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Abstract: We developed a guinea fowl jumping robot with a one-axis momentum wheel mechanism
with a passive hallux model. The Guinea fowl jumping robot was able to perform stable vertical
jumping due to the linkage structure designed as a passive hallux model. Furthermore, we used the
one-axis momentum wheel mechanism in the jumping robot for making the compact balance control
mechanism that can control the body angle of the robot. Through the experiment, the conventional
jumping robot uses the inertial tail to adjust the body angle in the air for stable landing and jumping.
However, in the case of an inertial tail, it has a large volume and has a disadvantage in that stability
is highly reduced when it collides with obstacles due to the shape of the inertial tail. Moreover,
we performed a theoretical analysis, simulation, and experiment to verify the performance of the
momentum wheel mechanism, and we confirmed that the passive hallux structure contributed to
the jumping stability. Besides, we proved that the momentum wheel could adequately land on the
ground by adjusting the body angle after vertical jumping. In addition, we demonstrated that the
stability of the momentum wheel is higher than the inertial tail through collision simulation.

Keywords: balance control; momentum wheel; guinea fowl; vertical jumping

1. Introduction

Jumping robots can quickly overcome obstacles of varying height. Due to such
advantages, the jumping robot can be used in various environments that have rough
terrain [1–3]. To overcome the rough terrain using a jumping robot, a linkage design of the
leg model and a balance control mechanism need to be considered [1–5]. When applying a
linkage model to the jumping robot, the robot can move all links of the leg model by using
only a single motor, and this can reduce the jumping robot’s control elements, volume, and
weight. For these reasons, the control efficiency of the linkage model is higher than that of
a multi-node model. Recently, many researchers have mimicked an animal leg structure
to design the jumping robot’s legs using a linkage structure [1–7]. Besides, to control the
posture of the jumping robot, a balance control mechanism has been actively studied.

In the case of [8,9], these robots use 1-DOF to operate the whole linkage model.
However, these robots cannot control the jumping height, tilting angle, and the distance of
jumping forward because the trajectory of leg structure is fixed. As a result, to control the
jumping angle, jump height, and distance of jumping forward, these robots need a balance
control mechanism. Refs. [8,9] rotate the inertial tail after jumping to stand the fallen
jumping robot on the ground by controlling the posture. However, with this method, it is
difficult to control the jumping angle and the jumping height in real-time and continuous
jumping cannot be performed.

In addition, researchers also studied the control method for the inertial tail by using a
2-DOF servo [10] or pneumatic actuator [11]. However, these two studies are not suitable as
a balance control mechanism for a small jumping robot because several servos are used to
move the inertial tail and a pneumatic mechanism that occupies a large volume is applied.
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For continuous jumping in real-time without falling, it is necessary to control the body
angle of the jumping robot during the stance phase or takeoff phase. In the case of the Penn
Jerboa robot [12] and Salto-1P [13], the inertial tail mechanism can control the body angle
of the robot in the air, and these robots can change the jumping height and tilting angle by
controlling the posture of the robot during the stance phase or takeoff phase. This control
technique allows the jumping robot to perform agile continuous jumping. Interestingly,
when these robots start initial jumping, they perform the vertical jumping, because the
jumping robot can reach the maximum height rapidly, and can earn enough time to control
the body angle before landing. Moreover, the inertial tail mechanism can support a large
control output. However, the inertial tail has a disadvantage in that it occupies a huge
volume and has a high probability of colliding with obstacles. As a result, it is necessary
to make a compact balance control mechanism that has similar control performance. In
addition, to increase the stability of agile jumping, the jumping robot needs a leg model
that makes it possible for the feet to be parallel with the ground and maintain balance when
the legs move rapidly.

To solve the problem of the inertial tail mechanism, a study on the guinea fowl
jumping robot using a momentum wheel was also undertaken [14,15]. However, in a study
on vertical jumping using the guinea fowls leg model, the hallux model for vertical jumping
stably was not considered. Furthermore, it was not verified whether the momentum wheel
could achieve stable control performance while having a compact design compared to the
inertial tail.

The structure of this paper, aiming to compare the stability of the aforementioned
robot legs and the stability of the momentum wheel and inertial tail, is as follows. In
Section 2, the linkage design for the passive hallux model that assists the guinea fowl
jumping robot to jump stably when performing vertical jumping will be mentioned, and a
dynamic model for the jumping robot and momentum wheel will be created and analyzed
through equations. Furthermore, we will cover the design of the jumping robot based on
the analysis. In Section 3, we will verify the jumping performance and the performance
of the momentum wheel based on the designed robot and perform collision simulation to
compare the stability of the momentum wheel and the inertial tail.

2. Design of Guinea Fowl Jumping Robot with Momentum Wheel

This section will cover the design of the guinea fowl jumping robot and the momentum
wheel mechanism. Then, we will analyze the dynamic model of the guinea fowl jumping
robot and the momentum wheel model.

2.1. Design of Leg Model of Guinea Fowl Jumping Robot

The vertical jumping performance of the guinea fowl is important to control the
jumping angle of the robot in the air. To provide vertical jumping, we consider the limb
angle and bone structure. First, to design the linkage structure, it is necessary to see how
the leg angle of the guinea fowl changes over time. As described in [16], the preparation
time for jumping required is 270 ms from the initial position and the jumping energy value
reaches the maximum at 0 ms. The state when the guinea fowl has maximum jumping
energy is called the pre-takeoff (PRT) stage. The guinea fowl starts to release the jumping
energy using the leg muscles at 0 ms, and the time of maximum jumping energy emission
is 120 ms. At 120 ms, the guinea fowl fully stretches its two legs, and this state is called the
post-takeoff (POT) stage.

To construct the linkage model based on the limbs of the guinea fowl, it is necessary to
analyze how the leg angle changes when the state changes from PRT to POT. This reference
also investigated the limb angle of the guinea fowl model: in the initial motion of the guinea
fowl, hip angle, knees angle, ankle angle, and toe angle are 43 ± 5 degrees, 64 ± 3 degrees,
and 90 ± 9 degrees, respectively. When the guinea fowl moves its posture into PRT, hip
angle, knees angle, ankle angle, and toe angle become 30 ± 3 degrees, 54 ± 4 degrees,
45 ± 5 degrees, and 160 ± 3 degrees, respectively. Finally, at the POT stage, hip angle,
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knees angle, ankle angle, and toe angle are 98 ± 3 degrees, 97 ± 4 degrees, 154 ± 5 degrees,
and 173 ± 4 degrees, respectively, and the guinea fowl fully stretches the limb and starts
to take-off.

Besides, we consider the bone structure of the guinea fowl’s leg. The leg consists of
the femur, tibiotarsus, tarsometatarsal, digits, and hallux. We measured the bone length
introduced in the reference so we could determine that the length ratio of the limb bone is
1:1.5:0.8:0.75:0.37 [16–19].

The linkage model of the robot is created by mimicking the joint angle and the bone
structure of the guinea fowl model shown in Figure 1. This linkage structure is designed
such that the whole link can move using one motor and it is considered the bone length
ratio of the guinea fowl model. In the actual guinea fowl bone model, the tarsometatarsal
and the digits are composed of different bones. However, in the designed linkage model,
these two parts are united. This is because the designed robot’s legs can only be moved by
one motor.
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Figure 1. Linkage model of guinea fowl jumping robot with passive hallux model.

The guinea fowl moves digits when jumping or running, allowing it to move more
efficiently depending on the environment. To create this motion, we need an additional
motor, but if we attach an additional motor, the jumping robot becomes heavy. To solve
these problems, we designed the hallux that can move passively when the digits angle is
changed. In Figure 1, when the guinea fowl robot changes from the PRT (left) to the POT
(right), the legs can stably stand on the ground. We used the LINKAGE program to test the
designed linkage model. The simulation results are shown in Figure 2c. We confirmed that
the hallux can stably contact the ground, and we checked that the trajectory of jumping
is vertical.
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Then, we carried out a closed loop equation and simulation to assess whether the
non-passive hallux model can perform the PRT and POT stages on the ground. Figure 2a
shows the closed-loop equation model for the jumping trajectory that changes when the
non-passive hallux model is moved from POT to PRT. Figure 2a shows the trajectory of the
joint of hallux (Tj) that changes when the rotational joint (D) rotates by ψj. In the linkage
model, each joint point is defined from A to T, and the coordinates of each point are defined

as
→
A = Ax + Ayi. Next, the rotation angle for each link is expressed in the form of eiψ. In

Figure 2a, the closed-loop equation for the ground joints A, B, C, and D to the joint of hallux
(Tj) can be defined by Equations (1)–(7). Through Equations (6) and (7), we can obtain the
Tj coordinates that change according to the rotation angle of the motor, and the optimal
values for the length and change angle of each link can be obtained using Equations (1)–(7).
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K
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Then, we verified how the coordinate of the joint of the hallux rotates as the linkage
structure changes, as shown in Figure 2b. In the non-passive hallux model, the angle
between hallux and digit is fixed. When the initial coordinates of the joint of the hallux in
the non-passive hallux model are set to T0(x,y), the coordinates of the joint of hallux that
change from POT to PRT become Tj(x’,y’). In addition, before the non-passive hallux model
moves, the point of contact with the ground is set to O(0,0), and point O is assumed as the
anchor. Besides, the changing angle as the joint of hallux is defined as ∆θh. As a result, we
can define the vector equation as Equation (8). To increase the jumping stability when the
robot changes from the POT stage to the PRT stage, ∆θh should be maintained at 0 degrees.[

x′

y′

]
=

[
cos ∆θh −sin ∆θh
sin ∆θh cos ∆θh

][
x
y

]
, (8)

The simulation results for the passive hallux model and the non-passive hallux model
are shown in Figure 2c. The red line is the non-passive hallux model, and the blue line is
the passive hallux model. Furthermore, it takes 120 ms for the robot to change the motion
from the POT stage to the PRT stage. In the case of the non-passive hallux model, ∆θh
changed from 0 degrees to 25 degrees over time. For this reason, when the robot reaches
the PRT stage, the robot is lifted backwards and then tilted forwards from 120 ms to 240 ms.
In contrast, the passive hallux model maintains the ∆θh to 0 degrees until the PRT stage,
and hence the robot can stand stably when the robot reaches the POT to PRT stage.

In the case of Salto-1P, a non-passive hallux model can be used to initiate a jump only
at the PRT stage. However, in the case of the passive hallux model, the jumping robot can
start the first jump in the POT stage as well as the PRT stage. This advantage can increase
the initial stability by positioning the robot such that it can return to its original position
even if an initial jumping error occurs. As a result, the passive hallux model contributes to
the stability of the pre-jumping motion and vertical jumping motion.

2.2. Design of Trigger Mechanism

To design the trigger mechanism, we considered a torsion spring and rubber band.
The spring model corresponding to the muscle attached to the femur uses a torsion spring,
and a rubber band is used to transmit the force between the femur and the tarsometatarsal.
First, we chose the torsion springs model. We use four torsion springs to accumulate the
jumping energy, and the spring constant is 38.3 Nmm/deg. Second, we consider the torsion
spring part of the trigger mechanism. The implemented force transmission structure using
the torsion spring model is shown in Figure 3a. The yellow part is the femur, and the
torsion spring is fixed to the femur. The operation mechanism is as follows. First, when the
motor moves, the cam pushes the roller and swinging bar to compress the torsion spring.
When the torsion spring is fully compressed, the cam reaches the critical point. If the cam
passes the critical point, the torsion spring starts to release the elastic energy.

Then, we considered the muscle located between the femur and the tarsometatarsal.
For transmitting the jumping energy to the linkage model efficiently, we considered the
leg model by mimicking the muscles of each part. The mechanism designed with a rubber
band is shown in Figure 3b. As shown in Figure 3b, we attached the rubber band to the
joint of the femur and the joint of the tarsometatarsal. As a result, when the whole link
moves, the rubber band is stretched, and the jumping energy is accumulated. Like the
torsion spring mechanism, when the cam passes the critical point, the elastic energy starts
to release. We wound the rubber bands nine times to the limb model. In addition, we
performed ten iterations of tensile tests and confirmed that the spring constant of the rubber
band is 50 N/m.
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After we chose the spring model and trigger mechanism, we calculated the jumping
height. Our goal is to create a robot that can jump 20 cm without a balance control circuit.
The equation for calculating the jumping height is given in Equation (9), where h is the
jumping height, γ is the takeoff angle, and k1 is the stiffness coefficient of the torsion
spring. θ is the maximum compression angle of the torsion spring, N1 is the number of
torsion springs, and N2 is the number of times the rubber band is wound. k2 is the stiffness
coefficient of the rubber band, ∆x is the stretched length of the rubber band, I is the moment
of inertia of the jumping robot,ω is the angular velocity that occurs when the robot starts
jumping, and m is the mass of the guinea fowl jumping robot. Table 1 shows the parameter
values for calculating the jumping height. Through the calculation, we confirmed that the
jumping height is 25.3 cm and that the jumping robot can jump 20 cm.

h =
(

N1k1θ
2 sin2 γ+ N2k2x2 − Iω2

)
/2 mg, (9)

To accumulate elastic energy using torsion springs and rubber bands, we selected a
motor that can provide sufficient torque to the cam. The equation for obtaining the required
torque to rotate the cam is given in Equation (10). τr is the required torque of the system,
P1 is the distance between the point O′ and the operating line of force F, P2 is the distance
between the point O and the operating line of force F, and ∆ψ is the rotation angle of the
swinging bar. The required torque obtained by using the values in Table 1 is 4789.63 Nmm.

τr = (N1k1∆ψ+ N2k2∆x)
P2

P1
, (10)

We use the DCX model of the MAXON motor. The torque value of this motor is
11.6 Nm, the maximum allowable speed of the motor is 13,100 rpm, the rated output is
10 W, and the gearhead is the GPX 16: 1 model. In addition, we designed a 13:1 reduction
gear to increase the torque of the cam, and we designed a cam that can jump two times per
cycle to double the torque. Through the calculation, the torque of the cam is 4825.60 Nmm
and its angular velocity is 0.52 rev/s. As a result, we can see that the cam has enough
torque to compress the torsion spring and the rubber band, and the robot can jump twice
in one second.

Next, we checked how the coordinates of the center of mass (C.M.) change when the
jumping robot changes from the PRT stage to the POT stage. Figure 3c shows the center of
mass for the PRT stage and POT stage. In this figure, the red line is the x-axis, the green
line is the y-axis, and the blue line is the z-axis. Figure 3c shows the coordinates of C.M.
during the PRT stage, and the coordinates are (16.431, −11.168, −21.025). The coordinates
of C.M. are (17.996, −11.168, −47.040). At this time, for the robot not to fall while bending
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the leg, the variation of the x-axis must be within 2 mm. Since the variation of the x-axis is
1.565 mm, we can see that C.M. is located on the line when the robot is changing from the
PRT stage to the POT stage.

Table 1. The parameter values of the guinea fowl jumping robot.

Symbol Parameter Value

N1 4
k1 38.3 Nmm/deg
θ 17.73◦

γ 90◦

N2 36
k2 50 N/m
∆x 3.8 cm
m 713 g

∆ψ 60◦

P1 48.6 mm
P2 3.0 mm
N1 4
k1 38.3 Nmm/deg
θ 17.73◦

2.3. Design and Analysis of Momentum Wheel Mechanism

A balance control mechanism is needed to balance the robot after jumping and adjust
the jumping angle before landing [13,20]. The jumping robot should be able to control the
body angle in the stance phase and takeoff phase by using the balance control mechanism.
A jumping robot can perform a stable landing if the body angle is maintained. To control
the body angle of the guinea fowl jumping robot, we chose the momentum wheel as a
method to control the balance of the robot. The reason for using the momentum wheel is
that it can reduce the volume of the balance control mechanism better than other jumping
robots using an inertial tail. As a result, we can control the robot more stably due to the
decrease of the probability of collision with obstacles. In addition, the momentum wheel
can generate a large control output with a small control input, so the control efficiency
is high [19–22]. These advantages allow the robot to avoid obstacles stably and help to
control the jumping angle and jumping height when the user adjusts the body angle of the
jumping robot by using the control signal.

Figure 4 shows the balance control process of a guinea fowl jumping robot with a
moment wheel. The blue arrow indicates the direction of the movement, h is the jumping
height, L is the jumping distance, θ is the initial body angle, and θ′ is the changed body
angle. The black circle superimposed on the robot’s body indicates the momentum wheel,
the torque of the jumping robot is τ (yellow arrow), and the torque of the momentum
wheel is defined as τ′ (green arrow). At the first jump, the robot jumps vertically to control
the jumping angle of the next jump, and the second jump shows how the jumping angle
changes when the body angle is adjusted.



Electronics 2022, 11, 1191 8 of 19Electronics 2022, 11, x FOR PEER REVIEW 8 of 20 
 

 

 
Figure 4. The balance control mechanism of the guinea fowl jumping robot using one-axis momen-
tum wheel: (a) Stance phase with balance control; (b) Control of body angle at maximum jumping 
height; (c) Tilting control for stable landing; (d) Landing and takeoff angle control for next jumping; 
(e) Control of body angle at maximum jumping height on second jumping; (f) Landing. 

In Figure 4a, the body angle of the jumping robot is 0 degrees. After the jump, torque 
is applied to the robot. For this reason, the jumping height will be reduced. To compensate 
for this, the torque direction of the momentum wheel must be operated in the opposite 
direction to the torque direction of the jumping robot before the robot jumps, as in Figure 
4a. In Figure 4b, the jumping robot reaches the maximum height. At this time, the robot 
must rotate the momentum wheel in the τ′ direction to decrease the generated torque 
value in the τ direction. In Figure 4c, the jumping robot controls the body angle to θ′ 
using the momentum wheel. Before the robot reaches the landing point, the torque value 
of the momentum wheel should be larger than the torque value of the jumping robot. 

In Figure 4d, the jumping energy of the jumping robot is maximized, and the front 
foot of the robot reaches the landing point. After the landing, the center of gravity of the 
robot moves forward, and torque is applied to the robot in the τ direction. At this time, 
the direction of the momentum wheel to maintain the balance is τ′. When the robot starts 
jumping, the jumping angle is 90−θ′. The jumping angle and jumping height become 
smaller, but the jumping distance of Lଶ is bigger than Lଵ. 

Figure 4e controls the body angle of the jumping robot as in Figure 4b, and the jump-
ing robot stably lands on the ground and prepares for the next jump, as shown in Figure 
4f. Figure 4 shows that the jumping angle, height, and jumping length can be adjusted by 
controlling the body angle of the jumping robot using the 1-axis momentum wheel mech-
anism. For continuous jumping and stable landing, the jumping robot needs to maintain 
the body angle at 0 degrees during the stance phase and takeoff phase. Moreover, to apply 
the jumping robot to the actual environment, it is necessary to attach the 3-axis momen-
tum wheel mechanism to the jumping robot. However, in this paper, we will discuss the 
basic study on the 1-axis momentum wheel mechanism to allow for a stable and continu-
ous jumping motion. 
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(e) Control of body angle at maximum jumping height on second jumping; (f) Landing.

In Figure 4a, the body angle of the jumping robot is 0 degrees. After the jump, torque
is applied to the robot. For this reason, the jumping height will be reduced. To compensate
for this, the torque direction of the momentum wheel must be operated in the opposite
direction to the torque direction of the jumping robot before the robot jumps, as in Figure 4a.
In Figure 4b, the jumping robot reaches the maximum height. At this time, the robot must
rotate the momentum wheel in the τ′ direction to decrease the generated torque value in
the τ direction. In Figure 4c, the jumping robot controls the body angle to θ′ using the
momentum wheel. Before the robot reaches the landing point, the torque value of the
momentum wheel should be larger than the torque value of the jumping robot.

In Figure 4d, the jumping energy of the jumping robot is maximized, and the front
foot of the robot reaches the landing point. After the landing, the center of gravity of the
robot moves forward, and torque is applied to the robot in the τ direction. At this time,
the direction of the momentum wheel to maintain the balance is τ′. When the robot starts
jumping, the jumping angle is 90 − θ′. The jumping angle and jumping height become
smaller, but the jumping distance of L2 is bigger than L1.

Figure 4e controls the body angle of the jumping robot as in Figure 4b, and the
jumping robot stably lands on the ground and prepares for the next jump, as shown in
Figure 4f. Figure 4 shows that the jumping angle, height, and jumping length can be
adjusted by controlling the body angle of the jumping robot using the 1-axis momentum
wheel mechanism. For continuous jumping and stable landing, the jumping robot needs to
maintain the body angle at 0 degrees during the stance phase and takeoff phase. Moreover,
to apply the jumping robot to the actual environment, it is necessary to attach the 3-axis
momentum wheel mechanism to the jumping robot. However, in this paper, we will
discuss the basic study on the 1-axis momentum wheel mechanism to allow for a stable
and continuous jumping motion.

As a result, to design the 1-axis momentum wheel mechanism, we have to consider
the torque value that occurs when the robot starts jumping. Figure 5 shows the assumption
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of the change of the body angle after jumping. θp is the body angle, and the red line is
the line connecting C.M. and joint A, and it can be seen that it is perpendicular to the
ground. Unlike the jumping experiment, the tilted angle is set to 50 degrees at 0.26 s.
The reason for this is that the momentum wheel must be able to control the robot even
if the robot’s body is tilted by 50 degrees. Next, to calculate the angular acceleration, we
considered the change of time and θp between 0.16 s and 0.26 s. The variation of time is
0.1 s, and the variation of the body angle is 50 degrees. Thus, the angular acceleration of
the jumping robot is 43.195 rad/s2. We subsequently calculate the moment of inertia using
the Autodesk inventor. The value of the moment of inertia of guinea fowl jumping robot is
4519.018 kg mm2.
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Using Equation (11), we can calculate the torque value when the robot starts jumping.
At this time, if the torque value of the momentum wheel is equal to the torque value
generated while jumping, it is possible to cancel the torque. Therefore, our goal is to control
the altitude by canceling the torque, and thus we need to adjust the moment of inertia of
the momentum wheel. At this time, the angular acceleration of the motor is obtained by
dividing the mechanical time constant by 63.2% of the nominal speed, and the value of
the maximum angular acceleration of the motor is 10,279 rad/s2. In Equation (11), Imax
represents the maximum moment of inertia on the y-axis of the robot, and the value is
6678.5 kg mm2. This is because the moment of inertia is multiplied by 1.5 for the safety
factor. Ir is the moment of inertia of the rotor, and the value obtained using the datasheet
of the EC45 flat motor is 5.23 kg mm2. The value of αb is the angular acceleration of the
robot’s body, and this value is 43.195 rad/s2. Mm is assumed to be 80 g by the weight of the
momentum wheel. r is the radius of the momentum wheel, αm is the angular acceleration
of the motor, and the value of αm is 10,279 rad/s2. The radius of the momentum wheel
obtained by substituting the parameter to Equation (11) is 5.1 cm. Salto-1P has an inertial
tail mechanism, and the length of the inertial tail is 15 cm. As a result, we see that the
momentum wheel mechanism can reduce the volume of the inertial tail mechanism.

τ = (Imax + Ir)∗αb =
1
2

Mmr2∗αm, (11)

Next, to verify the performance of the momentum wheel, we design the experiment
apparatus as shown in Figure 6a. We fix the jumping robot to the rotating joint with Slider
A so that it can test whether the body of the robot moves when the jumping robot activates
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the momentum wheel. In addition, we can fix Slider A by fixing Slider B. At this time,
if Slider B is released, we can perform the jumping experiment using the momentum
wheel. As a result, the performance of the momentum wheel can be confirmed by using the
experimental apparatus, and the continuous jumping performance of the jumping robot
can be tested by releasing Slider B.
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wheel mechanism.

Figure 6b is the dynamic model of the jumping robot with the momentum wheel.
When i = 1, 2, j = 1, 2, q1 denotes the body angle of the jumping robot, and q2 is the
angle of the inertia wheel. m1 is the mass of the jumping robot, and m2 is the mass of the
momentum wheel. l1 is the distance from the anchor to the center of mass of the momentum
wheel, lc1 is the distance from the anchor to the center of mass of the jumping robot, I1 is
the moment of inertia of the robot, and I2 is the moment of inertia of the inertia wheel.

To calculate the dynamic model, we use the Euler–Lagrange equation, given in
Equation (12). The first term of Equation (12) is the kinetic energy part that consists of the
translational kinetic energy and rotational kinetic energy part. The second part is Coriolis
terms, and the third part is the potential energy part. Our goal is to obtain the inertia
matrix by adding the translational kinetic energy and the rotational kinetic energy, and
then calculating the Coriolis terms and the potential energy part. These parts will be used
to define the control parameters.

∑j dkj
..
q + ∑i,j

{
∂dkj

∂qi
− 1

2
∂dij

∂qk

}
.

qi
.

qj −
∂P
∂qk

= τk, (12)

First, to find the inertia matrix D(q), we consider the Jacobian expression Jvci
. The

results of Jvci
are shown in Equations (13) and (14).

Jvc1
=


∂x1
∂q1

0
∂y1
∂q1

0
0 0

 =


∂(lc1sin q1)

∂q1
0

∂(lc1cos q1)
∂q1

0
0 0

 =

 lc1cos q1 0
−lc1sin q1 0

0 0

, (13)

Jvc2
=

 l1cos q1 0
−l1sin q1 0

0 0

, (14)
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Then, to calculate the kinetic energy part of Equation (12), we can obtain the transla-
tional part of the kinetic energy using Equation (15).

1
2

.
q
{

m1Jvc1
TJvc1

+ m2Jvc2
TJvc2

} .
q, (15)

After we calculate the rotational kinetic energy part, we consider the angular velocity
terms using Equation (16).

ω1 =
.
q1k, ω2 =

( .
q1 +

.
q2
)
k, (16)

When expressed in the base inertial frame, the rotational kinetic energy of the balance
control system is then given by Equation (17). Finally, using Equations (15) and (16), we
can find the inertia matrix using Equation (18).

1
2

.
qT
{

I1

[
1 0
0 0

]
+ I1

[
1 1
1 1

]}
.
q, (17)

D(q) = m1Jvc1
T Jvc1

+ m2Jvc2
TJvc2

+

[
I1 + I2 I2

I2 I2

]
=

[
m1lc1

2 + m2l12 + I1 + I2 I2

I2 I2

]

=

[
d11 d12

d21 d22

]
,

(18)

Next, to find the potential energy term of Equation (12), we can use Equation (19).

P = P1 + P2 = m1glc1cos q1 + m2gl1cos q1, (19)

After finding the potential energy, we can obtain the function of potential energy using
Equation (20). The potential energy function is a partial derivative of the potential energy
with the angle value.

∅1 =
∂P
∂q1

= −m1glc1sin q1 −m2gl1sin q1, ∅2 = 0 (20)

Next, to calculate the Coriolis term, we consider the Christoffel symbols via
Equation (21).

cijk :=
1
2

{
∂dkj

∂qi
+

∂dki
∂qj
−

∂dij

∂qk

}
, (21)

After calculating the Coriolis terms, we see that the Coriolis terms become zero. We
can then obtain Equations (22) and (23).

d11
..

q1 + d12
..

q2 +∅(q1) = 0, (22)

d21
..

q1 + d22
..

q2 = τ = ki, (23)

In Equation (23), the value of k denotes the torque constant of the EC motor and the
value is 10.4 mNm/A. The value of i is the current value and it can be controlled by the
user up to 2A when using the EPOS24/2 Maxon motor controller. The parameters for
obtaining the dynamic model of the guinea fowl jumping robot are shown in Table 2. Using
Equation (23), we can derive Equation (24).

q1 = sin−1

((
m1lc1

2 + I1 + I2
) ..
q1 + I2

..
q2

m1glc1

)
, (24)

However, it is difficult to control the body angle by using the angular acceleration of
the motor as a variable for controlling the whole system. For this reason, to control the
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body angle of the jumping robot, the current should be used rather than the acceleration of
the motor. As a result, we can obtain Equation (25).

q1 = sin−1

((
m1lc1

2 + I1 + I2
) ..
q1 + ki− I2

..
q1

m1glc1

)
, (25)

Table 2. The parameter values for calculation of dynamic model.

Symbol Parameter Value
..

q1 43.195 rad/s2

m1 713 g
I1 4519 kg/mm2

I2 104.04 kg/mm2

lc1 34.011 mm
l1 0 mm

m2 80 g

3. Experiment Results

In this chapter, we will verify the jumping performance of the guinea fowl jumping
robot using the passive and non-passive hallux models and check the performance of
the momentum wheel with the jumping robot. Furthermore, we will confirm that the
momentum wheel is more stable than the inertial tail through collision simulation.

3.1. Implementation and Jumping Experiment of Guinea Fowl Jumping Robot

The implemented robot is shown in Figure 7a. This figure shows that the robot can
withstand using the two digits and hallux despite the load of the robot. In addition, the
material of the four torsion springs is SUS304, and we used a latex rubber band on the
tibiotarsus to increase the jumping height.
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Figure 7. The experiment of guinea fowl jumping robot: (a) Implementation of jumping robot;
(b) Jumping experiment without momentum wheel.

We constructed the experimental environment as shown in Figure 7a to test the jump-
ing performance of the Guinea fowl jumping robot. We supply 9 V to the jumping robot
using a power supply. If the robot started jumping, we turned off the motor immediately
to prevent the robot from jumping in the air. In addition, to measure the jumping height,
we attached a ruler to the table. The results of the jumping test are shown in Figure 7b.

At 0.13 s, the robot still accumulates elastic energy, and we can confirm that the foot
of the robot is stably attached to the ground. At 0.26 s, the robot approaches the highest
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height, and we can confirm that the maximum jumping height is 19.5 cm, as shown in
Figure 7. Furthermore, when the robot starts jumping, rotational torque is generated to
the robot’s body. For this reason, the foot of the robot tilts forward 42 degrees. Finally, at
1.03 s, the robot tilts forward until 90 degrees and falls to the ground. The experimental
results show that the robot can jump vertically up to 19.5 cm and the robot drops to its
initial position after the jump. Through the experimental results, we can see that there is a
difference of 5.8 cm between the ideal jumping height and the experiment results.

The jumping robot with the non-passive hallux model is shown in Figure 8. As can
be seen in the figure, unlike Figure 7a, there is no link structure to support the hallux.
To check the performance of the non-passive hallux model, we construct the experiment
environment as presented in Figure 8. The robot is 75 cm from the left side of the white
board, and the robot maintains the POT stage on the board.
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Figure 8. The experiment setting of the non-passive model.

The results of the jumping performance of the non-passive hallux model are shown in
Figure 9. At 0.19 s, the digit is lifted because the motor winding speed is too fast. At 0.37 s,
the digits are going down and the hallux part is lifted. For this reason, the jumping angle
becomes 56 degrees. At 0.56 s, the cam starts to accumulate elastic energy. As a result, the
robot begins to change the motion from the POT stage to PRT stage. At 0.82 s, the jumping
robot reaches the PRT stage to prepare for the next jump, and we can see that the robot
can jump forward 75 cm. Through the experiment, we confirmed that the implemented
robot can perform continuous jumping and that it is necessary to construct a passive hallux
structure that helps to move the links stably according to the motor winding speed. As
a result, through the two jumping experiments above, we can see that the passive hallux
model is more stable than the non-passive hallux model.
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3.2. Results of Balance Control Experiment

To control the jumping robot, it is necessary to design the electric circuit. The con-
ceptual diagram of the circuit designed to move the DC motor and the EC45 flat motor
is shown in Figure 10. Two EPOS24/2 controllers are used, and CAN communication is
used. At this time, if the user applies the control signal to the motor driver, both the DC
motor and the EC45 flat motor can be controlled using the C# program. At this time, the
communication between the EPOS24/2 and PC is serial communication by using a USB
interface. The weight of the electric circuit with the momentum wheel is 510 g. Therefore,
the jumping robot with the momentum wheel and rotating joint with Slider A is 1603 g.
Through Equation (9), we see that the jumping height is 10.8 cm.
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Figure 10. Design of control circuit of guinea fowl jumping robot with momentum wheel mechanism.

Next, the jumping robot fixed on the rotational joint and the rotational joint cannot
perform translational motion. However, the jumping robot can perform rotational motion
due to the rotational joint. After we set the experiment, we checked how the body angle
changes when the angular acceleration of the momentum wheel changes from 0 rad/s2

to 4000 rad/s2. The experiment results are shown in Figure 11. At 0 s, the momentum
wheel starts to rotate, and the body angle of the robot begins to change. At 0.17 s, the body
angle tilts up to 43.2 degrees when the angular acceleration of the momentum wheel is
4000 rad/s2.
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Then, we compared the experimental results with the theoretical results. The results
are shown in Figure 12. The red line represents the value for the dynamic model, and
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the blue line gives the experimental results. As shown in Figure 12, when the angular
acceleration of the motor increased, the body angle of the robot also increased. Furthermore,
the tendency of the experiment results and theoretical results is the same, and the average
error rate between the theoretical value and experimental value is 10.85%.
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momentum wheel.

After we checked the performance of the momentum wheel mechanism, we con-
structed the experiment setup, as shown in Figure 13, to assess how the momentum wheel
affects the jumping trajectory. At this time, the linear guide is configured to be able to per-
form translational motion and rotational motion, and the robot is installed in the rotational
joint of the linear guide. First, we wondered what would happen when the robot jumped
without operating the momentum wheel, and the results are shown in Figure 13a. At 0 s,
the robot maintains the POT stage and the jumping robot is connected to the rotational
joint. After 0 s, the robot starts changing the motion from the POT stage to the PRT stage.
At 0.24 s, the body angle of the robot tilts forward 50.8 degrees, and the jumping height is
6 cm. At 1.05 s, the foot of the robot falls out of the plate.
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Next, we carried out an experiment where the landing point is changed when the
robot jumped with the momentum wheel. Figure 13b shows the results of the jumping
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experiment with the momentum wheel. At 0.89 s, the jumping height is 6.7 cm, and the
hallux falls down on the jumping plate at 1.05 s. This is because the momentum wheel
mechanism produced the torque in the opposite direction to reduce the body angle change
during the takeoff phase.

Through the jumping test with the momentum wheel mechanism, we confirmed that
the forward tilting angle decreases, and the robot can land on the plate when the robot
jumps. This experiment confirmed that the momentum wheel could contribute to control of
the body angle. In addition, through the jumping experiment with and without momentum
wheel operation, we observed that the jumping height changed from 6 cm to 6.7 cm. As a
result, we confirmed that the momentum wheel could contribute to the altitude control of
the jumping robot through the experiment and checked that the jumping height increases
when the robot jumps vertically using the momentum wheel.

3.3. Collision Simulation of Momentum Wheel and Inertial Tail

In this section, we will check whether the momentum wheel can have a more compact
design than the inertial tail, and we will confirm that the momentum wheel is more stable
than the inertial tail through the crash simulation. First, we performed a simulation
whereby the momentum wheel could be designed more compactly than the inertial tail.
The comparison of the physical characteristics of the momentum wheel and the inertial tail
is shown in Figure 14. After fixing the weight and momentum of inertia of the momentum
wheel and inertial tail, the diameters of each model were compared. Unlike the general
momentum wheel, the proposed momentum wheel is designed to increase the momentum
of inertia by concentrating the weight on the edge of the circle. As a result, we were able to
design a compact momentum wheel that reduced the diameter of the momentum wheel by
20% compared to the inertial tail.

Electronics 2022, 11, x FOR PEER REVIEW 17 of 20 
 

 

 
(a) (b) 

Figure 14. Comparison of physical properties for momentum wheel and inertial tail: (a) Momentum 
wheel; (b) Inertial tail. 

Next, the simulation environment was configured as shown in Figure 15a for the col-
lision simulation of the momentum wheel and the inertial tail. The jumping robot is stand-
ing on the ground in the PRT stage, and an obstacle is placed on the top of the jumping 
robot. After attaching the momentum wheel and inertial tail to the jumping robot, a sim-
ulation of collision with an obstacle while jumping in the air was performed. Through 
simulation, we analyzed the change of body angle for three axes of the jumping robot and 
the number of turns during the collision. 

 
(a) (b) (c) 

Figure 15. Collision simulation: (a) Simulation setting of collision; (b) Collision simulation result of 
momentum wheel mechanism; (c) Collision simulation result of inertial tail mechanism. 

The simulation result is shown in Figure 16. Figure 16a–c refer to P୶, P୷, and P୸, re-
spectively, and at 0.23 s, the jumping robot collides with an obstacle. In the case of the 
inertial tail, the body angle change on the x-axis increases rapidly 5 times higher than the 
momentum wheel at 0.5 s. In addition, Figure 16b,c show that when the inertial tail col-
lides with the obstacle, the frequency of body angle change is higher than the momentum 
wheel mechanism by three times. As a result, it can be seen that the proposed momentum 
wheel is more stable than the inertial tail. However, when comparing the performance of 

Figure 14. Comparison of physical properties for momentum wheel and inertial tail: (a) Momentum
wheel; (b) Inertial tail.

Next, the simulation environment was configured as shown in Figure 15a for the
collision simulation of the momentum wheel and the inertial tail. The jumping robot
is standing on the ground in the PRT stage, and an obstacle is placed on the top of the
jumping robot. After attaching the momentum wheel and inertial tail to the jumping robot,
a simulation of collision with an obstacle while jumping in the air was performed. Through
simulation, we analyzed the change of body angle for three axes of the jumping robot and
the number of turns during the collision.
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Figure 15. Collision simulation: (a) Simulation setting of collision; (b) Collision simulation result of
momentum wheel mechanism; (c) Collision simulation result of inertial tail mechanism.

The simulation result is shown in Figure 16. Figure 16a–c refer to Px, Py, and Pz,
respectively, and at 0.23 s, the jumping robot collides with an obstacle. In the case of the
inertial tail, the body angle change on the x-axis increases rapidly 5 times higher than the
momentum wheel at 0.5 s. In addition, Figure 16b,c show that when the inertial tail collides
with the obstacle, the frequency of body angle change is higher than the momentum wheel
mechanism by three times. As a result, it can be seen that the proposed momentum wheel
is more stable than the inertial tail. However, when comparing the performance of the
inertial tail and momentum wheel in a real environment using the one-axis control system,
it is hard to accurately compare the two mechanisms when the robot jumps or collides with
an obstacle by using the one-axis control system. This is because if there is no three-axis
control system for the jumping robot, the balance of the jumping robot keeps changing
every time it jumps. In future work, we will implement a three-axis control system and
then perform a collision experiment to compare the performance of the inertial tail and
momentum wheel accurately.
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4. Conclusions

We demonstrate that the guinea fowl jumping robot can perform stable vertical jump-
ing and the momentum wheel mechanism that has a compact design, compared with the
inertial tail mechanism, can control the body angle. A jumping robot is implemented by
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mimicking a guinea fowl to realize the performance of vertical jumping and increase the
jumping stability during the initial jumping by using the passive hallux model. In addition,
to verify the performance of vertical jumping and the hallux model, a design, simulation,
and experiments were conducted. Through the jumping experiments, we verified that
the proposed jumping robot can perform vertical jumps and the passive hallux model
can contribute to the robot’s more stability when performing the initial jumping. Besides,
a momentum wheel mechanism is proposed to create a compact balance control mecha-
nism while maintaining the control performance of the inertial tail mechanism used in the
conventional jumping robot. In addition, we verified that the momentum wheel could
contribute to the body angle control of the jumping robot through dynamic analysis and
an experiment with the momentum wheel. Furthermore, we verified that the momentum
wheel can have a more stable and compact design during a collision than the inertial tail
through collision simulation. Collision simulation shows that when the inertial tail collides
with the obstacle, the frequency of body angle change is higher than the momentum wheel
mechanism by three times, and the change of body angle of the inertial tail mechanism is
five times higher than the momentum wheel. In addition, a jumping test with the one-axis
momentum wheel confirmed that the guinea fowl robot could successfully land after the
jump, and this result showed the possibility that the jumping robot with the momentum
wheel mechanism could jump continuously. However, to make a precise control model
for the posture of the proposed jumping robot model, a three-axis momentum wheel
mechanism and closed-loop control using an IMU sensor are required. In future work, we
will apply the three-axis balance control system on the guinea fowl jumping robot for the
performance of a continuous jump on rough terrain. Besides, we will conduct a collision
test to compare the performance of the inertial tail and momentum wheel mechanism in
the real environment. We expect that, in future work, the jumping robot with a three-axis
momentum wheel mechanism can be used for exploration in various environments.
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