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Abstract: This study explores the effectiveness of shared tuned mass damper (STMD) in
reducing seismic pounding of adjacent buildings. The dynamics of STMDs is explored through
numerical simulations of buildings idealized as single and multiple degree of freedom oscillators.
An optimization method proposed in the literature is revisited. It is shown that the optimization
results in two different solutions. The first one corresponds to the device being tuned to one of the
buildings it is attached to. The second solution corresponds to a very stiff system where the TMD
mass hardly moves. This solution, which has been described as an STMD in the literature, is shown
to be impractical due to its high stiffness and use of a heavy stationary mass that plays no role in
response mitigation but adds unnecessary load to the structure. Furthermore, it is shown that the
second solution is equivalent to a viscous coupling of the two buildings. As for the properly tuned
solution, i.e., the first solution, sharing the device with an adjacent building was found to provide
no added benefits compared to when it is placed on one of the buildings. Based on results from a
large set of real earthquake ground motions, it is shown that sharing a TMD mass with an adjacent
building, in contrary to what is reported in the literature, is not an effective strategy.
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1. Introduction

Seismic pounding refers to the collision of adjacent structures during earthquakes. When closely
spaced structures vibrate out of phase, they might pound against each other. Pounding can cause
local damage at the contact region. In addition, the impact generates short-duration acceleration
pulse that can adversely affect the pounding buildings and their contents (see, for example, Abdel
Raheem [1], and references therein). Such effects have been documented during past earthquakes.
Miari et al. [2] and Abdel Raheem et al. [3] provide very good reviews of seismic pounding and
refer to many studies describing pounding observed during past earthquakes. Various methods of
modeling pounding and computation of structural response have been discussed in the literature (see,
for example, Dimitrakopoulos, [4]).

Pounding can be avoided if adjacent buildings are adequately separated, but there is large
uncertainty in just how much separation is adequate. Architectural and financial factors often dictate
separation distance between buildings in metropolitan areas where land is expensive and scarce.
Mitigation of seismic pounding is, therefore, an important structural engineering problem. One
approach is to reduce the consequences of pounding, while the other is to reduce probabilities of
pounding. Collision shear walls have been found to be effective in reducing the consequences of
pounding (Anagnostopoulos and Karamaneas, [5]). Elastic gap devices (see, for example, Dicleli, [6]),
have been shown to be effective in mitigating damage caused by pounding.
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Several solutions for reducing probabilities of pounding between adjacent structures have been
proposed in the literature. These solutions range from connecting adjacent buildings with springs
and viscous/viscoelastic dashpots (Jankowski and Mahmoud, [7]; Richardson et al., [8,9]; Patel and
Jangid, [10,11]; and Tubaldi, [12]). Friction dampers and viscous fluid dampers have also been proposed
for mitigation of pounding risk (see, for example, Pratesi et al., [13] and Sorace and Terenzi, [14]).

Active, semi-active, and fuzzy control using magneto-rheological dampers have also been shown
to be effective for seismic pounding mitigation (see, for example, Abdeddaim et al., [15]; Uz and
Hadi, [16]). Pounding risk may be reduced by controlling the vibrations of adjacent structures. Tuned
mass dampers (TMDs) for vibration control have been extensively studied in the literature (see, for
example, Cao and Li, [17] or the review by Elias and Matsagar, [18]).

The risk of pounding in base-isolated buildings is higher due to large displacements concentrated
at the isolation level (Agagnostopoulos and Spiliopoulos, [19]). Controlling displacement demands on
base-isolated structures has been investigated using different strategies in the literature. These strategies
include the use of tuned liquid column dampers [20], and tuned mass dampers located at different
locations of the host buildings [20–23]. Coupling of base isolation system with tuned mass
damper inerter systems is reported in De Domenico and Ricciardi [24], Hashimoto et al. [25] and
De Domenico et al. [26]. Other strategies for displacement control of base-isolated buildings include
the use of gap dampers [27].

While several studies on active and semi-active dampers for pounding mitigation are available in
the literature, very few have tested passive TMDs for this purpose. The only work we are aware of
in this regard is that of Abdullah et al. [28]. The idea was extended to semi-active TMD by Kim [29].
Abdullah et al. [28] presented the concept of a shared TMD to reduce vibrations and seismic pounding
between adjacent buildings. Their optimal solution is to connect the TMD mass with a spring to one of
the buildings and with a dashpot to the other building. If effective, this device could be advantageous
due to its simplicity and low cost compared to active control schemes. One of the main appeals
of this scheme is that the mass of the shared TMD is only half the mass of two TMDs installed on
individual buildings.

Abdullah et al. [28] reported that the device is very effective in controlling vibrations and
pounding between adjacent buildings. Upon closer inspection, we find that the solution presented
by Abdullah et al. [28] is neither a tuned mass damper, nor optimal in mitigating pounding, and
needs revisiting. The main objective of this paper is to investigate the dynamics of adjacent buildings
connected by a tuned mass damper. We use single degree of freedom (SDOF) and multiple degree of
freedom (MDOF) representations of buildings and several earthquake ground motions for numerical
simulations to investigate the parameters of TMDs for optimal control of structural displacements
and pounding.

2. Conceptual and Mathematical Model of Shared TMDs (STMD)

For conceptual convenience, let us consider two single degree of freedom (SDOF) systems
connected by a shared TMD as shown in Figure 1. The SDOFs are simplified representations of
buildings A and B, and their masses, stiffnesses, and damping coefficients are denoted as mA, mB; kA,
kB; and cA, cB, respectively. The mass, stiffness and damping coefficient of the tuned mass damper are
denoted by m, k, and c, respectively. An alternate scheme is to connect the TMD mass to building A
with a dashpot and to building B with a spring.
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Figure 1. Schematic representation of a tuned mass damper (TMD) shared by two buildings modeled 
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Figure 1. Schematic representation of a tuned mass damper (TMD) shared by two buildings modeled
as single degree of freedom (SDOF) systems.

The system mass, stiffness, and damping matrices are given below.

K =


kA + k 0 −k

0 kB 0
−k 0 k

 (1)

M =


mA 0 0
0 mB 0
0 0 m

 (2)

C =


cA 0 0
0 cB + c −c
0 −c c

 (3)

and the state matrix is defined as

S =

[
0 I

−M−1K −M−1C

]
(4)

where I is an identity matrix. The performance (or cost) function, as defined by Abdullah et al. (2001)
is the trace of a matrix L, which satisfies the following Lyapunov equation.

LS + STL + Q = 0, (5)

where Q is a weighting matrix that assigns different importance to the displacements (and/or velocities)
at the different degrees of freedom of the system. The design problem is then to estimate k and c that
minimize the trace of L, denoted hereafter by J. The weighting matrix is taken as Q11 = 1 and all other
elements as 0.

3. Numerical Study

We present several numerical studies, starting with SDOF systems subjected to some example
ground motions. MDOF systems and a large set of ground motions are considered next. The section
starts with an example of an optimization problem to gain insight into the properties of STMDs.

3.1. An Optimization Example

An example of the optimization problem is presented here. The properties of buildings A and
B are fixed for numerical simulations. Their frequencies are taken as 6.04 and 7.58 rad/s, and the
damping ratio is 5% for both. The frequencies are the same as those of the two buildings studied by
Abdullah et al. [28]. The mass of the two buildings are equal, and the mass of the TMD is expressed as

a fraction of the mass of building A, i.e., m = ρAmA. The frequency of the TMD is denoted by ω =
√

k
m ,
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and the frequency ratio is defined as f = ω
ωA

. The damping ratio of the TMD, expressed in terms of
the mass and frequency of the TMD, is denoted by ζ. The variables of interest are therefore f and ζ.

Figure 2 shows the variation of the cost function with the frequency ratio and damping ratio of the
TMD. The cost function has two minima, which correspond to two solutions. There is a local minimum
near a frequency ratio of 1. This minimum is more prominent for lower damping ratios. The global
minima occur at much larger frequency ratios, ranging from about 10 to about 90 for damping ratios
from 0.4 to 0.05. It is interesting to note that the amplitudes of the global minima are not very sensitive
to damping ratios of the TMD.
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It is then interesting to investigate whether the solution that minimizes J corresponds to minimum
displacements of the two buildings and minimizes the separation distance required to prevent pounding.
This distance is the largest negative relative displacement between the two buildings and is hereafter
referred to as the pounding distance. To investigate this, we use the north-south component of the El
Centro ground motion from the 1940 Imperial Valley Earthquake and simulate the response of the two
buildings and STMD with varying frequency and damping ratios.

The results are shown in Figure 3. The maximum displacement of the two buildings are shown on
the top panel. The maximum stroke of the TMD is shown in the bottom left panel. Here, stroke is
defined as the relative displacement of the TMD mass from building A. Pounding distance is shown
in the bottom right panel. For comparison, the response of uncontrolled buildings is shown with
black dashed lines. Another scenario considered is where an optimally tuned (based on Sadek, [30])
TMD is placed on building A whereas building B is uncontrolled. In this case, the frequency tuning
ratio is 0.96 and the damping ratio is 0.22. The results corresponding to this are shown with dashed
blue lines. The results show that the local minima, similar to those observed in Figure 2, occurs in
the displacement response of building A when the TMD is tuned to the frequency of the building.
However, the combination of f and ζ that minimizes J does not necessarily minimize the displacement
of building A. For example, for f approximately equal to 1, a damping ratio of 10% is required to
minimize J, whereas 5% damping ratio minimizes the peak displacement of building A. This can be
explained by the larger stroke of the device when the damping ratio is low, as is clearly seen in the
bottom right panel of Figure 3. The optimal solution near f ≈ 1 is not effective in controlling the peak
response of building B.
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It is also interesting to note that the locally optimal solution ( f ≈ 1) of the shared TMD is more
effective in controlling peak response of building A, and with a much smaller damping ratio than when
the TMD is placed only on building A. This indicates that sharing a TMD with an adjacent building
can increase its effectiveness without adversely affecting the response of the adjacent building. This,
however, comes at a cost of increased stroke of the device, which is due to low damping values of the
locally optimal STMD, as is evident from the bottom left panel of Figure 3. The stroke of the locally
optimal STMD is much larger than the stroke of the TMD placed on building A.

As the frequency ratio is increased, the displacement response of both the buildings show a
decreasing trend followed by an increasing trend. This trend is also visible in the cost function shown
in Figure 2. If we consider the minima (based on the cost function) at a higher frequency ratio as
the global minima, the optimal frequency ratio decreases with increasing damping, and the optimal
solutions are more effective than TMD placed on building A alone. However, these optimal solutions
correspond to very stiff springs in the TMD. For a damping ratio as large as 40%, the optimal frequency
ratio is about 10. With a mass ratio of 3%, the stiffness of the TMD is about 3 times the stiffness of
building A. From a practical point of view, it might not feasible to construct a TMD which is so much
stiffer than the building it rests on. Such a solution, although not realistic, will be hereafter referred to
as a globally optimal solution referring to the cost function.

At the locally optimal solution, the shared TMD reduces the minimum separation distance to
some extent. As the frequency ratio and damping ratio are increased, the pounding distance decreases
further. With a very stiff TMD and sufficiently high damping ratio, it appears the pounding distance
can be reduced to a large extent. While this seems like a plausible mitigation strategy against pounding,
it is deficient in both conceptual and practical terms. In practical terms, having a TMD 3 times stiffer
than the building itself is not attractive. The conceptual deficiency is that such a stiff device cannot be
considered as a TMD. This can be better understood by inspecting the results shown in the bottom
left panel of Figure 3. Irrespective of the damping ratio, as the frequency ratio increases above 1, the
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stroke of the TMD reduces rapidly, and for a frequency ratio of 10, the device does not move relative to
building A. Therefore, the device is not acting like a TMD and any reduction in response is due to
the coupling of the two buildings with a viscous damping device. It is also interesting to note that
unlike the cost function which increases after the global minima, the pounding distance decreases with
increasing frequency ratio.

3.2. Equivalence of STMD and Viscous Coupling of the Two Buildings

Based on the discussion above, it is apparent that a very stiff TMD is equivalent, in terms of
structural response reduction, to a viscous dashpot coupling the two buildings. To illustrate this
point better, we modify the system shown in Figure 1 by lumping the TMD mass on building A, and
connecting the two buildings by the same viscous dashpot as that used in the STMD. The resulting
system has only two degrees of freedom with masses (ma + m) and mb connected by a dashpot c.
The mass (ma + m) is connected to the ground by spring and dashpot ka and ca, while mb is connected to
the ground by spring and dashpot kb and cb. The peak response of this modified system is divided by
the peak response of the system with STMD. The ratio of peak displacement of building A is presented,
for the El Centro ground motion, as a function of frequency ratio and damping ratio in Figure 4. When
the shared TMD is near resonance with building A, it is more effective than viscous coupling alone.
However, as the frequency ratio is increased, the two systems approach each other, and for a frequency
ratio greater than about 20, there is no difference between the two systems. This helps us conclude that
STMD optimized on the global minima of the cost function is not a tuned mass damper, as the mass is
neither tuned to the structure, nor does it play any part in reducing structural response. In this sense, it
is illogical to use additional TMD mass and a very stiff spring element, when the same effect can be
obtained by just connecting the two buildings with a viscous dashpot.
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3.3. Examination with MDOF Systems

Here we examine the results and conclusions obtained for two SDOF buildings with MDOF
models of two buildings. The selected buildings are the same as those used by Abdullah et al. [28].
Building A has a mass of 3.1752 × 105 kg, and stiffness of 3.404 × 108 N/m on each floor. Building B
has a mass of 3.6287 × 105 kg and stiffness of 6.127 × 108 on each floor. Both buildings have 8 floors
with a damping coefficient of 100 Ns/m on each floor. Fundamental frequencies of buildings A and B
are 6.04, and 7.58 rad/s, respectively. The mass of the TMD is 54,430 kg. Abdullah et al. [28] present
two cases as optimal solutions. Case 1 corresponds to attaching the TMD mass to building A by a
dashpot and building B by a spring. Case 2 corresponds to a spring connection with building A and
dashpot connection to building B. Case 2 was found to be more effective and is considered here for
further analysis. Abdullah et al. [28] arrived at this solution by specifying weights equal to 1 for the
displacements in the top four floors of building A and 0 for all other displacements and velocities in
defining the Q matrix

The cost function for this example is presented in Figure 5. The frequency ratio, for this system,
is defined as the frequency of the STMD divided by the fundamental frequency of building A. Like
the cost function for SDOF buildings shown in Figure 2, the cost function of these MDOF buildings
sharing a TMD displays two minima for each damping ratio. The first minima, which is larger than the
second one, occurs near the resonance of STMD mass with the first mode of building A. The second
minimum occurs at a much larger frequency ratio. The optimal stiffness presented by Abdullah et al.
(2001) is 1.786 × 108 N/m, which is about 50% of the stiffness of each of the floors of building A. Based
on this stiffness, the frequency of STMD is 57.28 rad/s, which corresponds to a frequency ratio of 9.48.
The optimal damping coefficient reported by Abdullah et al. [28] is 1.809E6, which, for this frequency
ratio corresponds to a damping ratio of 0.29 for the STMD. It is then clear that the optimal solution
reported in Abdullah et al. [28] corresponds to the global minima of the cost function (see purple line
in Figure 4).
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Variation of the peak displacements of buildings A and B with frequency ratio and damping
ratio is shown in Figure 6. The solution considered optimal by Abdullah et al. [28] is indicated in the
figure with red dots. The response of building A, to which the STMD mass is connected by a spring, is
optimally controlled when the frequency ratio is close to 1, and the damping ratio is low. This solution,
however, is not effective in controlling the response of building B. The optimal solution, based on the
global minima of J, as denoted by red dots, is effective in controlling pounding as well as reducing the
response of both the buildings. However, the solution uses a very stiff spring, and the TMD mass does
not move relative to building A.Appl. Sci. 2020, 10, x FOR PEER REVIEW 8 of 13 
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This can be confirmed from the low stroke of the device as shown in Figure 6. The STMD mass,
in the solution presented by Abdullah et al. [28] is essentially motionless and does not function as
intended. The solution, therefore, is not a tuned mass damper as its frequency is much larger than the
frequency of the buildings it is attached to. In fact, it can be verified that the same response reduction
can be achieved by coupling the two buildings with a dashpot. If we consider the optimal solution
as the one near resonance of STMD with building A, the STMD is not very effective in controlling
pounding between the buildings.

3.4. Effectiveness of STMDs

Based on the results and arguments presented above, the stiff solution cannot be considered as a
shared TMD. However, we can define a shared TMD in such a way that it is tuned to the frequency
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of building A, for example. This solution would correspond to the frequency ratio in the vicinity of
1. An optimal STMD in this context would correspond to the one that minimizes the cost function
J in the vicinity of resonance with building A. The example presented above shows that this STMD
marginally reduces the pounding distance for the El Centro ground motion. To test if this observation
can be generalized to different ground motions and quantify the effectiveness in reducing pounding
distance, we use several ground motion records for dynamic analysis of the system. The ground
motion records are taken from the European Strong Motion Database [31]. The database contains 462
ground motion records from 110 earthquakes recorded in Europe and the Middle East. The ground
motions are obtained from earthquakes with a moment magnitude of 4.2 to 7.6. The range of epicentral
distance is 1 to 558 km, and that of peak ground acceleration (PGA) is 0.9% to 91% of acceleration
due to gravity. The strong motion duration, defined as the interval covering 5–95% of Arias Intensity
is in the range of 1.2 s to 139 s. Response spectra and duration of these ground motions have been
presented in Rupakhety and Sigbjörnsson [32,33]. More details about this database can be found in
Ambraseys et al. [34].

Optimal parameters of the STMD are estimated by minimizing the cost function using a genetic
algorithm. Population size is taken as 50 and the initial population follows uniform distribution in
the specified bounds. Elite count is set to 5% of the population. Crossover fraction is set to 0.8 and
migration fraction is set to 0.2. The selection criterion is stochastic uniform and mutation are Gaussian.
The ‘ga’ function in Matlab™ with default options was used to implement the algorithm. Different
scenarios are simulated: (i) both the buildings are uncontrolled; (ii) TMD is used in building A only, the
parameters of the TMD are optimized based on Sadek’s (1997) equations; (iii) the STMD is connected
with a spring to building A, and a dashpot to building B. These cases are denoted hereafter as UC
(uncontrolled), AC (building A controlled), and SC (controlled with STMD), respectively. In all cases,
the TMD mass is taken as 1% of the mass of building A.

Peak roof displacement of building A and pounding distance corresponding to the 462 earthquake
ground motions are presented in Figure 7. The response of the uncontrolled and controlled structures
are plotted on the abscissa and ordinate, respectively. The diagonal lines in the figure correspond to
the equal response of uncontrolled and controlled structures. The results show that the TMDs result
in reduction of peak roof displacement of building A in almost all the ground motions. When the
displacement of the uncontrolled structure is small, the response reduction obtained by the TMD is
not very significant. However, as the ground motions get more demanding, the effectiveness of the
TMDs is higher. For the most severe case (that producing the highest response of the uncontrolled
structure), the TMD reduces the response by about 50%. However, it is interesting to note that when
the TMD is shared with building B, its effectiveness in controlling the response of building A remains
almost unchanged for all the ground motions considered in this study. This shows that sharing the
TMD with building B does not reduce its effectiveness. The shared TMD is not effective in controlling
the response of building B. Neither does it provide any advantage in reducing the pounding distance
between the two buildings. The optimal STMD, therefore, does not provide any clear advantage over
the TMD installed on building A alone.

The mean (over 462 ground motions) ratios between the pounding distance of the AC controlled
and SC controlled structures to that of the uncontrolled structure are 0.79 and 0.76, respectively.
Controlling building A alone is, on average, about 3% less effective than using an STMD. The stiffnesses
of AC and SC schemes are 8.96 × 105 N/m and 9.68 × 105 N/m, respectively. Their damping coefficients
are 4.73 × 104 kg/s and 2.27 × 104 kg/s. This shows that the SC scheme results in similar performance
like the AC scheme, but with a much smaller dashpot. This might be, in theory, an advantage of
sharing the device. However, there might be practical difficulties in properly connecting the dashpot
between the two buildings, and suitability of the scheme needs to be judged on a case by case basis.
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To illustrate the effectiveness of AC and SC schemes in reducing the minimum separation distance
between the two buildings, reduction ratio, which is defined as minimum separation distance of the
controlled building divided by that of the uncontrolled building is shown in Figure 8. The smaller this
ratio, the more effective is the control scheme. Effectiveness is investigated against different ground
motion and structural response parameters. Only those ground motions with PGA larger than 0.2 g
are used in the figure. Here, g represents acceleration due to gravity. Ground motions weaker than this
are not considered as they were found to cause a low risk of pounding. Figure 8c shows two different
clusters of data, one below ~25 s, and the other to its right. The cluster to the right has very few data
points, and any apparent trend in this cluster is not reliable. When duration is less than 25 s, the
Pearson correlation coefficient between reduction ratio and duration is −0.44 with a p-value of 0.0011,
which shows that the correlation is statistically significant, and not by random chance. Figure 8b
shows that the effectiveness of the TMDs is independent of PGA. There seems to be a weak negative
correlation between the pounding distance of the uncontrolled structure and the effectiveness of TMD
schemes. The Pearson correlation coefficient was found to be −0.17 with a large p-value of 0.21, which
means that any apparent trend in the data is statistically insignificant. The same observation can be
made in Figure 8d, which shows that the effectiveness of TMD schemes is independent of spectral
displacement at the fundamental period of the uncontrolled structure. In all these cases, there is no
significant difference between the SC and AC schemes, which means that sharing the TMD does not
seem to provide additional benefit in preventing pounding.

We next compare the effectiveness of the SC scheme to that of the AC scheme for different mass
ratios of the TMD. Mass of the TMD is taken as 1%, 2%, and 3% of the total mass of building A.
The optimal solutions for these mass ratios were found with frequency ratios of 1.02, 1.04, and 1.04 and
damping ratios of 7%, 11%, and 13%. The effectiveness of the devices is quantified by the mean ratios
of pounding distance of SC and AC schemes to that of uncontrolled structure, denoted by rSC and rAC
respectively. A value of this ratio less than 1 means the control systems, on average, reduce pounding
distance. These ratios are shown in Figure 9. As the mass ratio increases, the performance of SC is
better than that of AC. However, even for a mass ratio of 3%, which corresponds to 24% of floor mass,
the SC scheme is only about 6% better than the AC scheme. We repeated the analysis with different
frequencies of the two buildings and arrived at similar results.
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4. Conclusions

This study revisits the idea of shared TMD for mitigation of seismic pounding between adjacent
buildings. Dynamics of an optimal solution reported to be effective in Abdullah et al. [28] is investigated
in detail to arrive at the following conclusions.

1. The solution proposed in the literature does not act like a tuned mass damper. The mass of the
device is not tuned to the structure it is connected to; it is very stiff and as a result, the device does
not move. Any reduction in response resulting from such devices is due to the viscous coupling
of the two buildings rather than the tuned vibration of the STMD mass. Our results show that a
similar level of effectiveness can be achieved without the TMD mass, simply by coupling the two
buildings by a viscous dashpot. This eliminates the need for extra costs required to support the
additional mass of the TMD.

2. The cost function for optimization of STMDs displays two minima, one near resonance of the
device with one of the buildings, and the other at a frequency much larger than that of the
buildings. The solution near the resonance is a tuned mass damper, while the other one is
equivalent to the viscous coupling of two buildings.

3. For a large set of 462 ground motions, an optimal TMD placed on one of the buildings alone
was found to be almost as effective as an STMD tuned to the building both in controlling roof
displacement of the building and pounding distance with an adjacent building. The trouble of
sharing the TMD with another building is therefore not worthwhile.
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