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Abstract: In order to consider the effect of fabric anisotropy in the analysis of geotechnical
boundary value problems, this study proposes a modified model based on a fabric-based
modified Cam-clay model, which can account for the anisotropic response of soil. The
major modification of the original model aims to simplify the equations for numerical
implementation by replacing the SMP strength criterion with the Lade’s strength criterion.
This model comprehensively considers the inherent anisotropy, induced anisotropy, and
three-dimensional strength characteristics of soil. The model is first numerically imple-
mented using the elastic trial–plastic correction method, and then it is encapsulated into
the FLAC3D 6.0 software, and tested through conventional triaxial, embankment loading,
and tunnel excavation experiments. Numerical simulation results indicate that considering
anisotropy and three-dimensional strength in geotechnical engineering analysis is necessary.
By accounting for the interaction between microstructure and macroscopic anisotropy, the
model can more accurately represent soil behavior, providing significant advantages for
geotechnical analysis.

Keywords: fabric anisotropy; failure criterion; cam-clay; Flac3D; numerical implementation

1. Introduction
To analyze and calculate the mechanical response of geotechnical bodies under various

complex conditions, numerous successful constitutive models have been proposed [1–14].
However, the validation and application of most models are largely limited to element-level
problems or practical engineering cases with structural symmetry and simple boundary
conditions. To analyze the complex geotechnical problems frequently encountered in
practice, it is inevitable to integrate these constitutive models into numerical analysis
software [15–19]. Currently, the Mohr–Coulomb (M-C) model and the modified Cam-clay
(MCC) model in elastoplastic frameworks have been integrated into nearly all numerical
analysis software for geotechnical engineering and are widely accepted for analyzing prac-
tical engineering problems [20,21]. However, as pointed out by some researchers [22–25],
the selection of constitutive models is crucial in the analysis of geotechnical boundary
value problems. An inappropriate choice of constitutive model may result in unrealistic
predictions. It is well known that the circular yield surfaces of these two models cannot
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capture the dependence of strength on Lode’s angle. Consequently, they tend to signifi-
cantly overestimate the tensile strength of geotechnical materials. Given that underground
structures are commonly subjected to cyclic tensile and compressive loads during their
service life, such as seismic loads [26,27], the strength/yield criterion should be extended
to the three-dimensional stress space when analyzing their dynamic response [28–30].

It is also noteworthy that, due to gravitational effects during natural sedimentation,
soil particles form spatial arrangements of particles and associated voids with certain
statistical characteristics, displaying anisotropic features at the macroscopic level (known as
inherent anisotropy) [31,32]. Because of inherent anisotropy, the mechanical response of soil
is highly sensitive to the loading direction. Specifically, lower strength is observed when
the principal stress direction deviates from the deposition direction [33–35]. Additionally,
non-coaxial behavior has been observed, where a significant difference exists between the
directions of the principal stress and the principal strain increment [36–38]. On the other
hand, under external loading during service, soil particles undergo rearrangement (leading
to induced anisotropy), which further results in the accumulation of pore water pressure
or plastic deformation [39–42]. Extensive research has confirmed that neglecting inherent
or induced anisotropy in the analysis of underground structures can lead to designs that
deviate from actual conditions and pose safety risks [43–46].

To analyze the anisotropic behavior of soils, a large number of successful models
have been proposed, among which the S-CLAY model series and the SANISAND model
series are particularly widely accepted and applied [47–52]. Although these two types
of models have different applicable scopes, they are both based on the same concept of
rotational hardening. These models aim to represent the anisotropic response of soils
by using yield surfaces that rotate with plastic deformation. These models have been
successful on a macroscopic scale because they can clearly reflect the relationship between
soil strength (or deformation) and anisotropy. However, a large body of evidence from a
microscopic perspective has shown that this macroscopic anisotropic behavior is closely
related to the microstructure of soil [53–57]. Rotational hardening models, which are based
on phenomenological approaches, struggle to quantitatively explain this relationship. In
recent years, thanks to advancements in DEM technology, many multiscale models in-
corporating soil microstructural information have been developed [1,3,58–61]. Notably,
interesting attempts have been made by Yao and Kong [62], Yao et al. [63], as well as Tian
and Yao [64]. In their work, they proposed a modeling approach called the Anisotropic
Transformation Stress (ATS) Method. Under the framework of ATS, the fabric tensor repre-
senting microscopic anisotropy information can be easily integrated into the constitutive
model through a two-step stress transformation without introducing additional model
parameters. Furthermore, by combining a specific strength criterion, the generalization
of the yield surface can be achieved without introducing additional parameters. Using
this method and combining it with the MCC model, Tian [65] successfully proposed a
fabric-based MCC model. The validity of this model has been verified at both macroscopic
and microscopic scales.

In this study, building upon the model proposed by Tian [65], the fabric evolution law
and the strength criterion are further modified, and an improved version of the fabric-based
MCC model is introduced. The purpose of these modifications is to simplify the model
equations, thereby facilitating numerical implementation. Specifically, the SMP strength
criterion used in the original model is replaced with Lade’s strength criterion, which avoids
the need to compute the second invariant of the principal stresses. In this model, the
inherent anisotropy of the soil is characterized by a fabric tensor defined based on the initial
preferential orientation of particles [66–68], while the induced anisotropy is quantified
through a fabric evolution rule driven by the plastic strain rate [69–71]. Subsequently, the
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model is numerically implemented using an elastic trial–plastic correction approach and
integrated into the FLAC3D software. In this approach, the plastic multiplier of the model
can be easily and explicitly calculated using the quadratic equation root-finding formula.
Finally, a series of numerical experiments were conducted using the model in the FLAC3D

software. These experiments included conventional triaxial tests, embankment load tests,
and tunnel excavation tests. The results demonstrated the effectiveness and validity of the
model. The study found that the model could reasonably capture the three-dimensional
strength characteristics and anisotropic behavior of the soil, and these features are essential
and cannot be ignored in practical engineering applications.

2. Constitutive Relation of Fabric-Based MCC Model
2.1. MCC Model, a Brief Review

The development of the MCC model was a major breakthrough in the elastoplastic
modeling of geomaterials [72]. Although its application in practical engineering remains
somewhat debated, the underlying concept of the MCC model is remarkably straight-
forward and serves as a powerful tool [73]. It is particularly well suited for describing
the mechanical behavior of normally consolidated or lightly over-consolidated soft clays.
Additionally, many constitutive models in the literature have been built around the core
principles of MCC plasticity [17,28,62,74,75]. The basic equations for the MCC model can
be given as follows:

f = g = q2 + M2 p(p − pc), (1)

p = σii/3, sij = σij − pδij, q =
√

3sijsij/2, (2)

eN = e + λlnp, (3)

where f and g are the yield and plastic potential functions, respectively. σij is effective stress
tensor. sij is deviatoric stress tensor. p and q are the mean and deviatoric stress, respectively.
δij is Kronecker tensor. pc is consolidation pressure. M denotes the critical stress ratio. e is
void ratio. eN denotes the intersection of the normal consolidation line (NCL) with the e
axis in the e-lnp space. λ denotes the slope of compression line.

2.2. MCC Model Enhanced by Fabirc Anisotropy and Lade’s Criterion

To measure the anisotropic characteristics of soil, various definition methods for fabric
tensors have been proposed [76]. According to the work of Yao et al. [63], Tian and Yao [64],
and Tian et al. [65], if the preferred orientation of particle long axes is used to define the
fabric tensor Fij, it can be expressed as follows:

Fij =

∆ 0 0
0 (1 − ∆)/2 0
0 0 (1 − ∆)/2

, (4)

where ∆ represents the degree of the anisotropy of the preferred orientation of the parti-
cles [58,77]. Furthermore, the deviatoric part of Fij can be given as follows [68]:

Pij =
5
2
(
3Fij − δij

)
, A =

√
PijPij, (5)

where Pij denotes the deviatoric part of Fij. A is the norm of Pij, used to measure the degree
of anisotropy.

In order to quantitatively describe the variation in fabric tensor during the loading
process, a fabric evolution law should be defined. Tian and Yao [64] and Tian et al. [65] have
proposed a unified fabric evolution law driven by plastic volumetric deformation, which
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has been successfully applied to both sand and clay. In this paper, to facilitate numerical
implementation, the fabric evolution rule is modified as follows:

dFij = cF
(
δij/3 − βηij − Fij

)
dγ (6)

where cF is a model parameter used to control the evolution rate of fabric tensor under
plastic loading. β is a model constant used to control the final degree of anisotropy.
ηij = sij/p is stress ratio tensor. dγ is plastic multiplier.

To extend the yield surface to three-dimensional anisotropic space, Yao et al. [78], Yao
and Kong [62], and Yao et al. [63] have proposed the anisotropic transformed stress (ATS)
method. This method maps the stress into a virtual transformed stress space by combining
the fabric tensor and a specific strength criterion, allowing for the description of the effects
of fabric anisotropy and Lode’s angle on yield strength within this space. According to
the work of Tian [65], the stress is first modified using the fabric tensor to extend the yield
surface of the MCC model to account for anisotropy, as follows:

σij =
3
2

(
σikFkj + Fikσkj

)
− slmFmlδij, (7)

p = σii/3, sij = σij − pδij, q =
√

3sijsij/2, (8)

where σij is referred to as the modified stress tensor [64,65], which contains information
related to fabric. sij is the deviatoric part of σij. p and q are the mean and deviatoric stress
of σij.

Furthermore, to extend the yield surface to a three-dimensional stress space, the
modified stress should be combined with a specific strength criterion. In the work of
Tian [65], the SMP criterion was used to create a three-dimensional yield surface for the
MCC model. However, this method requires obtaining all three invariants of the modified
stress, which complicates numerical implementation. For simplicity, this paper employs
Lade’s criterion to three-dimensionalize the MCC yield surface. This criterion requires only
the first and third invariants of the modified stress and its validity has been confirmed as
follows [28,64]:

σ̃ij =

{
pδij + qcsij/q, (when q ̸= 0)
σij, (when q = 0)

, (9)

qc = I1

{
1 +

J
2

[
cos

(
1
3

cos−1 J
)]−1

}
, J =

√
27I3/I3

1, (10)

where σ̃ij is referred to as the transformed stress tensor. I1 and I3 represent the first and
third invariants of σij, respectively. J is a variable determined by current modified stress.
qc denotes the strength under triaxial compression condition.

By substituting the transformed stress into yield function defined in the real stress
space, the yield function f̃ and plastic potential function g̃ of the modified MCC model can
be given as follows [65]:

f̃ = g̃ = q̃2 + M̃2 p̃( p̃ − p̃c), (11)

p̃ = σ̃ii/3, s̃ij = σ̃ij − p̃δij, q̃ =
√

3s̃ij s̃ij/2, (12)

M̃ = M − βM(M + 3), (13)

where s̃ij is the deviatoric part of σ̃ij. p̃ and q̃ are the mean and deviatoric stress of σ̃ij. M̃
denotes the critical state ratio in modified/transformed stress space [63–65]. It is important
to note that Equation (11) implies that the flow rule of this model is associated. This is
because Hashiguchi [79] emphasized that if a constitutive model is developed within a
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rate-independent framework, the associated flow rule must hold. p̃c denotes the hardening
variable, and its evolution rule can be given as follows:

dp̃c =
1 + e
λ − κ

p̃cdε
p
v, (14)

where κ is the slope of swelling line. dε
p
v denotes the plastic volumetric increment.

Furthermore, based on the elastoplastic theory, the stress–strain relationship can be
expressed as follows:

dp = K
(

dεv − dε
p
v

)
= K

(
dεv − dγÑv

)
, (15)

dq = 3G
(

dεq − dε
p
q

)
= 3G

(
dεq − dγÑq

)
, (16)

K =
1 + e

κ
p, G =

3(1 − 2v)
2(1 + v)

K, (17)

Ñv =
∂g̃
∂ p̃

= M̃2(2p̃ − p̃c), Ñq =
∂g̃
∂q̃

= 2q̃, (18)

where dεv and dεq are the volumetric and deviatoric strain increments, respectively. dε
p
q is

the plastic deviatoric strain increment. K and G are the bulk and shear modulus, respec-
tively. v is Poisson’s ratio. Ñv and Ñq denotes the plastic volumetric and deviatoric flow
directions, respectively.

For convenience of comparison, Table 1 lists the model parameters of the MCC model
and the fabric-based MCC model defined in this study, where M, λ, κ, v, and eN (or ere f )
are referred to as the basic parameters in this study, as they are common to all models in
the MCC family. Compared to the MCC model, the model in this study also requires the
determination of parameters such as ∆, β, and cF. These parameters, first proposed by
Yao et al. [63], Tian and Yao [64], and Tian et al. [65], are related to the fabric anisotropy of
the material and are therefore referred to as fabric parameters in this study.

Table 1. Model parameters of MCC model and this model.

Model Basic Parameters [72] Fabric Parameters [63–65]

MCC model M, λ, κ, v, eN
(
or ere f ) /

Fabric-based MCC model M, λ, κ, v, eN
(
or ere f ) ∆, β, cF

Remarks: M is critical state ratio; λ is the slope of critical state line; κ is the slope of swelling line; v is the Poisson’s
ratio; eN is the intersection of consolidation line with the e axis in the e-lnp space. ere f denotes the reference void
ratio at a specific stress level. ∆ denotes the initial fabric anisotropy. β denotes the final fabric anisotropy. CF
controls the evolution rate of fabric anisotropy.

3. Integration of Fabric-Based MCC Model in FLAC3D

The numerical algorithm flowchart of this model is shown within the blue box in
Figure 1, where superscripts k and k + 1 represent the k th and k + 1 th loading steps,
respectively. The superscript 0 denotes the initial state, and the superscript tr denotes the
elastic trial state. Before starting the calculations, it is necessary to assign initial values to the
internal variables. The initial value of the plastic state variable p̃0

c in the transformed stress
space can be determined by substituting the initial values of the other internal variables
into Equation (11), as follows:

p̃0
c = OCR

[(
q̃0
)2

/
(

M̃2 p̃0
)
+ p̃0

]
. (19)
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Specifically, when q̃0 = 0 (isotropically consolidation), p̃0
c can be given as follows:

p̃0
c = OCRp̃0, (20)

where OCR is the over-consolidation ratio. Specifically, when ∆ = 1/3 and β = 0, the
proposed model reduces to the standard MCC model (isotropic state), and, in this case,
p̃0

c = p0
c .

The integration algorithm of the model primarily consists of two parts: elastic predic-
tion and plastic correction. First, assuming purely elastic deformation occurs between steps
k and k + 1, the elastic trial stress can be updated using Equations (15) and (16), while the
internal variables Fij and p̃c related to plastic deformation are held constant, as follows:

ptr = pk + Kkdεk+1
v , qtr = qk + 3Gkdεk+1

q , (21)

Ftr
ij = Fk

ij, p̃tr
c = p̃k

c . (22)

Then, use ptr, qtr and Ftr
ij to calculate p̃tr, q̃tr and σ̃tr

ij , and substitute these trial variables
into the yield function defined in Equation (11) for evaluation. If the trail yield function
f̃ tr is less than 0, it indicates that the elastic prediction is correct, and the values for state
variables at step k + 1 can be directly output as follows:

pk+1 = ptr, qk+1 = qtr, Fk+1
ij = Fk

ij, p̃k+1
c = p̃k

c . (23)

If f̃ tr ≥ 0, this indicates that plastic deformation has occurred, and plastic correction
is required. To solve for dγk+1, it can be substituted as the sole unknown into the yield
function. Various integration algorithms, including explicit and implicit methods [80–82],
have been proposed to solve for dγk+1. Here, noting that the yield function f̃ tr = 0 is
a univariate quadratic equation, dγk+1 can be explicitly obtained using the following
quadratic formula [83]:

a
(

dγk+1
)2

+ bdγk+1 + c = 0, (24)

a =
(

M̃Kk Ñtr
v

)2
+

(
3Gk Ñtr

q

)2
, b = −Kk

(
Ñtr

v

)2
− 3Gk

(
Ñtr

q

)2
, c = f̃ tr. (25)
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Once the plastic multiplier dγk+1 is obtained, it can be substituted into
Equations (6) and (14)–(16) to perform plastic correction of the internal variables as follows:

pk+1 = ptr − Kkdγk+1Ñtr
v , qk+1 = qtr − 3Gkdγk+1dÑtr

q , (26)

Fk+1
ij = Fk

ij + cF

(
δij/3 − βηk

ij − Fk
ij

)
dγk+1, (27)

p̃k+1
c = p̃k

c

(
1 + dγk+1Ñk 1 + e

λ − κ

)
. (28)

The numerical implementation and coding processes are carried out in a C++ pro-
gramming environment. After completion, the code generates a file with a .dll extension,
which is then imported into the “cmodel” directory of the FLAC3D software to enable
program encapsulation. When using the model, it can be invoked with the command
“model configure plugin”.

In practical applications, as depicted in the left half of Figure 1, the initial environ-
ment necessary for computation is first set up, including model parameters, geometric
information, initial boundary conditions, and initial conditions (e.g., stress field). FLAC3D
then calculates the strain increments for each element using the explicit finite difference
method (FDM). With these strain increments, the stress increments can be calculated using
the constitutive relations shown in the blue region. Finally, FLAC3D checks whether the
results satisfy the equilibrium equations. If the equilibrium is met, the results are output;
otherwise, iterative calculations are performed.

4. Application of Fabric-Based MCC Model in FLAC3D

To verify the applicability of the model in FLAC3D, a series of numerical simulations
are conducted in this study, including triaxial drained and undrained simulations, embank-
ment loading simulations, and tunnel excavation simulations. The model parameters used
for simulation are listed in Table 2.

Table 2. Model parameters used for simulation.

Case Basic Parameters Fabric Parameters

Triaxial tests M = 1; v = 0.3; λ = 0.1;
κ = 0.03; eN = 1.391

∆ = 0.25 ∼ 1/3; β = 0.01 ∼ 0.07
cF = 2000 ∼ 12, 000

Embankment loading M = 0.888; v = 0.3; λ = 0.161;
κ = 0.062; ere f = 1.858 (p = 1 kPa)

∆ = 1/3; β = 0.02 ∼ 0.08
cF = 500

Tunnel excavation M = 1.85; v = 0.28; λ = 0.072;
κ = 0.006; ere f = 1.094 (p = 1 kPa)

∆ = 0.2 ∼ 0.32; β = 0.09 ∼ 0.11
cF = 10 ∼ 5000

Remarks: the basic model parameters used in the triaxial tests are selected from the typical range of clay parameters
provided by Yu [74], while the range of fabric parameters is determined with reference to the work of Tian and
Yao [64] and Tian et al. [65].

4.1. Triaxial Tests

To verify the accuracy of this model, a series of conventional triaxial tests (element
tests) are first conducted in FLAC3D. The basic model parameters are shown in Table 2,
while the fabric parameters are set as ∆ = 1/3 and β = cF = 0. This configuration is chosen
to temporarily ignore the effects of anisotropy and focus solely on verifying whether Lade’s
strength criterion is successfully incorporated into the model. The sample is subjected to
isotropic consolidation with p = 300 kPa and subsequently undergoes triaxial compression
(TC) and triaxial extension (TE) loading under both drained and undrained conditions.
For comparison, the MCC model in FLAC3D is used with the same model parameters
for simulation. Figure 2 shows the calculation results of the MCC model and this model,
where the symbols represent the calculation results of the MCC model, and the lines
represent the simulation results of this model. Under TC conditions, the mechanical
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response predicted by this model aligns almost perfectly with that of the MCC model,
confirming the correctness of this model. However, under TE conditions, the MCC model
predicts identical ratios for the critical state stresses under compression and extension (i.e.,
Mc = Me, q/p = constant). This is because the strength envelope of the MCC model forms
a circle in the π-plane. Such predictions of the MCC model are evidently inaccurate, as
numerous experiments have demonstrated that the tensile strength of soils is lower than
their compressive strength [84,85]. In contrast, the proposed model successfully captures
the difference between extensile and compressive strengths, indicating that the yield surface
of the MCC model has been effectively extended to the three-dimensional stress space.
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Figure 2. Mechanical responses of standard MCC model and this model (∆ = 1/3, β = cF = 0) under
drained and undrained conditions: (a) effective stress paths under undrained conditions; (b) stress
ratio-strain curves under undrained conditions; (c) dilatancy behaviors under drained conditions;
(d) stress ratio–strain curve under drained conditions.

Furthermore, to simulate the anisotropic characteristics of the soil, fabric parameters
are set to ∆ = 0.3, β = 0.03, and cF = 2000, while keeping all other parameters unchanged.
As previously mentioned, due to its inherent anisotropy, the mechanical response of soil
is closely related to the direction of the applied load. To simulate this phenomenon,
different deposition directions are considered, as shown in Figure 3. When the deposition
plane is rotated, applying compressive loads along the z-axis effectively represents natural
sedimentary soils subjected to loads from different directions. Based on the work of
Tian [86], the relationship between the deposition direction δ and the fabric tensor can be
defined as follows:

Bij =

cosδ 0 −sinδ

0 1 0
sinδ 0 cosδ

 (29)



Geosciences 2025, 15, 18 9 of 23

F′
ij = BikBjl Fkl =

[(∆ + 1) + (3∆ − 1)cos2δ]/4 0 (3∆ − 1)sin2δ/4
0 (1 − ∆)/2 0

(3∆ − 1)sin2δ/4 0 [(∆ + 1)− (3∆ − 1)cos2δ]/4

, (30)

where Bij denotes the rotation tensor. F′
ij denotes the fabric tensor after rotation.
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Figure 4 shows the drained and undrained compression responses of the soil under
different deposition directions. It can be found that the soil shows a strong directional
dependence on its mechanical behavior such as failure strength, stress path, and volumetric
deformation. At lower strain levels, as the deposition direction deviates from the z-axis,
both the strength and volumetric deformation of the soil gradually decrease. This trend is
consistent with the behavior observed in experimental studies [33–35,40,56,87]. Interest-
ingly, as the strain level increases, the soil under each deposition direction tends to converge
to the same critical state. This phenomenon aligns with the anisotropic critical state theory
(ACST) proposed by Li and Dafalias [69], which suggests that anisotropic soils converge
to a unique critical state at sufficiently large strain levels. This observation confirms the
validity of the model.

The simulation results above demonstrate the validity of the model at the macro-
scopic level. Next, the accuracy of the model will be verified at the microscopic level
under drained compression conditions. Extensive observations have demonstrated that
fabric anisotropy evolves during the loading process, and the evolution patterns of soil
anisotropy vary depending on the initial conditions. However, upon reaching the criti-
cal state, fabric anisotropy converges to a unique value that is independent of the initial
conditions [42,68,88]. To verify whether the model implemented in FLAC3D can accurately
capture the characteristics of fabric evolution, a series of parameter sensitivity analyses
were conducted in this study. As shown in Figure 5, the relationships between the evolution
of fabric anisotropy A and various microscopic parameters are presented. Figure 5a (fabric
parameters are set to ∆ = 0.3, β = 0.03, and cF = 4000) shows that for deposition directions
of 10◦ and 30◦, the degree of anisotropy gradually decreases with increasing strain levels.
In contrast, for deposition directions of 60◦ and 80◦, anisotropy initially decreases and
then increases. This behavior is attributed to particle rearrangement at the initial stage,
which offsets the initial cross-anisotropy of the soil. As loading continues, the long axes
of particles gradually align perpendicular to the loading direction, leading to a renewed
increase in anisotropy. Li and Li [89] also observed a similar phenomenon. Despite the
differences in evolutionary patterns, all tests predict the same critical state fabric, consistent
with the assumptions of the ACST. Figure 5b shows the evolutions of A under different
initial values of ∆ (fabric parameters are set to β = 0.03 and cF = 4000). It can be observed
that, despite varying initial degrees of anisotropy, all tests reach the same critical state
fabric at large strain levels. Figure 5c shows the effect of parameter cF on the evolution of



Geosciences 2025, 15, 18 10 of 23

anisotropy (fabric parameters are set to ∆ = 0.3 and β = 0.01). It is evident that, according to
Equation (6), the rate of anisotropy evolution increases with the increase in parameter a
and eventually tends towards a unique stable state. Figure 5d shows the effect of parameter
β on the anisotropic behavior (fabric parameters are set to ∆ = 0.3 and cF = 4000). As β

increases, the final degree of anisotropy in the soil increases.
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Figure 4. Mechanical responses of this model under drained and undrained conditions (∆ = 0.3,
β = 0.03, cF = 2000): (a) stress ratio–strain curves under undrained conditions; (b) effective stress paths
under undrained conditions; (c) stress ratio–strain curves under drained conditions; (d) dilatancy
behaviors under drained conditions.

4.2. Embankment Loading Problem

To investigate the effects of anisotropy on typical geotechnical engineering problems,
the proposed model is used to simulate the embankment loading case provided by the
FLAC3D [90]. The dimensions and boundary conditions of the model are shown in Figure 6.
Consistent with the MCC model, the basic parameters of this model are set as M = 0.888,
v = 0.3, λ = 0.162, κ = 0.062, and the reference void ratio ere f = 1.858 when p = 1 kPa. The
density of the soil is set to 2 × 103 kg/m, while the permeability is set to 1 × 10−8 m/s. The
foundation is assumed to be lightly over-consolidated with p0

c = 160 kPa. The simulation
consists of two stages: in the first stage, an embankment load of 50 kPa is applied to the
4 m section on the left side of the top boundary of the model, with no fluid flow during this
stage, corresponding to undrained conditions; in the second stage, fluid flow is permitted to
simulate approximately three years of consolidation, corresponding to drained conditions.
Further details about the simulation can be referenced from the help documentation of
FLAC3D [90]. It should be noted that before starting the calculations, for the anisotropic
model, the initial value of the hardening parameter p̃c needs to be determined using
Equation (19).
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Figure 6. Schematic diagram of the geometric dimensions and boundary conditions for embankment
loading analysis.

As the first calculation, the fabric parameters are set to ∆ = 1/3 and cF = 500, while
β is varied from 0.02 and 0.08. The purpose of this setup is to make the initial state of
this model equivalent to the initial isotropic state of the MCC model, thereby considering
only the effects of anisotropic evolution. Figure 7 shows the mechanical responses of the
saturated soil foundation predicted by the MCC model and this model. The predicted
settlements versus time at the ground surface along the centerline of the embankment
are presented in Figure 7a for approximately 3 years of consolidation time. It can be
observed that the settlement predicted by the MCC model is approximately 0.193 m, while
this model predicts a final settlement of 0.209 m (β = 0.02), and the predicted settlement
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increases with the parameter β. Interestingly, Karstunen et al. [50] and Yildiz et al. [51]
have conducted similar comparative validations and found that considering anisotropy
led to higher predicted final settlements compared to the MCC model. This highlights
the necessity of accounting for anisotropy in practical engineering problems to avoid
unrealistic predictions. Figure 7b,c present the surface settlement troughs during the
undrained and drained stages, respectively. It can be observed that in the undrained stage,
both the MCC model and the anisotropic model predict noticeable surface heave, with
the anisotropic model forecasting a more pronounced degree of both surface heave and
settlement. During the drained consolidation stage, the anisotropic model predicts higher
settlement values. These trends align well with the conclusions drawn from the study
by Karstunen et al. [50]. Figure 7d illustrates the variation in lateral displacement with
depth at x = 4.5 m during the drainage phase. It can be observed that the anisotropic model
predicts greater lateral displacement compared to the MCC model, a similar trend also
identified by Yildiz et al. [51].
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Figure 7. Embankment loading simulations of MCC model and this model: (a) relationship between
surface settlement and time; (b) settlement trough at undrained stage; (c) settlement trough at drained
stage; (d) horizontal displacement of x = 4.5 m at drained stage.

Figure 8 shows the total displacement contours predicted by the MCC model and this
model (∆ = 1/3, β = 0.08, cF = 500). It can be observed that during both the undrained and
drained stages, the anisotropic model predicts greater horizontal and lateral displacements
compared to the MCC model. Given that the elastic behavior of both models is identical,
these differences can be attributed to the anisotropic plastic behavior.
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Figure 8. Total displacement contours: (a) MCC model at undrained stage; (b) this model at undrained
stage (∆ = 1/3, β = 0.08, cF = 500); (c) MCC model at drained stage; (d) this model at drained stage
(∆ = 1/3, β = 0.08, cF = 500).

4.3. Tunnel Excavation Problem

The final case study focuses on a tunnel excavation simulation, using the Qinghuayuan
Tunnel shield tunneling project as the background to analyze the impact of construction on
ground disturbance [91]. A half model is established as shown in Figure 9, with a domain
width of 70 m and a depth of 82 m, and the tunnel axis is located at a depth of 23.32 m with
a radius of 6.32 m. Horizontal constraints are applied to the surrounding boundaries, while
both horizontal and vertical constraints are applied to the bottom boundary. The top of
the model is set as a free boundary. According to the work of Cui [91], the soil layers in
this region mainly consist of silty clay and sandy pebbles, with sandy pebbles being the
most representative. For simplicity, the region was simplified as a homogeneous pebble
layer. The soil parameters were recorded as effective friction angle φ′ = 45◦, Poisson’s ratio
v = 0.28, unit weight = 20.2 kN/m3, and plastic index Ip = 11.6. Based on these parameters
and the work of Nakase et al. [92], the basic parameters for the MCC model and this model
can be approximated as follows:

M = 6sinφ′/
(
3 − sinφ′) ≈ 1.85, (31)

λ = 0.02 + 0.0045Ip ≈ 0.072, κ = 0.00084
(

Ip − 4.6
)
≈ 0.006. (32)

The tunnel excavation process using the stress release method is carried out in two
steps. First, the elements in the tunnel excavation area (excavation radius = 6.32 m) are
assigned a null model, and the reverse forces are applied to the grid nodes of the tunnel
excavation surrounding walls to simulate the stress release during the excavation process.
In the second step, the elements in the lining area (the blue region in Figure 9) are assigned
an elastic constitutive model, the lining elements are activated, and the reverse forces are
removed to achieve equilibrium. The thickness of the lining area is 0.5 m. According to
the work of Cui [91], Young’s modulus of the lining elements is set to 35.5 GPa, Poisson’s
ratio is set to 0.25, and the unit weight is set to 25 kN/m3. It should be noted that during
the geostress equilibrium stage, the fabric evolution parameters cF and β are set to 0 to
ensure that the soil is undisturbed prior to excavation. Then, during the excavation phase,
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the parameters cF and β are assigned predetermined values to simulate the impact of the
excavation process on the microstructure of the soil.
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It is assumed that the reference void ratio ere f of the soil at p = 1 kPa is 1.094, and
the OCR = 2.5. Using the empirical formula K0 = (1 − sinφ′) × OCRsin φ ′

[93,94], the
static lateral earth pressure coefficient K0 is approximately 0.56. For comparison, the basic
material parameters (i.e., M, λ, κ, v and ere f ) of the MCC model and the model in this
study are kept consistent. To study the effect of anisotropy on soil disturbance, the fabric
parameters of the model in this study are set as ∆ = 0.3, cF = 150, and β varies between
0.09 and 0.11. Figure 10a shows the surface settlement trough observed in the experiment,
predicted by the MCC model, and predicted by the model in this study. It can be seen that
the MCC model underestimates the maximum settlement value, while the model in this
study provides a better representation of the actual settlement. However, although fabric
anisotropy has been introduced into the MCC model, it primarily affects the settlement
depth without significantly altering the shape of the settlement basin, which differs from
the shape observed in practice. Similar patterns were also noted by Karstunen et al. [50]
and Yildiz et al. [51]. According to the work of Xiao et al. [23], this may be because the
MCC model does not account for the difference in elastic modulus during loading and
unloading. Figure 10b shows the horizontal displacements predicted by both models.
It can be observed that the anisotropic model predicts larger horizontal displacements,
which is consistent with the observations reported by Cui [91]. However, it is worth
mentioning that in the anisotropic model proposed by Cui [91], a significant soil arching
was observed around the soil surface at x = 20 m, which does not align with the experimental
observations. This discrepancy may be due to the fact that the anisotropic model proposed
by Cui [91] is established on the M-C model, which uses the ideal plasticity theory. This
theory assumes that the soil does not exhibit subsequent hardening behavior, which may
lead to an overestimation of the soil arching. Figure 11 shows the total displacement
contour plots near the excavation area predicted by the MCC model and the model in this
study. It can be observed that the displacement distribution predicted by both models is
generally consistent. However, for the model in this study, as parameter β increases, the
displacements near the crown and shoulders of the excavation area significantly increase.
This indicates that the effect of anisotropy on the disturbance of the soil layers during
excavation should not be overlooked.
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Figure 10. Tunnel excavation simulations of MCC model and this model with OCR = 2.5 and K0 = 

0.56: (a) surface settlement troughs; (b) surface horizontal displacements. 

  

Figure 10. Tunnel excavation simulations of MCC model and this model with OCR = 2.5 and
K0 = 0.56: (a) surface settlement troughs; (b) surface horizontal displacements.
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Figure 12. Tunnel excavation simulations of this model with constant OCR = 2.5 but different K0: (a) 
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Figure 11. Total displacement contours near excavation area with constant OCR = 2.5 and K0 = 0.56:
(a) predicted by MCC model; (b) predicted by this model (∆ = 0.3, β = 0.09, cF = 150). (c) Predicted by
this model (∆ = 0.3, β = 0.1, cF = 150); (d) predicted by this model (∆ = 0.3, β = 0.11, cF = 150).

In order to investigate the effect of the static lateral pressure coefficient K0 on the soil
disturbance caused by tunnel excavation under anisotropic conditions, a series of K0 values
are selected for the simulations (K0 = 0.3, 0.5, 0.8, and 1.0). Figure 12 shows the simulation
results of this model with constant OCR = 2.5 but different K0, while the fabric parameters
are set as ∆ = 1/3, cF = 150, and β = 0.09. From Figure 12a, it can be seen that as K0 increases,
the vertical settlement at the soil surface decreases. Figure 12b shows the normalized
surface settlement under different K0 conditions. It can be observed that K0 not only affects
the depth of the settlement trough but also influences its width. Specifically, lower values of
K0 predict narrower settlement troughs. This could be due to the fact that as K0 decreases,
the mean effective stress p in the soil decreases, and, as can be seen from Equation (17), the
stiffness of the soil also decreases accordingly. This trend is consistent with the observations
made by Cui [91] and Dolezalova [95]. Figure 13 shows the total displacement contours
under different K0 conditions. It can be observed that as K0 increases, the soil displacement
near the excavation area significantly decreases. Therefore, it can be concluded that the
resistance of soil to disturbance during tunnel excavation is sensitive to K0, and the value
of K0 should be determined as accurately as possible during site investigation.

The effect of OCR on tunnel excavation has always been an interesting topic of geotech-
nical engineering [96–98]. To investigate the effect of OCR on tunnel excavation, this study
sets OCR of 1.6, 1.9, 2.2 and 2.5 while keeping K0 = 0.56, and the fabric parameters are set
as ∆ = 1/3, cF = 150, and β = 0.09. Figure 14 shows the surface settlement and horizontal
displacement under different OCR conditions. It can be observed that as OCR increases,
both the settlement and horizontal displacement at the surface decrease. This is consistent
with the findings observed by Shi et al. [96] in their centrifuge tests. This may be because,
as OCR increases, the size of the initial yield surface increases, making it more difficult for
the soil to reach the plastic stage, resulting in higher stiffness. The plastic zone contour
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map in Figure 15 (blue region) confirms this conclusion, showing that as OCR increases,
the predicted plastic zone area gradually decreases. Furthermore, it can also be found that
the plastic zones predicted by the model are concentrated at the crown and shoulders of
the excavation area, which is similar to the plastic zone distribution predicted by Cui [91].
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Figure 12. Tunnel excavation simulations of this model with constant OCR = 2.5 but different K0:
(a) surface settlement troughs; (b) normalized surface settlement troughs.
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Figure 14. Tunnel excavation simulations of this model with constant K0 = 0.56 but different OCR: 
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Figure 13. Total displacement contours near excavation area with constant OCR = 2.5 but different
K0: (a) K0 = 0.3; (b) K0 = 0.5; (c) K0 = 0.8; (d) K0 = 1.0.
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Figure 14. Tunnel excavation simulations of this model with constant K0 = 0.56 but different OCR: 

(a) surface settlement troughs; (b) surface horizontal displacements. 
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Figure 14. Tunnel excavation simulations of this model with constant K0 = 0.56 but different OCR:
(a) surface settlement troughs; (b) surface horizontal displacements.

In order to investigate the effect of initial anisotropy on tunnel excavation, this study
set up two sets of numerical tests. Both sets of experiments have the same OCR = 2.5 and
K0 = 0.56, and the fabric parameters are set as cF = 150 and β = 0.09. In one set of tests,
the angle δ between the deposition plane and the z-axis is varied between 0◦ and 90◦

with ∆ = 0.3. In the other set, the value of initial anisotropy ∆ is varied between 0.2 and
0.32 while δ = 0◦. Figure 16a shows the relationship between settlement at various positions
and δ. It can be observed that as δ increases, the settlement at each position (surface,
shoulder, crown) first increases, reaching a maximum between approximately δ = 60 and
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75◦, and then decreases as δ continues to increase. Figure 16b shows the relationship
between horizontal displacement at the springline and δ. It can be observed that horizontal
displacement increases as δ increases. This may be because, as the deposition direction
gradually deviates from the z-axis, the stiffness of the soil decreases, which leads to an initial
increase in vertical settlement. As δ continues to increase, the horizontal displacement at
the springline continues to grow, and due to compression, the vertical settlement starts to
decrease. Figure 17 shows the distribution of horizontal displacement near the excavation
area under different δ conditions. It can be observed that for different scenarios, the
maximum horizontal displacement is concentrated at the springline, and as δ increases, the
maximum horizontal displacement increases.
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Figure 14. Tunnel excavation simulations of this model with constant K0 = 0.56 but different OCR: 

(a) surface settlement troughs; (b) surface horizontal displacements. 
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Figure 15. Plastic region (blue region) near excavation area predicted by this model with constant
K0 = 0.56, but different OCR: (a) OCR = 1.6; (b) OCR = 1.9; (c) OCR = 2.2; (d) OCR = 2.5.
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Figure 16. Vertical settlements and horizontal displacements at different positions predicted by this 

model with constant K0 = 0.56 and OCR = 2.5 but different δ: (a) settlements at surface, shoulder, and 

crown with different δ; (b) horizontal displacement at springline with different δ. 
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Figure 17. Horizontal displacement near excavation area predicted by this model with constant K0 

= 0.56 and OCR = 2.5, but different δ: (a) δ = 0°; (b) δ = 30°; (c) δ = 60°; (d) δ = 90°. 
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Figure 16. Vertical settlements and horizontal displacements at different positions predicted by this
model with constant K0 = 0.56 and OCR = 2.5 but different δ: (a) settlements at surface, shoulder, and
crown with different δ; (b) horizontal displacement at springline with different δ.
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Figure 16. Vertical settlements and horizontal displacements at different positions predicted by this 

model with constant K0 = 0.56 and OCR = 2.5 but different δ: (a) settlements at surface, shoulder, and 

crown with different δ; (b) horizontal displacement at springline with different δ. 
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Figure 17. Horizontal displacement near excavation area predicted by this model with constant K0 

= 0.56 and OCR = 2.5, but different δ: (a) δ = 0°; (b) δ = 30°; (c) δ = 60°; (d) δ = 90°. 

Figure 18 illustrates the relationship between vertical settlement and horizontal dis-

placement at various locations with respect to the initial anisotropy parameter Δ. It is 

Figure 17. Horizontal displacement near excavation area predicted by this model with constant
K0 = 0.56 and OCR = 2.5, but different δ: (a) δ = 0◦; (b) δ = 30◦; (c) δ = 60◦; (d) δ = 90◦.

Figure 18 illustrates the relationship between vertical settlement and horizontal dis-
placement at various locations with respect to the initial anisotropy parameter ∆. It is
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observed that as ∆ decreases, the vertical settlement at the surface, crown, and shoulder
positions decreases. However, when ∆ reduces from 0.22 to 0.2, the vertical settlement
slightly increases. On the other hand, the horizontal displacement at the haunch position
decreases monotonically with decreasing ∆. This behavior may be attributed to the fact that
as ∆ decreases, the inclination of the initial yield surface increases, resulting in different
distributions of plastic regions. Figure 19 corroborates this finding, showing that with a
reduction in ∆, the distribution of plastic regions in the excavation area shifts from the
shoulder position toward the crown position. A similar phenomenon was observed by Liu
et al. [99] in their DEM experiments when they found that the disturbed zone caused by
tunnel excavation rotates as the initial anisotropy changes.
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Figure 19. Plastic region (blue region) predicted by this model with constant K0 = 0.56 and OCR = 2.5:
(a) ∆ = 0.22; (b) ∆ = 0.24; (c) ∆ = 0.26; (d) ∆ = 0.28.

To investigate the influence of parameter cF on tunnel excavation, the fabric parameters
are set as ∆ = 0.25, β = 0.09, and cF values of 10, 100, 1000, and 5000, with OCR = 1.6 and
K0 = 0.56. Figure 20 presents the predicted maximum surface settlement and maximum
horizontal displacement for different cF values. It can be observed that as cF increases,
the predicted maximum settlement and maximum horizontal displacement also increase.
However, compared to factors such as OCR and K0, the influence of cF on the model
predictions is relatively limited. This may be attributed to the fact that the preferential
orientation of soil particles changes only minimally during excavation.
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5. Conclusions
In order to incorporate the effect of the fabric anisotropy and three-dimensional

strength characteristics of the soil into the analysis of a geotechnical engineering problem,
this study proposed a modified fabric-based MCC model based on the work of Tian [65].
Compared to the original model proposed by Tian [65], the improvements in the modified
model mainly lie in the fabric evolution criterion and strength criterion. These modifications
aim to simplify the equations for easier numerical implementation. Then, the elastic trial–
plastic correction method was used to numerically implement the model, and it was
subsequently integrated into the FLAC3D software. On this basis, the model was used to
simulate the mechanical response of soil under triaxial tests, embankment loading tests as
well as tunnel excavation tests, leading to the following conclusions:

(1) In the analysis of geotechnical engineering problems, incorporating the fabric
anisotropy and three-dimensional strength of the soil is essential, as these factors
significantly affect the mechanical response of the soil.

(2) The validity of the model presented in this paper has been validated at both the
macroscopic and microscopic levels. The model can reasonably reflect the anisotropic
characteristics of the soil. Furthermore, at higher strain levels, the anisotropic soil can
converge to a unique critical state, which is consistent with the ACST proposed by Li
and Dafalias [69].

(3) The preliminary simulation results of the model provide a reference for its practical
application. Although the cases used in the study are relatively simple, the model
effectively reflects the impact of factors such as anisotropy, over-consolidation, and the
coefficient of lateral earth pressure on soil disturbance. This can serve as a valuable
reference for the design and construction of real-world engineering projects.

However, it must be pointed out that accurately calibrating the microscale param-
eters related to fabric anisotropy remains a significant challenge when using the model.
Although some feasible methods for calibrating microscale parameters through labora-
tory experiments have been proposed [58,100], the samples used in these experiments are
generally remolded soils. Moreover, such methods often require advanced experimental
equipment, such as electron microscopes or CT scanners, which are not commonly available
in standard soil mechanics laboratories. Currently, the precise determination of in situ soil
fabric parameters using simple and practical methods remains a major challenge.



Geosciences 2025, 15, 18 20 of 23

Author Contributions: Conceptualization, X.-W.W. and K.C.; Validation, X.-W.W. and B.-H.W.;
Investigation, B.-H.W. and W.-B.X.; Data curation, X.-W.W.; Writing—original draft, X.-W.W. and
K.C.; Writing—review & editing, Y.R., Y.T., B.-H.W. and W.-B.X.; Visualization, B.-H.W. and W.-B.X.;
Supervision, K.C. and Y.R.; Project administration, X.-W.W. and K.C.; Funding acquisition, K.C. and
Y.R. All authors have read and agreed to the published version of the manuscript.

Funding: This work was supported by the National Natural Science Foundation of China (Grant
Nos. 52278413, 42177128, 42077236, 42407203, and 42011530170) and China Postdoctoral Science
Foundation (Grant No. 2021M702718).

Data Availability Statement: The data, model, and code used in this research work are available
upon reasonable request.

Conflicts of Interest: The authors declare no conflicts of interest.

References
1. Yang, Z.; Xu, T.; Chen, Y. Unified modeling of the influence of consolidation conditions on monotonic soil response considering

fabric evolution. J. Eng. Mech. 2018, 144, 04018073. [CrossRef]
2. Papadimitriou, A.G.; Chaloulos, Y.K.; Dafalias, Y.F. A fabric-based sand plasticity model with reversal surfaces within anisotropic

critical state theory. Acta Geotech. 2019, 14, 253–277. [CrossRef]
3. Petalas, A.L.; Dafalias, Y.F.; Papadimitriou, A.G. SANISAND-FN: An evolving fabric-based sand model accounting for stress

principal axes rotation. Int. J. Numer. Anal. Methods Geomech. 2019, 43, 97–123. [CrossRef]
4. Hu, N.; Yu, H.-S.; Yang, D.-S.; Zhuang, P.-Z. Constitutive modelling of granular materials using a contact normal-based fabric

tensor. Acta Geotech. 2020, 15, 1125–1151. [CrossRef]
5. Sun, Y.; Chen, C.; Gao, Y. Stress-fractional model with rotational hardening for anisotropic clay. Comput. Geotech. 2020, 126, 103719.

[CrossRef]
6. Liao, D.; Yang, Z. Hypoplastic modeling of anisotropic sand behavior accounting for fabric evolution under monotonic and cyclic

loading. Acta Geotech. 2021, 16, 2003–2029. [CrossRef]
7. Yang, M.; Taiebat, M.; Dafalias, Y.F. SANISAND-MSf: A sand plasticity model with memory surface and semifluidised state.

Géotechnique 2022, 72, 227–246. [CrossRef]
8. Zhang, A.; Dafalias, Y.F.; Wang, D. SANISAND-H: A sand bounding surface model for high pressures. Comput. Geotech. 2023, 161,

105579. [CrossRef]
9. Chen, Z.; Huang, M. Non-coaxial behavior modeling of sands subjected to principal stress rotation. Acta Geotech. 2020, 15,

655–669. [CrossRef]
10. Xue, L.; Yu, J.K.; Pan, J.H.; Wang, R.; Zhang, J.M. Three-dimensional anisotropic plasticity model for sand subjected to principal

stress value change and axes rotation. Int. J. Numer. Anal. Methods Geomech. 2021, 45, 353–381. [CrossRef]
11. Du, Z.; Shi, Z.; Qian, J.; Huang, M.; Guo, Y. Constitutive modeling of three-dimensional non-coaxial characteristics of clay. Acta

Geotech. 2022, 17, 2157–2172. [CrossRef]
12. Du, Z.; Qian, J.; Zhang, J.; Liu, Y.; Huang, M. Elastoplastic modeling cyclic behavior of natural soft clay with principal stress

rotation under traffic loading. Acta Geotech. 2023, 18, 3643–3660. [CrossRef]
13. Cui, K.; Wang, X.-W.; Yuan, R. Unified modeling for clay and sand with a hybrid-driven fabric evolution law. Appl. Math. Model.

2024, 129, 522–544. [CrossRef]
14. Yuan, R.; Yu, H.-H.; Wang, X.-W. Unified modeling for the simple shear behavior of clay and sand accounting for Principal stress

rotations. Int. J. Geomech. 2024, 24, 04024239. [CrossRef]
15. Sheng, D.; Sloan, S.; Yu, H. Aspects of finite element implementation of critical state models. Comput. Mech. 2000, 26, 185–196.

[CrossRef]
16. Cheng, Z.; Yannis, F.D.; Majid, T.M. Application of SANISAND Dafalias-Manzari model in FLAC 3D. In Proceedings of the 3rd

International FLAC/DEM Symposium, Hangzhou, China, 22–24 October 2013; p. 09-03.
17. Liu, K.; Chen, S.; Voyiadjis, G. Integration of anisotropic modified Cam Clay model in finite element analysis: Formulation,

validation, and application. Comput. Geotech. 2019, 116, 103198. [CrossRef]
18. Yuan, R.; Yu, H.S.; Hu, N.; He, Y. Non-coaxial soil model with an anisotropic yield criterion and its application to the analysis of

strip footing problems. Comput. Geotech. 2018, 99, 80–92. [CrossRef]
19. Wang, Z.; Yang, Y.; Li, Y.; Liu, S.; Zhou, P. Numerical simulation of cyclic shear tests considering the fabric change and principal

stress rotation effects. Int. J. Numer. Anal. Methods Geomech. 2022, 46, 1409–1432. [CrossRef]
20. Dai, Z.-H.; Qin, Z.-Z. Numerical and theoretical verification of modified cam-clay model and discussion on its problems. J. Cent.

South Univ. 2013, 20, 3305–3313. [CrossRef]

https://doi.org/10.1061/(ASCE)EM.1943-7889.0001499
https://doi.org/10.1007/s11440-018-0751-5
https://doi.org/10.1002/nag.2855
https://doi.org/10.1007/s11440-019-00811-z
https://doi.org/10.1016/j.compgeo.2020.103719
https://doi.org/10.1007/s11440-020-01127-z
https://doi.org/10.1680/jgeot.19.P.363
https://doi.org/10.1016/j.compgeo.2023.105579
https://doi.org/10.1007/s11440-018-0760-4
https://doi.org/10.1002/nag.3159
https://doi.org/10.1007/s11440-021-01377-5
https://doi.org/10.1007/s11440-022-01786-0
https://doi.org/10.1016/j.apm.2024.02.015
https://doi.org/10.1061/IJGNAI.GMENG-8399
https://doi.org/10.1007/s004660000166
https://doi.org/10.1016/j.compgeo.2019.103198
https://doi.org/10.1016/j.compgeo.2018.02.022
https://doi.org/10.1002/nag.3351
https://doi.org/10.1007/s11771-013-1854-7


Geosciences 2025, 15, 18 21 of 23

21. Hashash, Y.; Whittle, A. Integration of the modified Cam-Clay model in non-linear finite element analysis. Comput. Geotech. 1992,
14, 59–83. [CrossRef]

22. Alnmr, A. Material Models to Study the Effect of Fines in Sandy Soils Based on Experimental and Numerical Results. Acta Tech.
Jaurinensis 2021, 14, 651–680. [CrossRef]

23. Xiao, S.; Xu, M.; Lan, R. Choice of Soil Constitutive Models in Numerical Analysis of Foundation Pit Excavation Based on
FLAC3D. In Proceedings of the International Conference on Green Building, Civil Engineering and Smart City, Guiyang, China,
9–12 June 2023; Springer: Singapore, 2023; pp. 98–110.

24. Alsirawan, R.; Sheble, A.; Alnmr, A. Two-dimensional numerical analysis for TBM tunneling-induced structure settlement: A
proposed modeling method and parametric study. Infrastructures 2023, 8, 88. [CrossRef]

25. Brinkgreve, R.B. Selection of soil models and parameters for geotechnical engineering application. In Soil Constitutive Models:
Evaluation, Selection, and Calibration; American Society of Civil Engineers: Reston, VA, USA, 2005; pp. 69–98.

26. Sui, C.-Y.; Shen, Y.-S.; Wen, Y.-M.; Gao, B. Application of the modified Mohr–Coulomb yield criterion in seismic numerical
simulation of tunnels. Shock Vib. 2021, 2021, 9968935. [CrossRef]

27. Qin, J.; Zeng, X.; Ming, H. Influence of fabric anisotropy on seismic responses of foundations. J. Rock Mech. Geotech. Eng. 2015, 7,
147–154. [CrossRef]

28. Yao, Y.-P.; Sun, D.A. Application of Lade’s criterion to Cam-clay model. J. Eng. Mech. 2000, 126, 112–119. [CrossRef]
29. Matsuoka, H.; Yao, Y.; Sun, D. The Cam-clay models revised by the SMP criterion. Soils Found. 1999, 39, 81–95. [CrossRef]
30. Wang, S.; Zhong, Z.; Liu, X. Development of an anisotropic nonlinear strength criterion for geomaterials based on SMP criterion.

Int. J. Geomech. 2020, 20, 04019183. [CrossRef]
31. Wang, R.; Cao, W.; Zhang, J.-M. Dependency of dilatancy ratio on fabric anisotropy in granular materials. J. Eng. Mech. 2019, 145,

04019076. [CrossRef]
32. He, Y.-Q.; Liao, H.-J.; Wu, W.; Wang, S. Hypoplastic modeling of inherent anisotropy in normally and overconsolidated clays.

Acta Geotech. 2023, 18, 6315–6333. [CrossRef]
33. Miura, K.; Miura, S.; Toki, S. Deformation Behavior of Anisotropic Dense Sand Under Principal Stress Axes Rotation—

ScienceDirect. Soils Found. 1986, 26, 36–52. [CrossRef]
34. Yoshimine, M.; Ishihara, K.; Vargas, W. Effects of principal stress direction and intermediate principal stress on undrained shear

behavior of sand. Soils Found. 1998, 38, 179–188. [CrossRef] [PubMed]
35. Nakata, Y.; Hyodo, M.; Murata, H.; Yasufuku, N. Flow deformation of sands subjected to principal stress rotation. Soils Found.

1998, 38, 115–128. [CrossRef] [PubMed]
36. Cai, Y.; Yu, H.-S.; Wanatowski, D.; Li, X. Noncoaxial behavior of sand under various stress paths. J. Geotech. Geoenviron. Eng. 2013,

139, 1381–1395. [CrossRef]
37. Li, Y.; Yang, Y.; Yu, H.-S.; Roberts, G.W. Monotonic direct simple shear tests on sand under multidirectional loading. Int. J.

Geomech. 2017, 17, 04016038. [CrossRef]
38. Zamanian, M.; Jafarzadeh, F. Experimental study of stress anisotropy and noncoaxiality of dense sand subjected to monotonic

and cyclic loading. Transp. Geotech. 2020, 23, 100331. [CrossRef]
39. Yang, Z.; Li, X.; Yang, J. Undrained anisotropy and rotational shear in granular soil. Géotechnique 2007, 57, 371–384. [CrossRef]
40. Wang, Y.; Gao, Y.; Li, B.; Guo, L.; Cai, Y.; Mahfouz, A.H. Influence of initial state and intermediate principal stress on undrained

behavior of soft clay during pure principal stress rotation. Acta Geotech. 2019, 14, 1379–1401. [CrossRef]
41. Zhang, A.; Jiang, M.; Wang, D. Effect of fabric anisotropy on the cyclic liquefaction of sands: Insight from DEM simulations.

Comput. Geotech. 2023, 155, 105188. [CrossRef]
42. Wang, R.; Cao, W.; Xue, L.; Zhang, J.-M. An anisotropic plasticity model incorporating fabric evolution for monotonic and cyclic

behavior of sand. Acta Geotech. 2021, 16, 43–65. [CrossRef]
43. Fang, Y.; Cui, J.; Wanatowski, D.; Nikitas, N.; Yuan, R.; He, Y. Subsurface settlements of shield tunneling predicted by 2D and 3D

constitutive models considering non-coaxiality and soil anisotropy: A case study. Can. Geotech. J. 2022, 59, 424–440. [CrossRef]
44. Hu, C.; Liu, H. Implicit and explicit integration schemes in the anisotropic bounding surface plasticity model for cyclic behaviours

of saturated clay. Comput. Geotech. 2014, 55, 27–41. [CrossRef]
45. Yuan, R.; Yang, W.; Yu, H.; Zhou, B. Effects of non-coaxiality and soil anisotropy on tunneling-induced subsurface settlements.

Chin. J. Geotech. Eng. 2018, 40, 673–680.
46. Yuan, R.; Yu, H.-S.; Zhang, J.-R.; Fang, Y. Noncoaxial theory of plasticity incorporating initial soil anisotropy. Int. J. Geomech. 2019,

19, 06019017. [CrossRef]
47. Wheeler, S.J.; Näätänen, A.; Karstunen, M.; Lojander, M. An anisotropic elastoplastic model for soft clays. Can. Geotech. J. 2003, 40,

403–418. [CrossRef]
48. Taiebat, M.; Dafalias, Y.F. SANISAND: Simple anisotropic sand plasticity model. Int. J. Numer. Anal. Methods Geomech. 2008, 32,

915–948. [CrossRef]

https://doi.org/10.1016/0266-352X(92)90015-L
https://doi.org/10.14513/actatechjaur.00625
https://doi.org/10.3390/infrastructures8050088
https://doi.org/10.1155/2021/9968935
https://doi.org/10.1016/j.jrmge.2015.02.003
https://doi.org/10.1061/(ASCE)0733-9399(2000)126:1(112)
https://doi.org/10.3208/sandf.39.81
https://doi.org/10.1061/(ASCE)GM.1943-5622.0001588
https://doi.org/10.1061/(ASCE)EM.1943-7889.0001660
https://doi.org/10.1007/s11440-023-01923-3
https://doi.org/10.3208/sandf1972.26.36
https://doi.org/10.3208/sandf.38.3_179
https://www.ncbi.nlm.nih.gov/pubmed/39747861
https://doi.org/10.3208/sandf.38.2_115
https://www.ncbi.nlm.nih.gov/pubmed/39759176
https://doi.org/10.1061/(ASCE)GT.1943-5606.0000854
https://doi.org/10.1061/(ASCE)GM.1943-5622.0000673
https://doi.org/10.1016/j.trgeo.2020.100331
https://doi.org/10.1680/geot.2007.57.4.371
https://doi.org/10.1007/s11440-018-0735-5
https://doi.org/10.1016/j.compgeo.2022.105188
https://doi.org/10.1007/s11440-020-00984-y
https://doi.org/10.1139/cgj-2020-0620
https://doi.org/10.1016/j.compgeo.2013.07.012
https://doi.org/10.1061/(ASCE)GM.1943-5622.0001513
https://doi.org/10.1139/t02-119
https://doi.org/10.1002/nag.651


Geosciences 2025, 15, 18 22 of 23

49. Pang, L.; Zhang, C.; Shi, Z. Drained expansion analyses of a cylindrical cavity in sands incorporating the SANISAND model with
fabric change effect. Appl. Math. Model. 2023, 120, 711–732. [CrossRef]

50. Karstunen, M.; Wiltafsky, C.; Krenn, H.; Scharinger, F.; Schweiger, H. Modelling the behaviour of an embankment on soft clay
with different constitutive models. Int. J. Numer. Anal. Methods Geomech. 2006, 30, 953–982. [CrossRef]

51. Yildiz, A.; Karstunen, M.; Krenn, H. Effect of anisotropy and destructuration on behavior of Haarajoki test embankment. Int. J.
Geomech. 2009, 9, 153–168. [CrossRef]

52. Sivasithamparam, N.; Rezania, M. The comparison of modelling inherent and evolving anisotropy on the behaviour of a full-scale
embankment. Int. J. Geotech. Eng. 2017, 11, 343–354. [CrossRef]

53. Wang, R.; Dafalias, Y.F.; Fu, P.; Zhang, J.-M. Fabric evolution and dilatancy within anisotropic critical state theory guided and
validated by DEM. Int. J. Solids Struct. 2020, 188, 210–222. [CrossRef]

54. Yang, Y.; Zhang, M.; Zhang, H.; Yu, H.-S. Experimental and DEM Study of Two Dimensional Simple Shear. In Challenges and
Innovations in Geomechanics: Proceedings of the 16th International Conference of IACMAG; Springer: Turin, Italy, 2021; Volume 1,
pp. 303–310.

55. Wu, Q.; Yan, L.; Yang, Z. Discrete element simulations of drained granular material response under multidirectional rotational
shear. Comput. Geotech. 2021, 139, 104375. [CrossRef]

56. Wu, Q.; Zheng, J.; Yang, Z. Effects of initial fabric anisotropy on the undrained rotational shear responses of granular material
using discrete element simulations. Acta Geotech. 2023, 18, 5175–5194. [CrossRef]

57. Wu, Q.; Faraji, S.F.; Zheng, Y.; Zheng, J.-J. Effects of intermediate principal stress on the granular material behavior under partial
drainage conditions. Acta Geotech. 2024, 19, 2629–2648. [CrossRef]

58. Yang, Z.; Li, X.; Yang, J. Quantifying and modelling fabric anisotropy of granular soils. Geotechnique 2008, 58, 237–248. [CrossRef]
59. Yin, Z.-Y.; Chang, C.S.; Hicher, P.-Y. Micromechanical modelling for effect of inherent anisotropy on cyclic behaviour of sand. Int.

J. Solids Struct. 2010, 47, 1933–1951. [CrossRef]
60. Gao, Z.; Zhao, J.; Li, X.-S.; Dafalias, Y.F. A critical state sand plasticity model accounting for fabric evolution. Int. J. Numer. Anal.

Methods Geomech. 2014, 38, 370–390. [CrossRef]
61. Yuan, R.; Yu, H.-S.; Yang, D.-S.; Hu, N. On a fabric evolution law incorporating the effects of b-value. Comput. Geotech. 2019, 105,

142–154. [CrossRef]
62. Yao, Y.-P.; Kong, Y.-X. Extended UH model: Three-dimensional unified hardening model for anisotropic clays. J. Eng. Mech. 2012,

138, 853–866. [CrossRef]
63. Yao, Y.; Tian, Y.; Gao, Z. Anisotropic UH model for soils based on a simple transformed stress method. Int. J. Numer. Anal. Methods

Geomech. 2017, 41, 54–78. [CrossRef]
64. Tian, Y.; Yao, Y.-P. Constitutive modeling of principal stress rotation by considering inherent and induced anisotropy of soils. Acta

Geotech. 2018, 13, 1299–1311. [CrossRef]
65. Tian, Y.; Chen, H.; Yao, Z.; Fang, Y. A Multiscale Method to Develop Three-Dimensional Anisotropic Constitutive Model for Soils.

Buildings 2024, 14, 307. [CrossRef]
66. Oda, M. Inherent and induced anisotropy in plasticity theory of granular soils. Mech. Mater. 1993, 16, 35–45. [CrossRef]
67. Li, X.; Dafalias, Y. A constitutive framework for anisotropic sand including non-proportional loading. Géotechnique 2004, 54,

41–55. [CrossRef]
68. Yang, Z.; Wu, Y. Critical state for anisotropic granular materials: A discrete element perspective. Int. J. Geomech. 2016, 17, 04016054.

[CrossRef]
69. Li, X.S.; Dafalias, Y.F. Anisotropic critical state theory: Role of fabric. J. Eng. Mech. 2012, 138, 263–275. [CrossRef]
70. Liao, D.; Yang, Z. Hypoplastic model for sand under multidirectional shearing conditions considering fabric change effect. Soil

Dyn. Earthq. Eng. 2022, 155, 107168. [CrossRef]
71. Gao, Z.; Zhao, J. A non-coaxial critical-state model for sand accounting for fabric anisotropy and fabric evolution. Int. J. Solids

Struct. 2017, 106, 200–212. [CrossRef]
72. Roscoe, K.H.; Burland, J.B. On the generalized stress-strain behaviour of wet clay. In Engineering Plasticity; Cambridge University

Press: Cambridge, UK, 1968; pp. 535–609.
73. Budhu, M. Soil Mechanics and Foundations, 3rd ed.; John Wiley & Sons, Inc.: Hoboken, NJ, USA, 2010.
74. Yu, H.-S. CASM: A unified state parameter model for clay and sand. Int. J. Numer. Anal. Methods Geomech. 1998, 22, 621–653.

[CrossRef]
75. Dafalias, Y.F.; Manzari, M.T.; Akaishi, M. A simple anisotropic clay plasticity model. Mech. Res. Commun. 2002, 29, 241–245.

[CrossRef]
76. Li, X.; Yu, H.S.; Li, X.S. Macro–micro relations in granular mechanics. Int. J. Solids Struct. 2009, 46, 4331–4341. [CrossRef]
77. Li, X.S.; Dafalias, Y.F. Constitutive modeling of inherently anisotropic sand behavior. J. Geotech. Geoenviron. Eng. 2002, 128,

868–880. [CrossRef]

https://doi.org/10.1016/j.apm.2023.04.012
https://doi.org/10.1002/nag.507
https://doi.org/10.1061/(ASCE)1532-3641(2009)9:4(153)
https://doi.org/10.1080/19386362.2016.1221575
https://doi.org/10.1016/j.ijsolstr.2019.10.013
https://doi.org/10.1016/j.compgeo.2021.104375
https://doi.org/10.1007/s11440-023-01927-z
https://doi.org/10.1007/s11440-024-02292-1
https://doi.org/10.1680/geot.2008.58.4.237
https://doi.org/10.1016/j.ijsolstr.2010.03.028
https://doi.org/10.1002/nag.2211
https://doi.org/10.1016/j.compgeo.2018.09.019
https://doi.org/10.1061/(ASCE)EM.1943-7889.0000397
https://doi.org/10.1002/nag.2545
https://doi.org/10.1007/s11440-018-0680-3
https://doi.org/10.3390/buildings14020307
https://doi.org/10.1016/0167-6636(93)90025-M
https://doi.org/10.1680/geot.2004.54.1.41
https://doi.org/10.1061/(ASCE)GM.1943-5622.0000720
https://doi.org/10.1061/(ASCE)EM.1943-7889.0000324
https://doi.org/10.1016/j.soildyn.2022.107168
https://doi.org/10.1016/j.ijsolstr.2016.11.019
https://doi.org/10.1002/(SICI)1096-9853(199808)22:8%3C621::AID-NAG937%3E3.0.CO;2-8
https://doi.org/10.1016/S0093-6413(02)00252-5
https://doi.org/10.1016/j.ijsolstr.2009.08.018
https://doi.org/10.1061/(ASCE)1090-0241(2002)128:10(868)


Geosciences 2025, 15, 18 23 of 23

78. Yao, Y.-P.; Zhou, A.-N.; Lu, D.-C. Extended transformed stress space for geomaterials and its application. J. Eng. Mech. 2007, 133,
1115–1123. [CrossRef]

79. Hashiguchi, K. Elastoplasticity Theory; Springer: Fukuoka, Japan, 2014.
80. Sun, Z.C.; Chu, J.; Xiao, Y. Formulation and implementation of an elastoplastic constitutive model for sand-fines mixtures. Int. J.

Numer. Anal. Methods Geomech. 2021, 45, 2682–2708. [CrossRef]
81. Yin, Z.-Y.; Hicher, P.-Y.; Jin, Y.-F. Practice of Constitutive Modelling for Saturated Soils; Springer: Singapore, 2020.
82. Taiebat, M. Advanced Elastic-Plastic Constitutive and Numerical Modeling in Geomechanics. Ph.D. Thesis, University of

California, Davis, CA, USA, 2008.
83. Modified Cam-Clay Model. Available online: https://docs.itascacg.com/flac3d700/common/models/camclay/doc/

modelcamclay.html?highlight=cam%20clay (accessed on 20 November 2024).
84. Doanh, T.; Ibraim, E.; Matiotti, R. Undrained instability of very loose Hostun sand in triaxial compression and extension. Part 1:

Experimental observations. Mech. Cohes.-Frict. Mater. Int. J. Exp. Model. Comput. Mater. Struct. 1997, 2, 47–70. [CrossRef]
85. Nakai, T.; Matsuoka, H.; Okuno, N.; Tsuzuki, K. True triaxial tests on normally consolidated clay and analysis of the observed

shear behavior using elastoplastic constitutive models. Soils Found. 1986, 26, 67–78. [CrossRef]
86. Tian, Y. UH Model Based on the Anisotropic Transformed Stress Method and Its Application. Ph.D. Thesis, Beihang University,

Beijing, China, 2018.
87. Qian, J.-G.; Du, Z.-B.; Yin, Z.-Y. Cyclic degradation and non-coaxiality of soft clay subjected to pure rotation of principal stress

directions. Acta Geotech. 2018, 13, 943–959. [CrossRef]
88. Yang, D. Microscopic Study of Granular Material Behaviours Under General Stress Paths. Ph.D. Thesis, University of Nottingham

Nottingham, Nottingham, UK, 2014.
89. Li, X.; Li, X.-S. Micro-macro quantification of the internal structure of granular materials. J. Eng. Mech. 2009, 135, 641–656.

[CrossRef]
90. Embankment Loading on a Cam-Clay Foundation. Available online: https://docs.itascacg.com/flac3d700/flac3d/zone/test3d/

ExampleApplications/EmbankmentLoad/embankmentload.html?node3604 (accessed on 20 November 2024).
91. Cui, J. Study on Soil Deformation Induced by Shield Construction Considering Non-Coaxiality and Anisotropy of Soil. Ph.D.

Thesis, Southwest Jiaotong University, Chengdu, China, 2022.
92. Nakase, A.; Kamei, T.; Kusakabe, O. Constitutive parameters estimated by plasticity index. J. Geotech. Eng. 1988, 114, 844–858.

[CrossRef]
93. Tu, W.; Huang, M.; Zhong, R. Scour effects on the dynamic lateral response of composite caisson-piles foundations considering

stress history of sand. Jpn. Geotech. Soc. Spec. Publ. 2015, 1, 23–28. [CrossRef]
94. Mayne, P.W.; Kulhawy, F.H. Ko-OCR relationships in soil. J. Geotech. Eng. Div. 1982, 108, 851–872. [CrossRef]
95. Dolezalova, M. Approaches to numerical modelling of ground movements due to shallow tunnelling. In Proceedings of the

Planning and Engineering for the Cities of Tomorrow. Second International Conference on Soil Structure Interaction in Urban
Civil Engineering Swiss Federal Inst of Technology, Zurich, Switzerland, 7–8 March 2002.

96. Shi, J.; Ding, C.; Ng, C.W.W.; Lu, H.; Chen, L. Effects of overconsolidation ratio on tunnel responses due to overlying basement
excavation in clay. Tunn. Undergr. Space Technol. 2020, 97, 103247. [CrossRef]

97. Wu, H.; Li, M.-G.; Chen, J.-J.; Ye, G.-L. Effects of Overconsolidation and Structural Behaviors of Shanghai Clay on Deformation
Caused by Deep Excavation. Int. J. Geomech. 2024, 24, 04024139. [CrossRef]

98. Shahin, H.M.; Nakai, T.; Okuno, T. Numerical study on 3D effect and practical design in shield tunneling. Undergr. Space 2019, 4,
201–209. [CrossRef]

99. Liu, Q.; Yan, Q.; Liu, J.; Zhang, L.; Yu, C.; Jin, K. DEM Study About Influence of Fabric Anisotropy on Formation Disturbance. J.
Southwest Jiaotong Univ. 2024, OL, 1–10.

100. Chen, S.; Ma, W.; Li, G.; Li, J.; Ma, X. Study on the characterization method and evolution law of the three-dimensional pore
structure in frozen loess under loading. Cold Reg. Sci. Technol. 2024, 221, 104151. [CrossRef]

Disclaimer/Publisher’s Note: The statements, opinions and data contained in all publications are solely those of the individual
author(s) and contributor(s) and not of MDPI and/or the editor(s). MDPI and/or the editor(s) disclaim responsibility for any injury to
people or property resulting from any ideas, methods, instructions or products referred to in the content.

https://doi.org/10.1061/(ASCE)0733-9399(2007)133:10(1115)
https://doi.org/10.1002/nag.3282
https://docs.itascacg.com/flac3d700/common/models/camclay/doc/modelcamclay.html?highlight=cam%20clay
https://docs.itascacg.com/flac3d700/common/models/camclay/doc/modelcamclay.html?highlight=cam%20clay
https://doi.org/10.1002/(SICI)1099-1484(199701)2:1%3C47::AID-CFM26%3E3.0.CO;2-9
https://doi.org/10.3208/sandf1972.26.4_67
https://doi.org/10.1007/s11440-017-0567-8
https://doi.org/10.1061/(ASCE)0733-9399(2009)135:7(641)
https://docs.itascacg.com/flac3d700/flac3d/zone/test3d/ExampleApplications/EmbankmentLoad/embankmentload.html?node3604
https://docs.itascacg.com/flac3d700/flac3d/zone/test3d/ExampleApplications/EmbankmentLoad/embankmentload.html?node3604
https://doi.org/10.1061/(ASCE)0733-9410(1988)114:7(844)
https://doi.org/10.3208/jgssp.CPN-15
https://doi.org/10.1061/AJGEB6.0001306
https://doi.org/10.1016/j.tust.2019.103247
https://doi.org/10.1061/IJGNAI.GMENG-9276
https://doi.org/10.1016/j.undsp.2019.01.002
https://doi.org/10.1016/j.coldregions.2024.104151

	Introduction 
	Constitutive Relation of Fabric-Based MCC Model 
	MCC Model, a Brief Review 
	MCC Model Enhanced by Fabirc Anisotropy and Lade’s Criterion 

	Integration of Fabric-Based MCC Model in FLAC3D 
	Application of Fabric-Based MCC Model in FLAC3D 
	Triaxial Tests 
	Embankment Loading Problem 
	Tunnel Excavation Problem 

	Conclusions 
	References

