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Abstract: In this study, the mechanism of {332}<113> twinning formation in cold-rolled Ti-35Nb-
2Ta-3Zr-O (wt %) alloy was investigated based on the Taylor-Bishop-Hill theory. The experimental
data of crystal orientation in the rolling bite zone was obtained via electron back-scattered diffraction
(EBSD). The deformation energy of {332}<113> twinning in the propagation stage was calculated
using data from EBSD in terms of the Hall-Petch-type relation. The calculation results revealed that
the mechanism of {332}<113> twinning formation in β-type Ti-35Nb-2Ta-3Zr-O (wt %) alloy contained
two valid models, namely the shear-shuffle model and α”-assisted twinning model. This can help to
clarify the mechanism of {332}<113> twinning formation further.

Keywords: Ti-35Nb-2Ta-3Zr-O (wt %) alloy; mechanism of {332}<113> twinning formation; deformation
energy

1. Introduction

Metastable β-type titanium-niobium (Ti-Nb)-based alloys are widely developed for application in
biomedical [1–3] and automobiles [4,5] since the alloys exhibit low Young’s modulus (30–40 Gpa) [1,4,6]
and an optimal combination of strength (more than 500 MPa roughly) and ductility (more than
15%) [6,7]. The β phase in Ti-Nb-based alloys corresponds to a body-centered cubic (bcc) structure,
and its space group corresponds to Im-3m [8]. The dominant deformation mechanism for β-type
titanium (Ti) alloys corresponds to twinning and/or stress-induced martensitic transformation with
decreasing levels of β phase stability [9]. Additionally, the common deformation twinning modes in
β-type titanium alloys include {112}<111> and {332}<113> twins [10–12], and thus the predominant
deformation mechanism corresponds to {332}<113> twinning formation only for β-type Ti alloys
including Ti-Nb base [13] and Ti-Mo-based alloys at room temperature [14]. The {332}<113> twinning
exhibits superior mechanical properties such as high elongation percentage (40% in Ti-Mo alloy) [14]
and high strength(yield strength 750MPa roughly in Ti-Mo alloy) [15]. Specifically, {332}<113>
twinning was first identified in a Ti-15Mo-6Zr-4Sn (wt %) β-type titanium alloy in the 1970s by
Blackburn et al. [16]. Subsequently, it was confirmed in various β-type titanium alloys including Ti-Nb
alloys [17]. Recently, extant studies indicated that {332} twinning obeys Schmid’s law [18,19]. However,
the mechanism of {332} twinning formation is not very clear. There are broadly two types of theories
for the mechanism of {332} twinning formation, namely shear-shuffle type and α”-assisted type.

Crocker [20] proposed simple shears on successive twinning planes {332} along the <113> twinning
direction including that in {112}<111> twinning, i.e., the shear-shuffle model. However, the magnitude
of the shuffle of the model was significantly high and induced energy-related difficulties on planes
with small inter-planar spacing. Kawabata et al. [12] corrected the position of the shuffle in order
to reduce the magnitude of the shuffle, which was accomplished by {332}<113> twinning via the
successive slip of 1/22<113> partial dislocations on pairs neighboring {332} planes. Litvinov et al. [21]
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proposed that analogous partial dislocation mechanism was characterized by the gliding of 5/22<113>
partial dislocations on a stack of {332} planes without atomic shuffle.

Recently, Lai et al. [22]. proposed that {332} twins nucleated within progressively formed
α” martensite during the deformation in β Ti-36Nb-2Ta-3Zr alloy. The α” crystal lattice can be
derived from the β crystal lattice by {011}<011>β shuffles with a relatively small shuffle amplitude
through slight deformation [22,23]. More recently, Chen et al. [24] indicated that the stress-induced
α” martensite structure remains in the {332}<113>β twin boundary region and exhibits a gradual
transition to the β structure with an orientation relationship of (130)α”//(332)β. They considered that
the formation of {332}<113> twins in deformed metastable Ti-Nb-based alloys is associated with a
reversible β-to-α” martensitic transformation. Additionally, Shin et al. [3] revealed that {332}<113>
twinning exhibited a softening effect in the condition when a highly twinned structure is formed, and
thus it is assumed that the {332} twinning is associated with the α” phase. Zhang et al. [25] reported
that {332}<113>β twinning forms from {130}<310>α” plastic twins in a full α” Ti-Nb alloy by annealing.
Tobe et al. [26] proposed that {332}<113> twinning can form via the shuffling of adjacent {110} planes
in <011> directions in theory, and this may be viewed as an extension of the α”-assisted mode.

Deformation energy is also known as strain energy, and it consists of elastic strain energy and
plastic strain energy [27]. Plastic deformation energy is usually applied to investigate material
processing [28,29]. Recently, Wang et al. [30] reported twinning variants with maximum deformation
energy (also referred to as free path energy) can be activated in titanium alloys. Simultaneously,
internal stress led to minimum work in the active variants of twinning while external stress led to
maximum work in terms of the Taylor-Bishop-Hill model [31,32]. Recently, Ma et al. [33] predicted the
forming limit in DP590 steel sheet forming using deformation energy. Additionally, it was coupled
with Zener-Hollomon parameter to generally investigate activated energy [34]. Therefore, deformation
energy was used to investigate thermal treatment processing [35]. Furthermore, Kochmann et al. [36]
calculated the energy threshold value for twinning in terms of deformation energy.

The rolling bite zone contains information including the stress state and friction [37], and thus it is
typically investigated for the rolling process [38,39]. The full evolution of microstructure is evaluated
by examining the rolling bite zone.

The deformation energy of the {332}<113> twinning formation is infrequently discussed, and
there is a paucity of studies that examine the propagation of {332}<113> twinning of β-type Ti
alloys in the rolling bite zone in detail. The objective of the present study involves clarifying the
mechanism of {332}<113> twinning formation via the analysis of deformation energy in cold-rolled
Ti-35Nb-2Ta-3Zr-O (wt %) alloy from the rolling bite zone. This investigation attempts to analyze the
mechanism of {332}<113> twinning formation from deformation energy using Hall-Petch-type relation
for the first time.

2. Materials and Methods

The ingots of the alloy used in the study exhibited a nominal chemical composition Ti-35Nb-
2Ta-3Zr-O (wt %) alloy. They were produced from commercially pure Ti, Nb, Ta, Zr, TiO2, prepared in a
vacuum arc furnace, and the oxygen content was controlled through the addition of TiO2. The oxygen
content was determined using an inert gas fusion-infrared absorption method. Subsequently, each
alloy ingot was melted several times to ensure compositional homogeneity under high purity argon gas
atmosphere, and thus was hot forged and hot caliber rolled at 1473 K to form plates with a thickness of
5 mm. Subsequently, the plates were homogenized at 1073 K for 40 min under high purity argon gas
atmosphere and then quenched in water. Solution heat-treated samples (ST) were deformed by cold
rolling in a single pass with a thickness reduction of 5%. The rolling operation was stopped, then the
cold rolling bite zone was obtained, where was measured. The schematic shape of the sample is shown
in Figure 1. Thus, the locations detected by EBSD were near the surface of the plate and were denoted
as 1, 2, 3, and 4.
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Figure 1. Shape of the sample section and the locations for detection as denoted by numbers 1–4 in 
the square set correspond to the locations for detection. 

The microstructural and crystallographic features of the sample were characterized by electron 
backscatter diffraction (EBSD) (Oxford Instruments, London, UK.) measurement by using a field-
emission-type scanning electron microscope (FE-SEM) operated at 20 kV and equipped with an HKL 
orientation imaging microscopy system. 

3. Results 

Figure 2 shows the orientation mappings and coincidence site lattice (CSL) with band contrast 
of {332}<113> twinning corresponding to locations 1, 2, 3, and 4 in Figure 1. 

 

 

Figure 1. Shape of the sample section and the locations for detection as denoted by numbers 1–4 in the
square set correspond to the locations for detection.

The microstructural and crystallographic features of the sample were characterized by electron
backscatter diffraction (EBSD) (Oxford Instruments, London, UK.) measurement by using a field-
emission-type scanning electron microscope (FE-SEM) operated at 20 kV and equipped with an HKL
orientation imaging microscopy system.

3. Results

Figure 2 shows the orientation mappings and coincidence site lattice (CSL) with band contrast of
{332}<113> twinning corresponding to locations 1, 2, 3, and 4 in Figure 1.
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Figure 2. Mappings of orientation and coincidence site lattice corresponding to Figure 1. Among 
them, (a–b) correspond to location 1, (c–d) correspond to location 2, (e–f) correspond to location 3, 
and (g–h) correspond to location 4 in Figure 1, (i–k) misorientation profile along the arrow line 1, 2, 
and 3 in (c), (e) and (g), respectively. 

The maps of orientation in Figure 2 was characterized by the evolution of orientation 
corresponding to locations 1–4 in Figure 1, and it is indicated that the grains are approximately 
rotated to the <111> orientation from location 2 to 4 in Figure 1. A twinning mode is typically 
identified by examining misorientation of the related directions or planes in two lattices [40], and the 
misorientation along the white arrow lines denoted as 1, 2, and 3 in Figure 2i–k are close to 50.4°, and 
this characterizes the boundaries of {332}<113> twins. Therefore, the green lines inside the grains 
shown in Figure 2 are characterized as the {332}<113> twinning boundaries. Furthermore, the 
coincidence site lattice (CSL) denoted as Σ11 represents the {332}<113> twins [11], and thus it is 
indicated that {332}<113> twinning predominates the deformation microstructures. In comparison, it 
was seen that there were fewer lamellae in Figure 2e than in Figure 2g. The main reason was that 
Figure 2g was closer to the center of the thickness, meanwhile, Figure 2e was closer to the surface of 
the thickness. Besides, there is ternary {332}<113> twinning in the white dot line box and imprints of 
coalescence of twins (or vanishing of twin boundaries) in the grain marked G4-1 in Figure 2g, while 
there are no imprints of coalescence of twins and there are only secondary twins in Figure 2e. As 
shown in Figure 2a,b, prior to the deformation, the as-quenched Ti-35Nb-2Ta-3Zr-O (wt %) alloy 
consists of relatively large β phase grains with homogeneous equiaxed grain shape and an average 
grain size of approximately 50 m while {332} twins are not observed. As shown in Figure 2c,d, 
primary {332} twins just emerge, and the shape is thin and straight as generated from grain 
boundaries (GB). The {332}<113> twinning forms at the rolling initial stage. It should be noted that 
the initial {332}<113> twinning is observed for the first time in the rolling bite zone. As shown in 
Figure 2e,f, the thickness of the {332}<113> twinning increases and even presents secondary twins 
while the twinning boundaries (TB) become coarse albeit remaining relatively straight. Additionally, 
several deformation bands potentially resembled {332} twins as denoted by the thin dash in Figure 

Figure 2. Mappings of orientation and coincidence site lattice corresponding to Figure 1. Among them,
(a–b) correspond to location 1, (c–d) correspond to location 2, (e–f) correspond to location 3, and (g–h)
correspond to location 4 in Figure 1, (i–k) misorientation profile along the arrow line 1, 2, and 3 in (c),
(e) and (g), respectively.

The maps of orientation in Figure 2 was characterized by the evolution of orientation corresponding
to locations 1–4 in Figure 1, and it is indicated that the grains are approximately rotated to the <111>
orientation from location 2 to 4 in Figure 1. A twinning mode is typically identified by examining
misorientation of the related directions or planes in two lattices [40], and the misorientation along
the white arrow lines denoted as 1, 2, and 3 in Figure 2i–k are close to 50.4◦, and this characterizes
the boundaries of {332}<113> twins. Therefore, the green lines inside the grains shown in Figure 2
are characterized as the {332}<113> twinning boundaries. Furthermore, the coincidence site lattice
(CSL) denoted as Σ11 represents the {332}<113> twins [11], and thus it is indicated that {332}<113>
twinning predominates the deformation microstructures. In comparison, it was seen that there were
fewer lamellae in Figure 2e than in Figure 2g. The main reason was that Figure 2g was closer to
the center of the thickness, meanwhile, Figure 2e was closer to the surface of the thickness. Besides,
there is ternary {332}<113> twinning in the white dot line box and imprints of coalescence of twins (or
vanishing of twin boundaries) in the grain marked G4-1 in Figure 2g, while there are no imprints of
coalescence of twins and there are only secondary twins in Figure 2e. As shown in Figure 2a,b, prior to
the deformation, the as-quenched Ti-35Nb-2Ta-3Zr-O (wt %) alloy consists of relatively large β phase
grains with homogeneous equiaxed grain shape and an average grain size of approximately 50 m
while {332} twins are not observed. As shown in Figure 2c,d, primary {332} twins just emerge, and the
shape is thin and straight as generated from grain boundaries (GB). The {332}<113> twinning forms
at the rolling initial stage. It should be noted that the initial {332}<113> twinning is observed for the
first time in the rolling bite zone. As shown in Figure 2e,f, the thickness of the {332}<113> twinning
increases and even presents secondary twins while the twinning boundaries (TB) become coarse albeit
remaining relatively straight. Additionally, several deformation bands potentially resembled {332}
twins as denoted by the thin dash in Figure 2f. Min et al. [19] reported similar results for a Ti-Mo
alloy. As shown in Figure 2g,h, the CSL of Σ11 decreases, and this implies that the coherency TBs
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of {332} twinning are missing, a few TBs become bent, and a few {332} TBs even turn into entire
grain boundaries.

4. Discussion

The three typical stages corresponding to the sequence of deformation twinning are nucleation,
propagation, and growth [41]. Two stages of deformation twinning evolution strain are shown in
Figure 2. The twinning illustrated in Figure 2c,d corresponds to the second stage, namely propagation.
However, few twins correspond to the growth stage such as the twins inside the grain denoted as
G2-1 in Figure 2c. Twinning propagation refers to the process of the twin front moving into the
bulk of the grain and eventually encountering a grain boundary or an obstacle, such as another
twin, inside the parent crystal [41]. The twinning illustrated in Figure 2e,f, as well as Figure 2g,h,
corresponds to the third stage (i.e., growth). The growth process of twinning is subject to a three-step
sequence as follows: The formation of twins inside a grain (the thickness of the twin increases), growth
(the TB becomes bent), and coalescence of twins (or vanishing of twin boundaries) to continue twin
growth [42]. Multiple twinning with parallel TBs divide the parent grains into twin/matrix lamellae.
The mechanism of twinning growth consists of lamellae thickening of twins and inserting of new
twin lamellae [43]. The mechanism of {332}<113> twinning formation is not clarified today [22],
and thus several models of {332}<113> twinning were proposed. Among the models, the first
crystallographic model corresponded to simple shears on successive twinning planes along the
twinning direction, and thus it accompanied necessary shuffles for the other atoms [22] and is referred
to as the shear-shuffling model [18]. Furthermore, the Hall-Petch-type relation may be applied to
{332}<113> twinning since {332}<113> twinning obeys Schmid’s law [18,19]. Wang et al. [18] reported
that the Hall-Petch slope for {332}<113> twinning β Ti-20V-2Nb-2Zr alloy in stress-strain curve exceeds
that of a governed dislocation glide when {332}<113> mechanical twinning is dominant.

The next mission was elucidating the relationship between variants of {332}<113> twining and
deformation energy consumed to form {332}<113> twins by using the shear-shuffle mechanism
and subsequently clarifies the mechanism of {332}<113> deformation twinning. The deformation is
estimated as follows.

We calculate the elastic modulus and shear modulus with respect to the {332} plane by using the
results obtained by Wang et al. [1] given the paucity of studies that examine the {332} plane. Based on
the equations reported by Wang et al. [1] and given the anisotropy of materials, the values of the elastic
constant and shear modulus correspond to E{332} = −0.126 GPa and G{332} = 0.063 GPa, respectively.
Additionally, the results correspond to anomalous data when compared with results obtained by
Tane et al. [44]. Given the isotropy of materials, the shear modulus and elastic modulus correspond to
G{332} = 29.6 GPa and E{332} = 0.18 GPa, respectively, and the results are consistent with those obtained
in previous studies [44,45]. Given the low shear modulus on {332} plane, we used the shear-shuffle
mechanism for {332}<113> twinning (Kawabata et al. [12] model) to calculate the deformation. In order
to eliminate the interaction of the friction forces in the sample surfaces, we used Figure 2b,c.

We assumed that the simple shear-shuffle model is applicable to {332} twinning, and thus
the twinning energy corresponds to W= τs|twin frame = σyε

′
33

∣∣∣crystal frame where τ denotes the critical
resolved shear stress, s denotes the twinning shear magnitude [30], σy denotes the yield strength,
and ε′33 denotes the twinning deformation along ND direction (parallel to 3 axis) shown in Figure 1.
Thus, the twinning normal of the plane corresponds to {332} and the shear direction corresponds to
<113> such that the magnitude of the Burgers vector is 1/22 <113> [12]. Wang et al. [30] used the
Hall-Petch-type relation to clarify the variants of twins in titanium alloys with hexagonal close-packed
(hcp) structure. The twin deformation energy is expressed as follows [30]:

W = τs = σ0ε
′
33 +

k√
L
ε′33 (1)
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where, W denotes the twin deformation energy that is considered as internal energy in the propagation
stage, and σ0 and k are constant and viewed as theoretical yield stress. Additionally, ε′33 denotes
the contribution of twinning deformation for macro-strain tensor component ε33 applied along the
3 axis (the ND direction) in Figure 1. Furthermore, L denotes the free path of the twin lamella prior to
encountering an obstacle (grain boundary, precipitate or other twins) and is visualized with its longest
boundary traces on the sample observation plane by means of stereographic [30] that determines the
orientation of twinning variants by using the trace method [46,47] and is illustrated in Figure 3a. Thus,
the results indicate that L = 35.7 µm in grain G2-1. We assume that the alloy exhibits elastic isotropy,
and thus ε′33/

√
L dominates the magnitude of twinning deformation energy [30].
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The twinning strain tensor ε′′ij in the orthonormal crystal sample coordinate system is expressed
as follows [40]:

ε
′′
ij = γ

 b1n1
1
2 (b1n2 + b2n1)

1
2 (b1n3 + b3n1)

1
2 (b2n1 + b1n2) b2n2

1
2 (b2n3 + b3n2)

1
2 (b3n1 + b1n3)

1
2 (b3n2 + b2n3) b3n3

 (2)

where, γ denotes the magnitude of the twinning shear, here γ ≈ 0.0448 [12,14], [n1, n2, n3] denotes
the normal to the twinning plane, and [b1, b2, b3] denotes the twinning direction in the crystal
coordinate system.
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We assume that G corresponds to the coordinate transformation matrix from the macroscopic
sample coordinate system to the orthonormal twin reference system, and thus the strain tensor of
twinning the sample coordinate system is expressed as follows [30]:

ε′ij = G
(
ε
′′
ij

)
G−1 (3)

The variants of {332} twins inside grains G2-1, G2-2, and G3-1 (as shown in Figure 2) are identified
by using the traces method [48] as shown in Figure 3b. Inside grain G2-1, the twins variant corresponds
to the (233)matrix//(332)twin, and G2-2 corresponds to the (332)matrix//(332)twin. Conversely, inside
G3-1, there are two types of {332} twins, and the variants correspond to the (332)matrix//(323)twin and
(323)matrix//(233)twin.

Considering that effects of both ω and α” phase [9,22,24] on the model of Kawabata [12],
the constant k in Equation (1) is estimated by using the “partial dislocation model” for the
nanocrystalline and nanotwinned metals [49,50], and then k is expressed as follows:

k =
Gb(4π− 1)

24
√

L
(4)

where, b denotes the magnitude of {332}<113> twinning dislocation with b = 1/22 [113]a0 ≈ 0.4954 nm
and lattice constants a0 ≈ 0.3286 nm [51]. Furthermore, G ≈ 29.6 GPa as mentioned previously [52].

Given that the behavior is sensitive to the chemical composition of Ti-Nb-based alloys [53],
the constant σ0 is estimated as 0.68 GPa since its chemical composition is extremely similar to that in
the results obtained by Withey et al. [5,7]. Nevertheless, the real value of σ0 is less than 0.68 GPa since
0.68 GPa denotes the external load obtained in Withey et al. [5,7].

The deformation energy Wtwin for many grains in Figure 2 is calculated based on Equations (1)–(4),
and the results for grains G2-1. G2-2 and G3-1 are listed in Table 1.

Table 1. Results of the deformation energy for {332}<113> twinning.

Variant of {332} Twins

Deformation Energy, J/m2 × 105

Orientation of Grains

G2-1 G2-2 G3-1

Euler Angle, ◦ (254.0, 19.0, 45.0) (202.3, 50.0, 45.6) (319.7, 37.4, 16.8)

(233)[311] −1.87 2.4 −15.7
(233)[311] 2.54 * 15.4 17.2
(323)[131] 5.33 −26.6 −11.7 *
(323)[131] 10.9 −6.86 14.1
(332)[113] 15.7 −35.7 −5.11
(233)[311] −24.6 4.59 −7.53
(323)[131] −27.6 35.8 58.0
(332)[113] −26.5 −26.6 * −39.2
(233)[311] 34.6 54.2 48.1
(323)[131] 38.8 −27.9 2.21
(332)[113] 47.4 −0.213 24.4
(332)[113] 53.4 27.3 51.6 *

* represent the active twinning variants.

The experimentally observed active variants are denoted as “*” in Table 1. As shown in Table 1,
the deformation energy of (233)[311] twinning variants in G2-1 corresponds to 2.54 × 105 J/m2 and
that of (332)[113] corresponds to 26.6 × 105 J/m2 in grain G2-2 while those in grain G3-1 correspond
to 11.7 × 105 J/m2 and 51.6 × 105 J/m2, respectively. Thus, it is concluded that the deformation
energy for {332}<113> twins in Ti-35Nb-O(wt %) can range from 2.54 × 105 to 51.6 × 105 J/m2 roughly.
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Additionally, the results indicate that the deformation energy does not correspond to the variant
selection criterion for {332}<113> twinning in the β-type Ti-35Nb-2Ta-3Zr-O(wt %) alloy.

Kochmann et al. [36] investigated the energetic threshold for the onset of twinning using continuum
mechanics model. Although the values of deformation energy in [36] was less than our results of
deformation energy, the method of calculation for deformation energy was similar to our method.
The main reasons for the disagreement between the results obtained in extant studies [36,54] and
the results obtained in the current study correspond to the constant σ0 in Equation (1). Specifically,
the critical resolved shear stress (CRSS) for nucleation, propagation, and growth is not constant.
The value of CRSS in nucleation was initially significantly high. It then decreased and subsequently
increased when the onset of propagation was minimum [42,47,55]. Thus, the work derived from CRSS
in the onset of propagation can be viewed as the threshold, and the value can be approximately viewed
as deformation energy.

The results in Table 1 correspond to the deformation energy for the single slip system of {332}<113>
twinning formation, and thus the active volume on the {332}<113> twins should refer to the numbers
of the active atomic layers [55,56]. Based on Equations (1)–(4), in grain G2-1, the contribution of the
(233)[311] twinning strain in the crystal coordinate frame to sample coordinate frame is 0.000372,
and the driving stress for (233)[311] twinning is 0.683 GPa. Thus, the value of the driving stress
indicates that the value of σ0 in Equation (1) controls the estimation value of deformation energy,
and thus the real value of deformation energy is less than the obtained result since the yield stress
corresponds to the resultant force including more than five active slip systems. Despite the approximate
estimation, the value is consistent with that obtained by Morris Jr. et al. [57].

The deformation energy in the study corresponds to the total deformation because the Kawabata
model [12] contains the shuffle. Takesue et al. [58] and Kawabata et al. [12] reported the yield strength
of a single crystal in Ti-36Nb-2Ta-3Zr-0.3O (wt %) along the <110> direction as approximately 200 MPa,
the corresponding strain as 0.005, and the total deformation energy including elastic strain energy and
plastic strain energy as approximately 5× 105 J/m2. This is in good agreement with the results obtained
in the present study. Similarly, the results obtained by Talling et al. [6,53] approximately corresponded
to 22.5× 105 J/m2 for Ti-36Nb-2Ta-3Zr-0.3O (wt %) alloy subjected to solution treatment and quenching.
The deformation energy as reported by Morris Jr et al. [57] approximately corresponded to 11.7 J/m2 for
in situ tensile testing along the <110> direction when α” emerged, and thus the results are also in good
agreement with our results. A detailed comparison between the results reported by Takesue et al. [58]
(or Kawabata et al. [12]) and Morris et al. [57] indicated that the results obtained by Takesue et al. [58]
and Kawabata et al. [12] did not exhibit the emergence of an α” phase during the entire tension
test and the yield strength was significantly low (approximately 200 MPa). The results obtained by
Morris et al. [57] indicated an evident yield characteristic prior to the emergence of the α” phase and
the yield strength (approximately 800 MPa) was significantly high. Furthermore, Takesue et al. [58]
and Kawasaki et al. [12] reported that the strain corresponding to yield was approximately 0.005,
while Morris Jr. et al. [57] reported an approximate strain of 0.025. Hanada et al. [17] indicated
that <332><113> twinning can form under any compressive axis in β-type Ti-36Nb or Ti-36Nb-0.3O
(wt %) alloys, and this indicated that {332}<113> twinning could form under a load with a sufficient
magnitude in any direction. Thus, it is supposed that {332}<113> twinning forms when the yield point
emerges in Takesue et al. [58], meanwhile {332}<113> twinning can also form after the emergence of
the α” phase in Morris et al. [57]. In the study, the difference in deformation energy indicated that
there are two types of mechanisms of {332}<113> twinning formation, namely the shear-shuffle mode
for low values of deformation energy and another type that is formed inside the α” phase for high
values of deformation energy. The details of the discussion based on Taylor-Bishop-Hill theory follow.

From the discussed reviews, it was seen that there were obvious differences between the
deformation energy of “deformation bands” [58] and that of α” phase formation [57]. The speculation
is as follows: Metastable β-type Ti-Nb-based alloys are prone to β-α” phase transformation under
loading conditions with slight deformation. The α” phase reverses to β in the case of unloading,
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and some {332}<113> twinning remains in the alloy [12,23,58]. Lai et al. [22] and Chen et al. [24]
proposed that {332}<113> twinning originates from the α” phase. Additionally, the α” phase
corresponds to an orthorhombic structure with the space group Cmcm [22]. Elmay et al. [59] indicated
that the β to α” phase transformation accompanies a high change in the lattice parameters with
decreases in both parameters a and c. Simultaneously an increase in parameter b is caused by tensile
deformation. Bertrand et al. [60] revealed that {130}<310>α” twinning is easily observed in the full α”
phase. Chen et al. [24] suggested that the orientation relationship (130)α”//(332)β exists in a gradual
transition zone from α” to β inside the {332} twinning band. Furthermore, the α” phase inside the
β phase is induced by shuffling adjacent to {110}β planes in the <110>β direction [61,62]. Therefore,
it is speculated that the steps for the {332}β twinning mechanism are as follows: the first corresponds
to the β to α” phase transformation under loading, the second corresponds to the appearance of
{130}α” twinning under loading, and the third corresponds to {130}α” twinning to {332}β twinning
during unloading. Therefore, {332}β twinning can be attributed to the α” phase in theory. Additionally,
the α”-assisted model is considered as a combination of active slip systems.

As mentioned, the previous experimental results [6,57,58] are adequately consistent with our
calculation results. In order to interpret the phenomenon, it is inferred that {332}<113> twinning is
derived from both the shear-shuffle mechanism and α”-assisted twinning mechanism. Specifically,
the expression on the left side of the second equal sign in Equation (1) corresponds to the single
active slip system while the expression on the right side of the last equal sign corresponds to the
external load that can include more than five active slip systems in case of yield conditions. Based
on Taylor-Bishop-Hill theory [32,63,64], the {332}<113> twinning with a lower value of deformation
energy corresponds to the shear-shuffle model because an active single-slip system requires minimum
work, while the relatively higher value of the α”-assisted twinning mechanism requires more than five
active slip systems, and the work corresponds to the maximum. This indicates that the deformation
energy reported in other studies must exceed that obtained in the results of the present study. Thus,
the formation mechanism for the variants of {332}<113> twinning with low deformation energy
corresponds to the shear-shuffle model and those with a high value correspond to the α”-assisted
model. Among all the models of {332}<113> twinning formation, only Kawabata et al. [12] and
α”-assisted twinning models are adequately consistent with the results obtained in previous studies
(such as Tane et al. [4,44], Kawabata et al. [12], Yao et al. [13], Hanada et al. [17], Talling et al. [53],
Morris Jr [57], and Takesue [58]) via the analysis of deformation energy based on the Hall-Petch-type
relation. Moreover, Bishop et al. [64] proposed that the sum of the absolute values of a physically
possible set of shears producing a given strain is less than that of a set which is only geometrically
possible, and the model of Kawabata et al. [12] is well consistent with it.

5. Conclusions

In summary, the crystal orientation of the cold rolling bite zone was obtained via EBSD in
Ti-35Nb-2Ta-3Zr-O (wt %) alloy. We calculated the deformation energy of {332}<113> twinning in
the propagation stage using experimental data from EBSD based on the Hall-Petch-type relation.
The mechanism of {332}<113> twinning formation was investigated based on deformation energy.
The main results are summarized as follows: (1) Specifically, {332}<113> twinning predominated the
microstructure in the complete rolling bite zone; (2) the deformation energy of {332}<113> twinning
did not correspond to the variant selection criterion for {332}<113> twinning using the shear-shuffle
mechanism; and (3) a comparison of our results with the results of previous studies indicated that
the {332}<113> twinning was derived from the shear-shuffle mechanism and α”-assisted twinning
mechanism. Additionally, variants of {332}<113> twinning with a lower value of deformation energy
corresponded to the shear-shuffle model, while higher values corresponded to the α”-assisted twinning
model. This result may improve our understanding of the mechanism of {332}<113> twinning
formation further.
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