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Featured Application: The proposed rectifier is suitable for aviation power system and ship
power system which require high overload capacity and reliability.

Abstract: To suppress the harmonics of series-connected 18-pulse rectifier, a hybrid harmonic sup-
pression method is proposed in this paper. According to the structure of the converter and the KVL,
the injection voltages are expressed. According to the injection voltages, the relation between the
input voltage THD and the injection transformer turn ratio is obtained. Based on the relationship,
when the THD of the input voltage researches the lowest value, the optimal injection transformer
turn ratio is determined. Testing result shows that after using the proposed reduction method, the
input side THD values of the converter are reduced. The capacity of the suppression circuit is only
about 2% of the load power. The proposed converter is qualified for the interface between the AC
generator and the DC bus of the aircraft electrical system.

Keywords: harmonic injection; hybrid harmonic suppression; injection transformer; series-connected
multipulse rectifier

1. Introduction

Because of their simple structure and strong robustness, multipulse rectifiers (MPRs)
widely serve as interfaces between AC generators and DC buses in small, isolated power
systems, such as aircraft electrical systems and ship power systems [1–3]. However, due to
the nonlinearity of the diodes, a lot of harmonic pollution is produced [4–6].

Usually, there are two types of methods to suppress the harmonic pollution. The first
method improves the harmonic suppression ability by increasing the output phases of the
multi-winding, phase-shifting transformers [7–11]. In [7], a 15-output autotransformer
is proposed; in [8], a T-connected transformer is installed to suppress harmonics; in [9],
a Z/z transformer is proposed; in [10], the 3/9 and 3/12 isolation transformer are re-
searched; in [11], a round-shaped transformer is proposed. Through analyzing the structure
of the multi-winding transformer in [7–11], the first method can suppress the harmonics of
input currents and ripples of load voltages simultaneously, and its harmonic suppression
ability is associated with the output phases number of transformer. However, with the
increase in the output phases, the asymmetry factors, and the production difficulty and
cost of the multi-winding transformer increase rapidly. Therefore, increasing output phase
number is not an economic method.

The harmonic reduction methods are divided into the passive methods, the active
methods, and the hybrid methods. The passive methods, such as [12], generally use
injection transformers and diodes to suppress harmonics, which have high reliability but
limited reduction ability. The active methods generally use injection transformers and
switches [13,14], and compared with the passive methods, the harmonic reduction ability is
increased but the reliability is reduced. To solve the problems of the passive methods and
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the active methods, the hybrid methods are proposed. The hybrid methods, such as [15],
use injection transformers, diodes, and switches to suppress harmonics. From [15], the
hybrid methods are the combination of the passive methods and the active methods, the
low-order harmonics are suppressed by the passive part, while the high-order harmonics
are suppressed by the active part. Compared with the passive methods and the active
methods, the harmonic suppression ability and the reliability are enhanced.

To increase the output voltage level and improve the input power quality of the
converter, this paper combines multi-winding phase-shifting transformer based on [16],
and the hybrid harmonic reduction method to suppress the harmonics of MPRs, which not
only improves the output voltage level, but also improves the input power quality. The
converter has high reliability, output voltage level, and input power quality, which qualify
it for the interface between the AC generator and the DC bus of an aircraft electrical system.

2. The Proposed Rectifier with Harmonic Injection Circuit
2.1. Phase-Shifting Transformer Design

The proposed multipulse rectifier with multi-winding phase-shifting transformer and
hybrid harmonic reduction method is shown in Figure 1. In Figure 1, the converter is
composed of an 18-pulse isolation transformer, 3 diode rectifier bridges, and the hybrid
harmonic injection circuits; each injection circuit consist of an injection transformer, 3
diodes, a switch, and its control circuit.
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Figure 1. The proposed multipulse rectifier using hybrid harmonic reduction method. 

According to the structure of the three-phase diode-bridge rectifier, the output volt-

age of each bridge has six pulse per supply cycle, and each pulse lasts 60°. In Figure 1, 

three-diode bridge rectifiers are connected in series. To suppress the harmonics of input 

current and ripples of load voltage to the highest degree, the phase difference of the input 
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According to the structure of the three-phase diode-bridge rectifier, the output voltage
of each bridge has six pulse per supply cycle, and each pulse lasts 60◦. In Figure 1,
three-diode bridge rectifiers are connected in series. To suppress the harmonics of input
current and ripples of load voltage to the highest degree, the phase difference of the
input three-phase voltages of the diode bridge rectifiers is 20◦, and Figure 2 describes the
vector diagram.
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Take phase A as an example; from Figure 2, it can be obtained that
cos α =

(N11Ua2)
2 + Ua3

2 − (N32Uc2)
2

2N11Ua2Ua3

cos 120◦ =
(N11Ua2)

2 + (N32Uc2)
2 −Ua3

2

2N11Ua2N32Uc2

(1)

where N11 and N32 are the turn ratio of the phase-shifting transformer; Ua2, Ua3, and Uc2
are the amplitude of the input voltages of the three-phase bridge.

From Equation (1), and Figures 1 and 2, when α is 20 degrees, the turn ratio of the
isolation transformer meets the following:

N : N11 : N12 : N21 : N31 : N32 =
√

3 : 0.742 : 0.395 : 1 : 0.742 : 0.395 (2)

When the converter operates normally, the input voltage of the converter is de-
scribed as 

uAN = U∠0◦

uBN = U∠120◦

uCN = U∠− 120◦
(3)

where U is the amplitude of the input voltage.
From Figure 2 and Expression (3), the three sets of output voltages of the isolation

transformer can be calculated as
ua1 = U√

3
∠10◦

ub1 = U√
3
∠130◦

uc1 = U√
3
∠− 110◦


ua2 = U√

3
∠30◦

ub2 = U√
3
∠150◦

uc2 = U√
3
∠− 90◦


ua3 = U√

3
∠50◦

ub3 = U√
3
∠170◦

uc3 = U√
3
∠− 70◦

(4)
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2.2. Operating Modes Analyse

In Figure 1, according to the KCL, the currents through the primary winding of the
injection transformers are described as{

ix1 = iRec2 − iRec1
ix2 = iRec3 − iRec2

(5)

where ix1 and ix2 are the currents through the primary windings of injection transformers
1 and 2, respectively.

Under constant-voltage load, based on the topology of the three-phase diode bridge
rectifier, Figure 3 describes the output currents (iRec1, iRec2, iRec3) of the rectifier bridges;
and from Equation (4), the currents ix1 and ix2 can also be obtained, as shown in Figure 3.
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From Equation (6), the output voltages of the rectifier bridges are described as Figure 4.
In Figure 4, the voltages uKF, uFS, and uSG have 6 pulses per supply cycle with a phase
difference of 20 degrees, and each pulse lasts 60 degrees.
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From Figure 1, the injection voltages uFP and uST are calculated as
uFP =

uFS + uSG − uKF

2
− uo

6

uST =
uSG − uKF − uFS

2
+ uo

6

(7)

where uFP and uST are the primary winding voltages of the two injection transformers,
respectively.
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From Figure 4 and Equation (6), the injection voltages uFP and uST can be described as
in Figure 5.
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D2 and D4 are revise-biased, and the injection voltages uFP and uST are calculated as 
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Figure 5. Primary winding voltages of the injection transformers when input voltage of the rectifier
is harmonic-free.

From [12–14], almost all the harmonic reduction methods generate multistep wave-
forms which are equivalent to the ideal injection waveform (as shown in Figure 5) to
suppress harmonics. That is because the cost and difficulty of generating multistep waves
are much lower than these of the triangular waves. Besides, the harmonic reduction effects
of the multistep wave and the triangular wave are similar.

From Figure 5, there are three combinations of currents ix1 and ix2, which are
1© ix1 > 0, ix2 > 0, 2© ix1 > 0, ix2 < 0, 3© ix1 < 0, ix2 > 0. On the basis of the on–off state

of VD1, VD2, and the currents ix1 and ix2, the harmonic suppression circuit has seven
modes, described as Figure 6.
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In Figure 6b, VD1 and VD2 are turned off, ix1 > 0, ix2 > 0, D1 and D3 are forward-biased, 
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Figure 6. Operating modes of the harmonic injection circuit. (a) Mode. 1. (b) Mode. 2. (c) Mode. 3.
(d) Mode. 4. (e) Mode. 5. (f) Mode. 6. (g) Mode. 7. The red arrows represents the directions of
currents ix1 and ix2.
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In Figure 6a, VD1 is turned on, VD2 is turned off, ix2 > 0, D1, D2 and D3 are forward-
biased, D4 is revise-biased, and the injection voltages uFP and uST are calculated as uFP = 0

uST =
2N7

3N8
uo

(8)

In Figure 6b, VD1 and VD2 are turned off, ix1 > 0, ix2 > 0, D1 and D3 are forward-biased,
D2 and D4 are revise-biased, and the injection voltages uFP and uST are calculated as

uFP =
2N7

3N8
uo

uST =
2N7

3N8
uo

(9)

In Figure 6c, VD1 is turned off, VD2 is turned on, ix1 > 0, D1, D3 and D4 are forward-
biased, D2 is revise-biased, and the injection voltages uFP and uST are calculated as

uFP =
2N7

3N8
uo

uST = 0
(10)

In Figure 6d, VD1 and VD2 are turned off, D1 and D4 are forward-biased, D2 and D3
are revise-biased, and the injection voltages uFP and uST are calculated as

uFP =
2N7

3N8
uo

uST = −2N7

3N8
uo

(11)

In Figure 6e, VD1 is turned on, VD2 is turned off, D1, D2 and D4 are forward-biased,
D3 is revise-biased, and the injection voltages uFP and uST are calculated as uFP = 0

uST = −2N7

3N8
uo

(12)

In Figure 6f, VD1 is turned off, VD2 is turned on, D2, D3 and D4 are forward-biased,
D1 is revise-biased, and the injection voltages uFP and uST are calculated as uFP = −2N7

3N8
uo

uST = 0
(13)

In Figure 6g, VD1 and VD2 are turned off, D2 and D3 are forward-biased, D1 and D4
are revise-biased, and the injection voltages uFP and uST are calculated as

uFP = −2N7

3N8
uo

uST =
2N7

3N8
uo

(14)

From Equations (7)–(13), and Figures 5 and 6, the injection voltage of the converter can
be obtained, as shown in Figure 7. In Figure 7, there are 48 combinations per power supply
cycle; and in order to suppress the (18k ± 1)th and (36k ± 1)th harmonics, the duration of
combinations 6, 14, 22, 30, 38, and 46 is 1/27 power supply cycle, and the duration of the
other combinations is 1/54 power supply cycle.
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3. Injection Transformer Turned Ratio Calculation

The following analysis takes combination 5 as an example. In combination 5, ia2 > 0,
ib2 = 0, ic2 < 0, ia3 > 0, ib3 = 0, ic3 < 0. Therefore, voltage ua2c2 and voltage ua3c3 are
calculated as 

ua2c2 =
(N8 + 4N7)

3N8
uo

ua3c3 =
(N8 − 2N7)

3N8
uo

(15)

From Figures 2 and 3, it is obtained that

ua1c1 = N2un2b2 + N1ua2n2 + N1un2c2 + N2ua2n2 (16)

where N1 = N11/N21 = N31/N21, N2 = N12/N21 = N32/N21.
From above analysis, ub2c2 can be expressed as

ub2c2 =
(N8 − N7 − N1N8 − 4N1N7)

3N2N8
uo (17)

Then, ua2b2 is expressed as

ua2b2 =
(N2N8 − 2N2N7 − N8 − 2N7 + N1N8 − 2N1N7)

3N2N8
uo (18)

According to Equation (18) and the structure of the isolation transformer, voltage uAN
can be obtained as follows:

uAN =
5(N2N8 − 2N2N7 − N8 − 2N7 + N1N8 − 2N1N7)

3
√

3N2N8
uo (19)

Similarly, the expressions of voltage uAN in one supply cycle can also be obtained, as
shown in Table 1.
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Table 1. Expressions of Voltage uAN with the harmonic suppression method.

Voltage Level Voltage Level

u1
5(N8+4N7)

3
√

3N8
uo u7

5(N8+2N7−N1 N8+2N1 N7)

3
√

3N2 N8
uo

u2
5(N8+2N7)

3
√

3N8
uo u8

5(N8−N1 N8−2N1 N7)

3
√

3N2 N8
uo

u3
5(N8−2N7)

3
√

3N8
uo u9

5(N8−N7−N1 N8−4N1 N7)

3
√

3N2 N8
uo

u4
5(N1 N8+2N1 N7−N2 N8)

3
√

3N8(N2
1−N2

2 )
uo u10

5(N2 N8+2N2 N7−N8+N1 N8+2N1 N7)

3
√

3N2 N8
uo

u5
5(N1 N8+2N1 N7−N2 N8−2N2 N7)

3
√

3N8(N2
1−N2

2 )
uo u11

5(N2 N8−2N2 N7−N8−2N7+N1 N8−2N1 N7)

3
√

3N2 N8
uo

u6
5(N2

1 N8−N1 N2 N8−2N1 N2 N7)

3
√

3N1 N8(N2
1−N2

2 )
uo u12

10N7

3
√

3N8(N1−N2)
uo

Based on Table 1, the waveform of uAN in one supply cycle can be obtained, as shown
in Figure 8.
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According to Figure 8 and Table 1, the RMS value and the fundamental value of the
input voltage can be calculated as Equations (20) and (21), respectively.

US1 =
1

0.2806N8π



−4.266N8 + 0.373N8 cos π
18 + 0.167N8 cos 7π

54 + 0.132N8 sin π
9

+6.875N7 − 2.776N7 cos π
18 − 8.549N7 cos 5π

54 − 1.213 cos 7π
54 − 0.54 cos π

27 − 2.162 sin 2π
27

+1.081 sin π
9 + 6.222N7 cos π

54 − 0.156 cos 11π
54 − 0.624 cos 13π

54 + 0.624 sin 4π
27

−0.653N8 − 1.508N7 + 11.793N7 cos 7π
54 + 1.508N7 sin π

27 + 6.031N7 sin 2π
27 − 7.706N7 sin π

9

−3.479N7 cos 11π
54 − 13.916N7 cos 13π

54 + 5.05N7 sin 2π
9 − 3.817N8 sin 2π

9 + 4.06N7 sin 5π
27


(20)

UAN ==
1

3
√

3

√
7.337N2

8 + 123.655N2
7 + 16.377N7N8

N2
8

(21)

According to Equations (20) and (21), the relation between the input voltage THD and
the injection transformer turn ratio can is described in Figure 9.
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According to Equations (20) and (21), the relation between the input voltage THD 

and the injection transformer turn ratio can is described in Figure 9. 
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Figure 9. The relationship between the THD of input voltage and the turn ratio of injection
transformers.
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From Figure 9, when the turns ratio (n) is 0.0118, the THD of input voltage reaches the
minimum value 0.0588.

From Table 1 and Figure 9, the expressions of input voltages harmonics with harmonic
suppression circuit can be obtained, written as follows:

uHar − 48 =
∞

∑
n = 6k ± 1

1
0.2806N8π



−4.266N8 + 0.373N8 cos nπ
18 + 0.167N8 cos 7nπ

54 + 0.132N8 sin nπ
9

+6.875N7 − 2.776N7 cos nπ
18 − 8.549N7 cos 5nπ

54 − 1.213 cos 7nπ
54

−0.54 cos nπ
27 − 2.162 sin 2nπ

27 + 1.081 sin nπ
9 + 6.222N7 cos nπ

54

−0.156 cos 11nπ
54 − 0.624 cos 13nπ

54 + 0.624 sin 4nπ
27 − 0.653N8

−1.508N7 + 11.793N7 cos 7nπ
54 + 1.508N7 sin nπ

27 + 6.031N7 sin 2nπ
27

−7.706N7 sin nπ
9 − 3.479N7 cos 11nπ

54 − 13.916N7 cos 13nπ
54

+5.05N7 sin 2nπ
9 − 3.817N8 sin 2nπ

9 + 4.06N7 sin 5nπ
27


sin nx (22)

From Equation (22), after using the proposed suppression method, the (18k ± 1)th and
(36k ± 1)th harmonics of the input voltages are reduced.

4. Capacity of the Proposed Harmonic Reduction Circuit

To estimate the harmonic suppression cost of the proposed hybrid method, the capacity
of the injection transformer and the loss of the switches are analyzed. From Figure 7, the
injection voltage uFP and uST are calculated as

uFP =


0 [ kπ

3 , π
27 + kπ

3 ] ∪
[

4π
27 + kπ

3 , 2π
9 + kπ

3 ]

0.0079uo [ π27 + kπ
3 , 4π

27 + kπ
3 ]

−0.0079uo [ 2π
9 + kπ

3 , (k+1)π
3 ]

uST =


0 [π9 + kπ

3 , 5π
27 + kπ

3 ] ∪
[

8π
27 + kπ

3 , (k+1)π
3 ]

0.0079uo [ 5π
27 + kπ

3 , 8π
27 + kπ

3 ]

−0.0079uo [ (k+1)π
3 , π

9 + (k+1)π
3 ]

(23)

From Figures 1 and 7, the injection current ix1 and ix2 are calculated as

ix1 = 3



9Io
π x− Io

3 [ π27 + kπ
3 , 4π

27 + kπ
3 ]

− 54Io
7π x + 11Io

7 [ 4π
27 + kπ

3 , 11π
54 + kπ

3 ]

− 9Io
π x + 11Io

6 [ 11π
54 + kπ

3 , 17π
54 + kπ

3 ]

6Io
π x− 20Io

9 [ 17π
54 + kπ

3 , 10π
27 + kπ

3 ]

ix2 = ix1∠30◦

(24)

From Equations (23) and (24), Equation (25) describes the injection transformer capacity.

S = uFPix1 + uSTix2 ≈ 0.019uoio (25)

From Equation (25), the injection transformer capacity is only 1.9% of the output
power. As discussed in [11–16], the injection transformers capacity of the existing methods
was higher than 2% of load power. Therefore, the circuit loss of the proposed suppression
method is reduced to a certain extent.

According to Figure 9, the current across the secondary side of the injection transformer
is 0.0118 times of the primary side. Assuming the load power is 1500 W and the drain
source on-state resistance of the switch is 500 mΩ, the loss of the switch is calculated as
5 × 0.0118 × 0.5 = 0.0295 W. Therefore, the switch loss of the switch can be approxi-
mately neglected.

5. Simulation and Experiment Validation

To verify the above analysis, some experiments were carried out. The parameters of
the rectifier are described as follows.
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1. The turns ratio of the main transformer meets that N:N11:N12:N21:N31:N32

= 5
√

3:0.742:0.395:1:0.742:0.395.
2. The injection transformer turns ratio meets that N7:N8 = 0.0118.
3. The RMS of the power supply is 220 V, and the frequency is 50 Hz.

Figure 10 describes the prototype of the proposed multipulse rectifier. In Figure 10,
the control circuit is a combination of the sampling circuit, the drive circuit, and the rapid
control typing (RCP).
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When without the suppression method, the input voltage of the rectifier is described
as Figure 11. The input voltage in Figure 11 has 18 steps per cycle, the simulated THD
of input voltage is 8.7%. Because of the leakage inductance of the main transformer, the
experimental value is about 6.8%.
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Figure 11. Input voltage of the 18-pulse rectifier without the reduction method. (a) Simulation result.
(b) Experimental result.

When using the suppression method, Figure 12 shows the input voltages of the rectifier.
In Figure 12, the input voltages are sinusoids, the simulated THD of input voltage is 3.6%.
Similarly, because of the leakage inductance of the main transformer, the experimental
THD of input voltage is about 2.4%.
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Figure 13 expresses the input currents when without suppression method. In Figure 13,
the simulated THD is about 7.4%, and the experimental THD is about 5.8%.
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Figure 13. Input current of the rectifier without the reduction method. (a) Simulation result.
(b) Experimental result.

Figure 14 shows the input currents when using the hybrid harmonic reduction method.
In Figure 14, the simulated THD is about 3.1%, and the experimental value is about 2.7%.
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Figure 14. Input current of the converter with the reduction method. (a) Simulation result.
(b) Experimental result.

From Figures 11–14, after using the harmonic suppression method, the simulated
THD of input voltage decreases from 8.7 to 3.6%, and the experimental THD decreases
from 6.8 to 2.4%; the simulated THD of input current decreases from 7.4 to 3.1%, and the
experimental THD decreases from 5.8 to 2.7%. Therefore, the hybrid harmonic reduction
method can suppress harmonics of the input side.



Appl. Sci. 2022, 12, 5544 12 of 14

Figure 15 shows the output voltage current of the proposed rectifier. In Figure 15, the
voltage and current remain approximately constant, and the load voltage and load current
are around 310 V and 3.4 A, respectively; the output power is calculated as 1100 W. From
Figure 15a,b, it can be obtained that the simulation and experiment results are basically
the same.
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Figure 17. Voltage across the primary winding of the injection transformer. (a) Simulation result. 
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Figure 15. Output voltage and output current of the proposed rectifier. (a) Simulation result. (b)
Experimental result.

Figures 16 and 17 show the current through and voltage across the primary winding
of the injection transformer, respectively. In Figure 16, the current is triangular wave with a
frequency of 300 Hz. In Figure 17 the is three-step waveform with a frequency of 300 Hz.
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From Figures 16 and 17, the amplitude of the current is around 8.5 A, the amplitude 
of the voltage is 2.4 V. Therefore, the capacity of each injection transformer is about 10 W, 
which is about 1% of the load power. Because of the leakage inductance of the main trans-
former, the experimental results of current ix1 and current ix2 in Figure 16b have some dis-
tortion. Because of the mode switch of VD1 and VD2, the experimental results of the injec-
tion voltages in Figure 17b have some spikes in the switching instant. 
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Figure 16. Current through the primary winding of the injection transformer. (a) Simulation result.
(b) Experimental result.
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which is about 1% of the load power. Because of the leakage inductance of the main trans-
former, the experimental results of current ix1 and current ix2 in Figure 16b have some dis-
tortion. Because of the mode switch of VD1 and VD2, the experimental results of the injec-
tion voltages in Figure 17b have some spikes in the switching instant. 
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From Figures 16 and 17, the amplitude of the current is around 8.5 A, the amplitude
of the voltage is 2.4 V. Therefore, the capacity of each injection transformer is about 10 W,
which is about 1% of the load power. Because of the leakage inductance of the main
transformer, the experimental results of current ix1 and current ix2 in Figure 16b have some
distortion. Because of the mode switch of VD1 and VD2, the experimental results of the
injection voltages in Figure 17b have some spikes in the switching instant.

Figure 18a describes the load voltage and load current of the proposed rectifier when
the load resistance changes from 180 to 90 Ω. Figure 18b shows the input current of A
phase when the load changes from 180 to 90 Ω. From Figure 18a it can be obtained that
the output voltage remains constant while the output current has a step change. From
Figure 18b, it can be acquired that the input current rises gently when the load is switching,
but the THD value of the input does not change.
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6. Conclusions

To suppress the harmonics of input voltage, this paper proposed a multipulse rectifier
which combines multiple output transformer (nine outputs and above) and the hybrid
harmonic suppression method. The proposed rectifier not only can improve the output
voltage level, but also improve the input power quality. Through injecting two sets of six-
times three-step voltages with a phase difference of 20 degree at DC link, the (18k ± 1)th and
(36k ± 1)th harmonics of input voltages are significantly suppressed. When using harmonic
reduction method, the experimental THD of the input voltages is reduced from 6.8 to 2.4%,
and the experimental THD of the input currents is reduced from 5.8 to 2.7%, and the output
voltage and output current remain constant. Under some experimental conditions, the
capacity of the hybrid harmonic reduction is only about 1% of load power. The proposed
converter is qualified for the interface between the AC generator and the DC bus of the
aircraft electrical system.
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