-fuzzy inference system (ANFIS) to
estimate SoC [38]. The mean squared error is 4.8819 × 10−5 and the maximum of absolute
values of absolute error is not more than 4.44%. Hansen et al. (2005) investigated the use
of SVM to estimate the SoC of a large-scale lithium-ion-polymer (LiP) battery pack [40].
When the optimal SVM is tested with US06, the driving cycle is provided by US and the
RMSE (root mean square error) obtained is 5.76%.

Lee et al. proposed a machine learning system for SoC estimation and it has good
average prediction error under 6% in the whole battery lifecycle. Charkhgard presents
a method for modelling and estimation of SoC for lithium-ion (Li-Ion) batteries using
neural networks (NNs) and the extended Kalman filter (EKF) [43]. Neural networks find
the model needed in the state-space equations of the EKF, where the state variables are
the battery terminal voltage at the previous sample and the SoC at the present sample.
The inputs are the battery voltage at the sampling time (k − 1), the estimated SoC at the
sampling time k and the battery terminal current at the sampling time k. NNs find an
approximation of the battery terminal voltage at the sampling time k. The RMSE error
between the actual SoC and the estimated one is equal to 2%.

Chen et al. (2011) investigated the online dynamic SoC estimation using a combina-
tion of Kalman filter and a neural network [44]. The input vectors are I(k), V(k), ∆I(k),
∆V(k), T(k) and SoC(k − 1), where I, V and T represent current, voltage and temperature,
respectively, and ∆I(k) = (I(k) − I(k − 1)), ∆V(k) = (V(k) − V(k − 1)), and SoC(k − 1) is
the estimate of SoC at k − 1 by EKF. The experimental tests showed that the proposed
NN–EKF method gave SoC estimation with the error less than 1%. Anton et al. (2013)
estimated the State of Charge (SoC) of a high-capacity lithium iron manganese phosphate
(LiFeMnPO4) battery cell from an experimental dataset using SVM approach [41]. The
SVM SoC estimator maintains a high level of accuracy better than 6% of overall ranges
of operation. A hybrid radial basis function neural network method to estimate the SoC
of lithium ferro phosphate (LFP) battery was proposed [55] in 2013. The orthogonal least
squares algorithm determines the optimal structure of the RBF neural network and adap-
tive genetic algorithm is used to tune the parameters of the RBF neural network. Average
absolute percentage error is 0.021 for the RBF neural network-based method.

Guo et al. (2014) proposed an SVM optimised by particle swarm optimisation (PSO)
to improve SoC estimation accuracy. The inputs taken are voltage, discharge current,
impedance and temperature. Prediction error values are smaller between +1.3% and
−1.3% [45]. Hu et al. (2014) proposed an SoC estimation based on an optimised SVM for re-
gression with a double search optimisation process [46]. The developed method was tested
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by simulation experiments in the ADVISOR, with a comparison of the estimations based
on ANN. They used eight common cycle conditions (ARTERIAL, NYCCOM, UDDSHDV,
COMMUTER, WVUINTER, 5PEAK, CSHVR, CBD14) in ADVISOR. Features considered
are current out of the battery, module temperature of the Energy Storage System (ESS),
available power out of the ESS, requested power out of ESS, actual power loss for the ESS,
heat removed from battery by cooling air and the average temperature of the cooling air.

Toha et al. (2014) devised a multi-layered perceptron neural network (MLPNN) and
Elman recurrent neural network (ERNN) to find SoC. The percentage accuracy achieved
was 96.68% and 97.51% using MLPNN and ERNN, respectively [47]. Sheng et al. (2015)
proposed an SoC estimation method based on the fuzzy least square support vector ma-
chine [48].

H. Chaoui et al. uses the multi-layer perceptron structure with back-propagation
learning rule to achieve a more precise value of SoH and SoC. It was tested using a
lithium ion and was found to evaluate the required parameters with minimal error caused
because of hysteresis, aging and temperature. Moreover, this modelling does not require
any prerequisite knowledge of battery parameters [49]. B. Xia et al. proposed the L-M
algorithm-based WNN for intelligently estimating the values of SoC. In this literature,
Samsung ICR-18650-22P lithium-ion batteries were used for testing the algorithm’s efficacy.
It was concluded that this algorithm gave a better solution set when compared with BPNN
and EKF [50].

Dang et al. (2016) proposed the OCV-based method for SoC estimation by using
the dual neural network fusion battery model [56]. Tong et al. (2016) proposed a new
architecture for SoC estimation using a load-classifying neural network and yielded a 3.8%
average estimation error [57]. Ampere hour counting with current correction and the dual
adaptive extended Kalman filter algorithms are combined to estimate model parameters
and State of Charge. Least squares support vector machine is implemented to predict
the available capacity [42]. Five feature vectors made of temperature, two impedance
parameters, voltage change and present voltage are used. A 2% maximum error of pre-
dicted capacity is obtained. Meng et al. (2016) proposed an algorithm based on adaptive
unscented Kalman filters (AUKF) and least-square support vector machines (LSSVM).

Chaoui et al. (2017) proposed SoC and SoH estimation based on the input time-
delayed neural network (ITDNN) that accounts for both aging and temperature effects.
This technique used the multi-layer perceptron structure with the back propagation (BP)
learning rule to adjust the intra-neuron connecting weights to yield accurate results [42].
Back propagation neural network (BPNN) is proposed to reduce the SoC estimation error
significantly [44]. An algorithm based on the adaptive extended Kalman filtering algorithm
for lithium-ion power battery SoC estimation is introduced [58].

Xia et al. (2018) proposed the Levenberg–Marquardt (L-M) algorithm optimised multi-
hidden-layer WNN for SoC estimation. Particle swarm optimisation (PSO) algorithm is
used to optimise L-M based three-layer WNN (LMWNN) for SoC estimation problem [43].
Furthermore, it was validated that L-M-based multi-hidden-layer WNN (LMMWNN)
has better performance than LMWNN. Under a single driving cycle, such as the New
European Driving Cycle (NEDC), the mean absolute error of PLMMWNN was decreased
to 0.6% and the maximum absolute error to 5%. A novel hybrid method by fusion of back
propagation neural network and improved the ampere hour counting method is proposed
for SoC estimation of lithium-ion battery [45]. Five input eigen values (nodes) of the neural
network selected are voltage, current, surface temperature of battery, measurement time
and number of cycles. Maximum absolute errors of SoC estimation are confined to an error
band of ±2.0% at different aging cycles.

A feed-forward artificial neural network (ANN) has been used to estimate SoC of
calendar-aged lithium-ion pouch cells. The ANN achieved a root mean square error (RMSE)
of 1.17% over discharge data and 1.81% over charge data, confirming the ability of the
network to capture input-output dependency [53]. Li et al. (2019) introduced an SoC
estimation approach for lithium-ion batteries using a recurrent neural network with gated
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recurrent unit, where observable variables such as voltage, current and temperature are
directly mapped to SoC estimation. The proposed method is evaluated on two public data
sets of vehicle drive cycles and another high-rate pulse discharge condition dataset with
mean absolute errors (MAEs) of 0.86%, 1.75% and 1.05%, respectively [54].

4.2. Estimation of SoH Using Black Box Modelling Data-Driven Approach

The data-driven technique has become the favoured approach for SoH estimation
due to advancements in computation units such as graphical processing units (GPUs) and
enhanced learning algorithms. Because understanding electrochemical events occurring
inside the battery is not required, ANN is an excellent method for estimating battery SoH.
In particular, fuzzy logic (FL), support vector regression, probabilistic neural network,
advanced sparse Bayesian predictive modelling (SBPM), recurrent neural network, support
vector machine, multilayer perceptron, artificial neural network and recurrent neural
network are some of the few data-driven approaches used for battery SoH estimation.
Effective forecast of SoH aids in avoiding inconveniences or dangerous events caused
by a sudden battery failure. You et al. (2017) estimated SoH using recurrent neural
networks [59].

Zenati et al. (2010) combined impedance measurements and fuzzy logic to evaluate
SoC/SoH [60]. Lin et al. (2013) used a probabilistic neural network (PNN) to estimate the
state of health (SoH) of Li-ion batteries [61]. The accurate prediction of SoH helps to avoid
inconveniences or fatal accidents from the sudden malfunction of the battery. The results
show that the average error of the prediction is 0.28% and the standard deviation is 1.15%.
You et al. (2017) estimated SoH using recurrent neural network with the average error
lower than 0.0765 Ah (2.46%) over all of their experimental data [59]. Weng et al. (2013)
proposed a battery SoH monitoring scheme based on partially charging data. The use of
support vector regression (SVR) is shown to provide the most consistent identification
results with moderate computational load. Results show that the SVR model built upon the
data from one single cell is able to predict the capacity fading of seven other cells within a
1% error bound [62].

Advanced sparse Bayesian predictive modelling (SBPM) methodology is employed to
capture the underlying correspondence between the capacity loss and sample entropy [63]
(2016). The result shows that the estimator is accurate, and the average error is less than
1.2% at each temperature. A nonlinear autoregressive with exogenous inputs (NARX)
architecture of the dynamically driven recurrent network (DDRN) is designed for both SoC
and SoH estimation [64].

The support vector machine (SVM) with radial basis function (RBF) as kernel function
is applied for SoH estimation [65]. Feng et al. (2019) proposed a machine learning-based
algorithm for the online SoH estimation of a Li-ion battery [66]. A predictive diagnosis
model used in the algorithm is established based on support vector machine (SVM). The
algorithm functions by comparing partial charging curves with the stored SVMs. Similarity
factor is defined, after comparison, to quantify the SoH of the data under evaluation. The
algorithm estimates the battery SoH with less than 2% error for 80% of all the cases and
less than 3% error for 95% of all the cases.

Kim et al. (2018) introduced a practical SoH classification scheme based on multilayer
perceptron (MLP). SoH is estimated with high accuracy of less than 0.3% in trained SoH
section and additionally, the SoH of untrained section is also estimated with high accuracy
of less than 1.5% [67]. Venugopal et al. (2019) proposed a unique SoH estimation approach,
using an independently recurrent neural network (IndRNN). Experimental results indicate
that the IndRNN-based model is able to predict a battery’s SoH accurately with RMSE
reduced to 1.33% and mean absolute error (MAE) reduced to 1.14%. The maximum error
(MAX) produced by the IndRNN throughout the testing process is 2.5943%, which is well
below the acceptable SoH error range of ±5% for EVs.

The idea of ensemble learning is considered, and by generating differential data sam-
ples and synthesising the output of a series of base learners, a good learning performance is
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achieved [54]. Furthermore, grey relational analysis is used for feature correlation analysis.
Ensemble learning provides more accurate and stable SoH prediction. In the data setB0005,
MAS, MSE and RMSE of ensemble learning predictive results are 0.47%, 5.68 × 10−3%
and 0.75%, in the data set B0006, they are 0.76%, 1.5 × 10−2% and 1.23%, in the data set
B0007, they are 0.65%, 9.5 × 10−3% and 0.97%, and for data set B0034, they are 1.32%,
8.06 × 10−2% and 2.84%, respectively.

4.3. Estimation of RUL Using Black Box Modelling Data-Driven Approach

Another parameter, namely, battery remaining useful life (RUL) estimation, facilitates
the design of a reliable battery system. Several data-driven approaches are available
to predict RUL including support vector machine [68], support vector regression [69],
optimised relevance vector-machine algorithm [70,71], feed forward neural network [72],
autoencoder with deep neural network [73] and long short-term memory recurrent neural
network [74].

Nuhic et al. (2013), for the estimation of SoH and RUL, combined SVM with a new
method for training and testing data processing based on load collectives [68]. In Patil et al.
(2015), support vector regression (SVR) is used to predict the accurate RUL if the battery is
close to the end of life (EoL). This model has a RMSE of 0.357% with 95% over and under
estimation error of 7.87% and 10.75% [69].

Liu et al. (2015) presented an optimised relevance vector machine algorithm to im-
prove the accuracy and the stability of RUL estimation and to present the uncertainty of
RUL estimation [70]. The framework carries out raw HI extraction, transformation, correla-
tion analysis and verification and evaluation to achieve health indicators (HI) enhancement.
In particular, the Box Cox transformation is adopted to improve the correlation between
the extracted HI and the battery’s actual degradation state. To estimate the battery’s RUL
using the enhanced HI, an optimised relevance vector-machine algorithm is utilised, which
is performed in a flexible and agile way.

Wu (2016) used a feed forward neural network (FNN) to calculate the RUL through
sampled voltage data. The mean absolute error and mean square error of the proposed
method in the prediction of the RUL were 29.4218 and 1.6184 × 103, respectively, in about
(2000) cycles [72]. Yang (2016) proposed an ensemble-based relevance vector machine
(RVM) learning algorithm to predict the RUL of degraded lithium-ion batteries. The study
also demonstrated that the hybrid prognostic approach using the selective kernel ensemble-
based RVM learning algorithm outperformed the hybrid prognostic approaches using the
single kernel-based RVM learning algorithm and the ensemble all-based RVM learning
algorithm [71].

Ren et al. (2018) introduced an integrated deep learning approach for RUL prediction
of lithium-ion battery by integrating auto encoder with deep neural network (DNN). The
results show that RMSE is 6.6% and the accuracy rate is 93.34% [73]. Zhang et al. (2018)
employed the long short-term memory (LSTM) recurrent neural network (RNN) to learn
the long-term dependencies among the degraded capacities of lithium-ion batteries. The
LSTM RNN is adaptively optimised using the resilient mean square back-propagation
method, and a dropout technique is used to address the overfitting problem. A Monte
Carlo simulation is combined to generate a probabilistic RUL prediction. Capacity fitting
error for dropout, L1 regularisation and L2 regularisation are 6.6 × 10−3, 5.7 × 10−3 and
1.4 × 10−2, respectively [74].

Park et al. (2020) proposed novel RUL prediction techniques based on long short-term
memory (LSTM) [69]. Unlike the traditional LSTM prediction that matches the input layer
with the output layer as a one-to-one structure, a many-to-one structure is used for various
input types and to substantially reduce the number of parameters for better generalisation.
The experimental results show that the proposed single-channel LSTM model improves
the mean absolute percentage error (MAPE) by 39.2% compared to the baseline LSTM
model. Furthermore, the proposed multi-channel LSTM model significantly improves the
mean absolute percentage error (MAPE) by 63.7% compared to the baseline. The proposed
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model achieves 0.47% to .88% of MAPE while the state-of-the-art baseline LSTM shows
0.6% to.45% of MAPE.

4.4. Estimation of Capacity Using Black Box Modelling Data-Driven Approach

Wang et al. (2018) introduced quantum computing theory into the classical machine
learning technique, an integrated quantum particle swarm optimisation-based support
vector regression estimation framework, as well as its application to characterise the
relationship between extracted feature and battery remaining capacity [75]. Li et al. (2018)
proposed random forest regression for battery capacity estimation. Experimental results
show that the proposed technique is able to evaluate the health states of different batteries
under varied cycling conditions with a root mean square error of less than 1.3% [76].

Choi et al. (2019) proposed a capacity estimation framework for lithium-ion battery
based on multi-channel machine learning techniques using FNN, convolutional neural
network (CNN) and LSTM. Results show that the proposed multi-channel technique based
on voltage, current and temperature profiles outperforms the conventional method that
uses only voltage profile by up to 25–58% in terms of mean absolute percentage error [77].

Shen et al. (2018, 2019) used a deep convolutional neural network (DCNN) to estimate
the capacity of a battery cell and concluded that the DCNN model with five convolutional
layers produced a slightly lower RMSE as compared to models with any other number of
convolutional layers [78,79].

Apart from ML approaches, methods such as fitting based on least squares [36], sub-
space identification, multiple linear regression and curve fitting approaches [1,11] are
employed for determining the charging profiles of BS. Since these models contain contin-
uous time differential equations whose states are not directly measurable, the analytical
methods for identifying the model parameters are not applicable.

The machine learning models proposed in the literature are suitable for determining
the charging profiles of battery systems (BS) [75–77,80–86]. The data set applied for carrying
out the research is listed in Table 1. The different types of battery systems for which the
performance analysis carried out by different researchers are listed in Table 1.

Table 1. Data set for black box modelling.

Data Sets Obtained from Standard

NASA Prognostics Centre of Excellence Data Repository [52,69,70,73,75,77,80]

Lithium Iron [43]

Lithium Iron Manganese Phosphate LiFeMnPO4 [41]

High Power Ni-MH rechargeable battery [38]

Lithium Iron Phosphate—LiFePO4 [42,47–49,55,86]

Lithium Titanate [64]

NiMH battery [44]

Li-Ion cells [42,44,45,53,54,58–60,62,68,71,72,74,76,79,81,82,87,88]

Li (NiCoMn)1/3O2 [66]

USO6, US Department of Energy’s Hybrid Electrical Vehicle program [40]

8 common cycle conditions ARTERIAL, NYCCOM, UDDSHDV,
COMMUTER, WVUINTER, 5PEAK, CSHVR, CBD14 in ADVISOR [46]

Lithium nickel-manganese-cobalt oxide [63]

Simulated data based on equivalent circuit model for Li-on Battery [67]

Lead-acid batteries [39]

Li-Co batteries [61]

Center for Advanced Life Cycle Engineering (CALCE) [70]

Lithium Polymer battery [83]

New European Driving Cycle—NEDC [47,50]

Federal Urban Driving Schedule—FUDS [84]

LiCoNiMnO [57]
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5. Battery Parameters Extraction Techniques Using Grey Box Modelling
Data-Driven Approach

Bio-inspired algorithms have also been extensively researched in recent years owing
to their versatility and ease of implementation [87]. To model a battery, the internal circuit
parameters need to be estimated. Estimation of these parameters is difficult due to their non-
linear behaviour. The battery modelling (BM) problem is a constrained, multi-dimensional,
mixed variable, non-convex, non-linear optimisation problem. Many bio-inspired tech-
niques have been successfully employed to estimate the battery parameters [9,16,89,90].
When bio-inspired algorithms are implemented for COM to extract parameters in real
time [9], then they are called grey box models. BM stands as a complex iterative procedure,
and such complex associated BM analytical calculations are not handled accurately by
the derivative-based methods and thus, the optimal solution is not guaranteed by the
analytical methods. Apart from the deterministic methods, derivative free soft computing
techniques such as GA are needed for the parameter identification to identify the optimal
values for the polynomial coefficients of battery parameters of RC model [9]. This type
of method is generally called bionic intelligent optimisation algorithms. Compared to all
other methods, this technique has obvious advantages in accuracy and reliability, and it
has become a popular method for parameter identification [91].

To understand the performance characteristics at varied charge/discharge rates, a
thorough COM is discussed, and the polynomial coefficients were optimised using GA [90],
so that the output of the model best matches the measurement. Bio-inspired algorithms
used to optimise parameters of the electrical circuit model were verified for different drive
cycles and the results show that better accuracy is achieved with an error rate of less than
1% in comparison with the conventional parameterisation procedure, which is based on
the visual analysis of pulsed discharge curves [14,33]. The level of accuracy obtained with
this procedure is comparable to other black box-type models that simply fit input to output
behaviour without any physical analogy, such as ANN.

The battery modelling problem is also treated as a bi-objective optimisation prob-
lem in most of the recent research. Two objectives such as discharging terminal voltage
and surface temperature are minimised using non-dominated sorting GA (NSGA) for
lithium-ion batteries. Identified parameters of the P2D electro chemical model can indicate
battery internal characteristics accurately, but the charging scenario, ageing mechanism
and COM are not analysed. A multi-objective optimisation approach is also applied for
COM parameter identification treating charge/discharge data at different currents [92–96].

COM results so far demonstrated in all the above-mentioned existing evolutionary
algorithm-based literatures of grey box modelling present the characteristics of different
battery types, focusing only on meeting the objectives. However, the values of internal
parameters and effects of temperature are not yet studied and attempted to be maintained
in the standard range of values. Hence, by addressing the various research gaps identified
in the existing literature, this proposed work applies a recent evolutionary algorithm to
build (a) a first order and second order circuit-oriented battery model with parameters
identified for different charging and discharging rates and (b) a capacity fade model with
higher precision order COM developed for estimating remaining useful life, including the
effect of temperature effects.

5.1. Modelling of Circuit Oriented Model for Grey Box Modelling

An accurate and simple circuit-oriented battery model (COM) has to be established to
describe the static as well as dynamic characteristics of the battery. This model monitors
the battery behaviour and its parameters. The general approach for modelling involves
development of COM and validation of models.

Various Thevenin forms of COMs such as first order, second order [96] and third order
are shown in Figure 1. Rincorn Mora applied a simple electrical model to capture the
dynamic battery characteristics from open circuit voltage and current. However, when the
internal battery parameters such as resistance, capacitance and open circuit voltage are
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studied completely with the SoC from the extracted mode, it is found that this simplified
model dealt in this work is intuitive and ignored self-discharge effects [37].
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Direct measurement EMF method is used to determine the state of charge of NiMH
batteries for electric cars by employing first and second order equivalent circuit models.
Results show that the precision of the second order model is higher than the first order
model [78]. A systematic comparative study of various equivalent circuit models, i.e.,
twelve lumped COMs, was conducted for parameter optimisations [75]. On model com-
parison, it is suggested to prefer a lower order RC battery model, since other n-order
RC models [32] are found expensive, complex and more susceptible to uncertainties [15].
Battery models that are accurate and simple are preferred.

In Figure 1, RS is the total resistance of the two electrodes, electrolytes and contacts.
The transient behaviour of the battery is characterised using R1, R2, C1 and C2. Two RC
networks having the time constants τ1 = R1× C1 and τ2 = R2× C2 (in the order of seconds
and minutes, respectively) are used to depict the internal charge distribution of the battery.
Constant voltage source (CVS) represents for the battery’s internal voltage source, which is
modelled as the battery’s open circuit voltage (OCV) characteristics. CVS and OCV have
been demonstrated to differ experimentally based on the amount of current.

5.2. Development of Thevenin’s COM Model

A first order COM shown in Figure 1b, which is simpler, convenient and ensures
fast computation, is preferred in this section for discussion [89]. The Li-ion battery model
considered here for parameter extraction utilises the features of both Thevenin’s electrical
circuit and analytical modelling techniques. Under all static and dynamic states, the
internal voltage CVS (V0) is realised as a second-order polynomial function of SoC to
accurately replicate the terminal properties while maintaining the model’s simplicity.

In the Figure 2 model, the circuit parameters are derived for different charge/discharge
rates. The calculated terminal voltage values are compared with the measured battery
terminal voltage values provided by manufacturers to verify the accuracy obtained from
this model. The mathematical representation of battery parameters R1, R2, C1 and V0
under constant current charging/discharging conditions are represented with polynomial
equations as a function of charge rate (Cr) SoC for charging scenario and discharge rate
(Dr) DoD for discharging scenario. The behaviour of Cr and Dr features is exponentially
growing and reducing with regards to Cr and Dr, as shown in Figure 3. As a result, utilising
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a polynomial equation with an exponential function is the ideal way to express the battery
charge and discharge rate characteristics [9].

5.3. Representation of SoC and DoD Using Polynomial Equations

V0 is defined as the voltage between the terminals of battery in open circuit condi-
tion. SoCcr, DoDcr, Cr, Dr, temperature and cycle number are all multi-variable functions
in the battery. The parameters V0 and R1 in series with parallel R2C combination are
used to determine the effective capacity, instantaneous voltage drop and self-discharge
energy. The model’s R2C network is comparable to Thevenin’s transient response model.
The exponential nature of the battery parameters R1, R2, V0 and C is approximated by
polynomial functions. The general polynomial equations for the parameters are given in
Equations (6)–(9) [9].

R1 =
(

a1 + a2x + a3x2
)

e−a4y + (a5 + a6x + a7x2
)

(6)

R2 =
(

a8 + a9x + a10x2
)

e−a11y +
(

a12 + a13x + a14x2
)

(7)

C = −
(

a15 + a16x + a17x2
)

e−a18y +
(

a19 + a20x + a21x2
)

(8)

V0 = (a22 + a23x + a24x2)e−a25y +
(

a26 + a27y + a28y2 + a29y3
)
−a30x + a31x2 (9)

In the above set of equations, R1, R2, C and V0 are represented in terms of polynomial
equations and there are 31 coefficients (from a1 to a31) in total. The following section
explains the comprehensive extraction process for finding these polynomial coefficients.
The charging process parameters are generated by substituting x and y with Cr and SOCcr,
whereas the discharging process parameters are derived by replacing Dr and (1 − DoDcr).
Here, (1−DODcr) is chosen for discharging voltage as V0 decreases with increase in DODcr.

5.4. Battery Terminal Voltage Calculations

The battery terminal voltage is calculated with various charging/discharging rates
using the polynomial coefficients that were found at specified charge/discharge rates.
Therefore, under the constant current, the battery terminal voltage for charging (Vbc) and
discharging scenario (Vbd) with respect to time is as given [88]. Calculating battery terminal
voltage for charging or discharging at various Cr and Dr is performed using equations.
The battery’s terminal charge or discharge voltage (Vcj

c or Vdj
c) varies depending on

the battery’s capacity, SOCcr/DODcr levels and Cr/Dr. The parameters of the non-linear
Vcj

c/Vdj
c relationship are also expressed in terms of polynomial equations, where i and j

signify the ith and jth determined charging and discharging voltage values, respectively.
As a result, Equations (10) and (11) yield the battery terminal voltage for charging and
discharging scenarios with regard to time when the current is constant (6) [9,97,98].

VC
cj
=

((
Qr

C
+ IcR2

)
expexp

(
− tc

R2C

))
+ V0 − (Ic(R1 + R2)) (10)

VC
dj
=

((
Qr

C
+ IdR2

)
expexp

(
− td

R2C

))
+ V0 − (Id(R1 + R2)) (11)

where Qr is the remaining capacity of the battery and tc, Ic, td and Id are charge time, charge
current, discharge time and discharge current, respectively. Thus, Equations (10) and (11)
accurately represent the behaviour of any battery type, if the parameters are well defined.
These equations capture the non-linear behaviour of the battery which depends on the
actual battery charge/discharge voltage.
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5.5. Charge/Discharge Rate and SoC Calculations Using Grey Box Modelling

The amount of charge stored or extracted can be determined using the charge or
discharge rate algorithm. The Cr and SOCcr of the battery vary depending on the present
condition of the battery. The user-defined Cr limit (Clmt) and initial battery SoC (SOCini)
have also been taken into consideration. The Ccrt

r and Dcrt
r of the battery can be expressed

as given below [9,97,98].

Cr = Ccrt
r =

Ic

Qr
(12)

Dr = Dcrt
r =

Id
Qr

(13)

The required calculations are performed by taking into consideration the current
status of the battery. To regulate the charge current of the battery, the minimum of charge
rate based on Clmt and Ccrt

r is chosen by the algorithm. A similar type of control algorithm
is used for discharging scenarios. The SOCcr and DODcr are calculated from Equations (14)
and (15) [9,97,98].

SoCcr = SoCini + (
Ic∆tc

Qr3600
) (14)

DoDcr = DoDini + (
Id∆td

Qr3600
) (15)

where SOCini is the initial SOC of the battery; SOCmax and DODmax are the maximum
user-defined SOC and DOD limits. The non-linear behaviour of the battery is identified
using the polynomial equations mentioned above. It has a unique dependence on the
charge/discharge voltage. The actual behaviour of the battery is represented using this
model and accurate results are obtained from it. The parameters are easily detectable
in this model, and are made to compare with different types of battery manufacturers’
data [99–102].

5.6. Parameter Extraction of the Grey Box Modelling Using Bio-Inspired Algorithms

The advantages of the application of an evolutionary algorithm for optimisation are
as follows.

(a) The purpose of using an evolutionary algorithm for a battery parameter extraction
problem lies in the fact that it requires only manufacturers Cr and Dr characteristics
and gives consistent polynomial coefficients of the battery model during relatively
fewer iterations.

(b) Evolutionary algorithms are more flexible in extracting the battery parameters with
any initial values, while other numerical methods are incapable of obtaining satisfac-
tory solutions.

(c) The algorithm is easy to understand and is optimised using the fitness function.
(d) With optimising capability, the algorithm steers the fitness function to be more rep-

resentative and yields an accurate solution set even if the initial values are far from
the solutions.

The objective of the optimisation process is to find the values of polynomial coeffi-
cients of parameter equations, which produce a Voltage-SOC characteristic that best fits the
characteristic curve obtained from the manufacture’s battery data. GA was the first meta-
heuristic optimisation algorithm proposed by Holland et al. in 1988 based on Darwin’s
principle of natural selection. GA is a suitable algorithm for the parameter’s extraction of
this model in terms of its complexity and the large number of its parameters [102–105]. GA
imitates the process of biological evolution, including selection, crossover and mutation
based on the principle that good individuals survive and breed good individuals [86]. The
algorithm initiates by creating the random set of chromosomes/solutions, each solution
being a vector of polynomial co-efficient (a1 − a31) in the search space. The next require-
ment after generation of the random solution set is the measure of the quality/fitness
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of the solution set. This can be achieved by establishing a fitness function value for the
entire population.

The fitness function for optimisation is calculated as the difference between measured
(VM

ci or VM
di ) and the calculated terminal voltage (VC

ci or VC
di ) for the charging or discharging

case and is determined as given in Equation (16) [9,97,98].

f (x) =


n
∑

i=0

∣∣∣(VM
ci
−VC

ci
)|

m
∑

j=0

∣∣∣(VM
dj
−VC

dj
)|

(16)

The algorithm now selects the chromosomes that participate as parents for the next
process (crossover and mutation), based on the fitness of each solution. The chromosomes
that have a good fitness obtain a better chance to be selected. After that, the chromosomes
selected play the role of parents and undergo crossover to produce offsprings (new so-
lutions). In the mutation process, the children generated after crossover in the previous
step are randomly subjected to a change of some characters. Next, the new solution set
is checked for fitness and the solution set is updated. Finally, the optimality condition is
checked to know whether the solution set has reached the best fitness. If it is not reached,
the solution set becomes the parent for the next iteration and the optimisation iterative
process continues until (the optimal values for 31 variables) the fitness is optimised from
the search space. Similar steps are followed to extract the parameters with needed changes
based on the adopted bio-inspired algorithm [105–108].

6. Discussion

This study starts with the review of electrochemical modelling of a battery. Three
different electrochemical models and their output equations were discussed. Even though
they are accurate and precise among various battery models, their highly detailed de-
scriptions make them very laborious to configure. Moreover, they have very low-speed
operation, thus making them unsuitable for applications in electric vehicles. Parameter
extraction is difficult in this type of modelling. The modelling technique that follows is
mathematical modelling, which is used primarily to depict system-level behaviour. How-
ever, their usage is very low owing to the insufficient relation between the parameters and
the I-V characteristics of the model. An electric equivalent model, called the circuit-oriented
model, was found to be the most suitable model as it addresses various issues that were
found in the previously discussed models.

While dealing with battery parameters, there exists an issue of non-linearity. In this
scenario, machine learning algorithms were found to be more efficient than traditional
algorithms because of their ability to process non-linear data. Thus, a detailed study
on black box and the grey box data-driven techniques to estimate SoC, SoH, RUL and
capacity was provided along with discussions of various literatures and their contribution.
Lastly, the process of parameter extraction of a circuit-oriented model was depicted using a
grey box data-driven technique. The equations mentioned show the non-linear behaviour
of various parameters. Moreover, these parameters are easily detectable, thus making
evolutionary algorithms and ML-based algorithms more efficient. The various parameters
of battery estimation for different types of batteries with machine learning algorithms
discussed in the literature are summarised in the following Table 2.
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Table 2. Batteries with extracted parameters using different machine learning algorithms discussed in literature.

Sl. No Estimated Battery Parameter Type of Battery Implemented Machine Learning
Algorithm

1 State of Charge Lithium Iron Manganese Phosphate
(LiFeMnPO4) battery Support Vector Machine

2 State of Charge High Power Ni-MH rechargeable
battery

Adaptive Neuro-Fuzzy Inference System
(ANFIS)

3 State of Charge Lithium iron phosphate (LiFePO4) RBF Neural Network, OLS Algorithm
and AGA

4 Aging, State of Charge, State of
Health Lithium iron phosphate (LiFePO4) Input Time-Delayed Neural Networks

5 State of Charge, State of Health Lithium iron phosphate (LiFePO4) Dynamically Driven Recurrent Networks
(DDRNs)

6 State of Charge, State of Health Lithium Titanate (LTO) Dynamically Driven Recurrent Networks
(DDRNs)

7 State of Charge Lithium Iron Neural Networks and Extended Kalman
Filter (NN and EKF)

8 State of Charge Lithium-ion battery U1-12XP Neural Networks and Extended Kalman
Filter (NN and EKF)

9 State of Charge NiMH battery with 1.2 V and 3.4 Ah Neural Networks and Extended Kalman
Filter (NN and EKF)

10 Capacity and State of Charge Lithium iron phosphate battery cell
Ampere Hour Counting with Correction

and Dual Adaptive Extended Kalman
Filter Algorithm

11 State of Health
Two commercial Li-ion batteries
with Li (NiCoMn)1/3O2 cathode

and graphite anode
Support Vector Machine

12 State of Charge
Li-ion cells with 3.2 V/50 Ah

supplied by Huanyu New Energy
Technology Company Ltd.

Support Vector Machine Based on
Particle Swarm Optimisation

13 State of Health Lithium Nickel-Manganese-Cobalt
Oxide

Advanced Sparse Bayesian Predictive
Modelling (SBPM)

14 State of Charge, State of Health Li-ion cells Feed-Forward Artificial Neural Network

15 Capacity and resistance lithium-ion battery SVM

16 Capacity nickel-manganese-cobalt
(NMC)/graphite pouch cells Random Forest Regression

17 State of Charge Panasonic 18650PF battery cells Recurrent Neural Network with Gated
Recurrent Unit (GRU-RNN)

18 State of Charge Samsung 18650-20R battery cells Recurrent Neural Network with Gated
Recurrent Unit (GRU-RNN)

19 State of Health Li-Co batteries Probabilistic Neural Network

20 SoC Estimation
A lithium polymer battery
manufactured by KOKAM

Company

Adaptive Unscented Kalman Filters
(AUKF) and Least-Square Support Vector

Machines (LSSVM).

21 Charging Current Lithium Iron Phosphate (LiFePO4) ANN and Backpropagation Algorithm
Ensemble Learning

22 RUL

Selected IFP1865140 type batteries
were developed by HeFei Guo
Xuan High-Tech Power Energy

Company Limited of China

Feed Forward Neural Network (FFNN)

23 RUL
High-energy 18650 lithium-ion

batteries manufactured by
Panasonic, labelled NCR18650PF

Long Short-Term Memory (LSTM)
Recurrent Neural Network (RNN)
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7. Conclusions

This paper presents a brief survey on literature in the area of battery modelling. It
unfolds the need for battery modelling, its significance and different modes and approaches
for battery modelling. Different models such as electrochemical models, mathematical mod-
els, circuit-oriented models and combined models are studied and their advantages and
drawbacks are compared. For the circuit-oriented battery model, the impact of modelling
using data-driven techniques such as the grey box technique and the black box technique
has been explained with the procedure. In the grey box battery modelling data-driven
approach, the extraction of battery parameters such as resistance, capacitance and voltage
are detailed using evolutionary algorithms and in black box modelling, the procedure is
explicated with polynomial regression in python environment. It is necessary to choose
a reliable battery model and a modelling technique to achieve the desired results. Nowa-
days, with the burgeoning of renewable energy systems and electric vehicles to reduce
environmental problems, batteries have become important devices and it is necessary to
optimise various parameters governing them using suitable algorithms. Thus, the paper
offers a detailed survey on battery modelling and provides a simple, recent and effective
direction for researchers in the relevant area.
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Nomenclature

BMS Battery Management System
SoC State of Charge
SoH State of Health
DoD Depth of Discharge
ANN Artificial Neural Network
DFN Doyle-Fuller-Newman
SPM Single Particle Model
CFD Computational Fluid Dynamics
P2D Pseudo-Two-Dimensional
LiCoO2 Lithium Cobalt Oxide
xk Number of State Vectors in the system
x State variable depicting the SoC of the Battery
yk Output Voltage of the Battery
E0 Output Voltage
R Internal Resistance (Ohmic Resistance)
ik Current Flowing through the resistance
V0 Open Circuit Voltage of the Battery
RC Resistor-Capacitor
EKF Extended Kalman filter
OCV Open Circuit Voltage
COM Circuit Oriented Model
EIS Electrochemical Impedance Spectroscopy
GA Genetic Algorithm
ML Machine Learning
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WNN Wavelet Neural Network
GPU Graphical processing units
FL Fuzzy logic
SBPM Sparse Bayesian Predictive Modelling
PNN Probabilistic neural network
SVR Support vector regression
RVM Relevance vector machine
LSTM Long Short-Term Memory
MAPE Mean Absolute Percentage Error
CNN Convolutional Neural Network
DCCN Deep Convolutional Neural Network
SOCcr State of Charge
DODcr Depth of Discharge
Vbc Battery’s Terminal Voltage for Charging
Li-Ion Lithium-ion
Ccrt

r Current charging rate
SOCini Initial SoC of the Battery
Ic Charging Current
NSGA Non-Dominated Sorting GA
RUL Remaining useful life
SVM Support Vector Machine
ANFIS Adaptive Neuro Fuzzy Inference System
LCA Linear Correlation Analysis
EV Electric Vehicle
LiFeMnPO4 Lithium Iron Manganese Phosphate
RBF Radial Basis Function
ESS Energy Storage System
BM Battery Modelling
MLPNN Multi layered Perception Neural Network
ERNN Elman Recurrent Neural Network
LM Levenberg-Marquardt
AUKF Adaptive Unscented Kalman Filter
LSSVM Least-square support vector machines
ITDNN input time-delayed neural network
BPNN Back propagation Neural Network
L-MA Levenberg-Marquardt Algorithm
LiP Lithium-ion-polymer
LFP Lithium Ferro Phosphate
PSO Particle Swarm Optimisation
NEDC National European Driving Cycle
GRU Gated Recurrent Unit
MAE Mean Absolute Error
RMSE Root Mean Square Error
NN Neural Network
FNN Feed Forward Neural Network
DDRN Dynamically driven recurrent network
IndRNN Independently recurrent neural network
HI Health Indicator
EoL End of Life
CVS Constant Voltage Source
τ1 Time constant in the order of minutes
τ2 Time constant in the order of seconds
Cr Charge Rate
Dr Discharge Rate
Vcjc Battery’s Terminal Charge Voltage
Vdjc Battery’s Terminal Discharge Voltage
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Vbd Battery’s Terminal Voltage for Discharging
LMWNN L-M-based three-layer Wavelet Neural Network
LMMWNN L-M-based Multi hidden layer Wavelet Neural Network
DODini Initial DOD of the Battery
Id Discharging Current
RNN Recurrent Neural Network
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