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Abstract: In the great majority of cases, the design of resonant photoacoustic cells is based on the use
of resonators excited at the frequencies of their main resonances. This work presents a solution in
which the use of a multi-cavity structure with the appropriate selection of the mechanical parameters
of the cavities and the interconnecting ducts allows for the shaping of the frequency response of the
cell. Such solutions may be particularly useful when the purpose of the designed cells is operation
at multiple frequencies, e.g., in applications with the simultaneous detection of multiple gaseous
compounds. The concept is tested with cells made using 3D printing technology. The measured
frequency responses of the tested cells show very good agreement with the simulation results. This
allows for an approach in which the development of a cell with the desired frequency response can
be initially based on modeling, without the need for the time-consuming and expensive process of
manufacturing and measuring numerous modifications of the cell.

Keywords: photoacoustic cell; frequency response; Helmholtz resonance

1. Introduction

The photoacoustic phenomenon, which can be briefly described as the production
of an acoustic response to the periodic light stimulation of the investigated sample, was
discovered in the 19th century by Bell during his work on the photophone. However, the
dynamic development of photoacoustics began only in the 1970s, and this happened mainly
due to the wider availability of highly sensitive acoustic wave transducers (microphones
and piezoelectric detectors) and lasers.

Initially, the main area of application of photoacoustics was spectroscopic research.
Significant advantages of photoacoustic technology in such applications are high sensitivity
and accuracy. These result directly from the mechanism of the photoacoustic phenomenon,
in which the amplitude of the excited acoustic response is directly proportional to the
absorbed photon energy. For comparison, absorption spectrophotometry is based on
measuring the ratio of light intensity before and after passing through the investigated
substance. In the case of weak absorption, it comes down to measuring two large values
that differ very little from each other, which causes significant measurement errors and
consequently limits the maximum sensitivity of the measurements.

As already mentioned, photoacoustics is a technique that can be used in numerous
applications, but probably the most common are photoacoustic spectroscopy and trace
gas detection [1–3]. A typical photoacoustic setup for the detection of trace amounts of a
gas requires the use of a light source, the wavelength of which is selected according to the
absorption lines of the gas. The investigated gas sample is usually placed in a container
(photoacoustic cell). If the sample is irradiated with a modulated light beam, a photoacous-
tic signal is produced. The amplitude and phase of such a signal are then measured with a
microphone or a piezoelectric transducer that converts the pressure changes into an electric
waveform that is finally processed with a lock-in amplifier (Figure 1). In the majority of

Electronics 2024, 13, 1786. https://doi.org/10.3390/electronics13091786 https://www.mdpi.com/journal/electronics

https://doi.org/10.3390/electronics13091786
https://doi.org/10.3390/electronics13091786
https://creativecommons.org/
https://creativecommons.org/licenses/by/4.0/
https://creativecommons.org/licenses/by/4.0/
https://www.mdpi.com/journal/electronics
https://www.mdpi.com
https://orcid.org/0000-0003-1125-3057
https://doi.org/10.3390/electronics13091786
https://www.mdpi.com/journal/electronics
https://www.mdpi.com/article/10.3390/electronics13091786?type=check_update&version=1


Electronics 2024, 13, 1786 2 of 15

photoacoustic applications, but particularly in the case of trace gas detection, one of the
priorities is the possibility of detecting the lowest possible concentration of the investigated
compounds, i.e., the highest possible sensitivity of the setup.
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The amplitude of the photoacoustic signal amplitude depends on several factors [4]:

A ∝
P0βηQ

V f
(1)

where

P0—the power of the light used to excite the photoacoustic effect;
β—the absorption coefficient;
η—the efficiency of the detector (e.g., microphone);
Q—the quality factor of the cell (assuming that the modulation frequency of the light beam
is identical to the acoustic resonance frequency of the cell);
V—the volume of the photoacoustic cell;
f —the frequency of the light beam modulation.

The above formula clearly indicates that the properties of the cell strongly affect the
sensitivity of the setup and that an increase in the photoacoustic signal can be obtained by
using the resonance PA cell with possibly a high Q-factor, developing the cell in such a
way that its volume V is kept small or working with a relatively low modulation frequency
f. That is why one of the most common approaches in the development of photoacoustic
cells is the use of the Helmholtz resonance [5–18]. Although such acoustic structures
have a relatively low Q, they allow for obtaining a very low volume and reasonable
dimensions simultaneously with relatively low resonance frequencies. Photoacoustic cells
with standing wave resonances [5–9] usually have a relatively high resonance frequency
due to the fact that the length λ of the acoustic wave directly depends on the frequency:

λ =
v
f

(2)

where

v—the speed of sound propagation in the gas filling the cell;
f —the frequency of the acoustic wave.

Taking into consideration that the speed of sound propagation in the air at room
temperature is about 340 m/s, a cell designed for operation with a light beam modulation
frequency of 340 Hz, used to measure trace amounts of certain substances in the air, would
produce an acoustic wavelength of about 1 m. As such a cell size is unpractical, resonant
cells with a standing wave resonance usually work with light beam modulation frequencies
at the level of several kHz.
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The basic form of a photoacoustic Helmholtz cell comprises two cavities connected
with a narrow channel (Figure 1). A modulated light beam is passed through a window
and induces the photoacoustic effect in the investigated gas sample. Due to the Helmholtz
resonance, the PA signal is amplified. As the amplitude of the signal at the resonance
frequency is identical in both cavities, the microphone that converts pressure changes into
an electric signal is typically placed in the other cavity, which has a strong advantage of
separating the microphone from the light beam, thus reducing the possibility of generating
a parasitic PA signal resulting from the absorption of light by the microphone [5,6,16–18].
A very important feature of Helmholtz resonators is that their resonance frequency f 0 does
not depend on a single dimension but rather is given by the following formula [5,6,19]:

f0 ≈ vφ

4π

√
π

l
V1 + V2

V1V2
(3)

where

v—the speed of sound propagation in the gas filling the cell;
φ—the diameter of the duct connecting the cavities;
l—the length of the duct connecting the cavities;
V1 and V2—the cavity volumes.

The frequency response of such a cell is presented in Figure 2 (red solid line) and
compared with the frequency response of a non-resonant cell of equivalent volume (black
dashed line).

Electronics 2024, 13, x FOR PEER REVIEW 3 of 15 
 

 

φ—the diameter of the duct connecting the cavities; 
l—the length of the duct connecting the cavities; 
V1 and V2—the cavity volumes. 

 
Figure 1. Structure of a simple photoacoustic Helmholtz cell. 

The frequency response of such a cell is presented in Figure 2 (red solid line) and 
compared with the frequency response of a non-resonant cell of equivalent volume (black 
dashed line).  

 
Figure 2. Frequency response of a photoacoustic Helmholtz cell with the structure presented in Fig-
ure 1. 

As already mentioned, one of the typical applications of photoacoustics is the detec-
tion of a given gaseous compound, in particular a toxic, flammable, or even explosive gas-
eous compound. In such a case, very often we wish to detect not a single compound but 
several potentially harmful substances. 

The composition of the investigated substance together with a quantitative analysis 
can, of course, be determined based on the measured absorption spectrum of the investi-
gated substance. For this purpose, it is possible to use a light source with a tunable wave-
length and record an absorption spectrum by performing numerous measurements at 
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Figure 1.

As already mentioned, one of the typical applications of photoacoustics is the detection
of a given gaseous compound, in particular a toxic, flammable, or even explosive gaseous
compound. In such a case, very often we wish to detect not a single compound but several
potentially harmful substances.
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The composition of the investigated substance together with a quantitative analysis
can, of course, be determined based on the measured absorption spectrum of the inves-
tigated substance. For this purpose, it is possible to use a light source with a tunable
wavelength and record an absorption spectrum by performing numerous measurements
at different wavelengths (with a point-by-point method, i.e., setting a given wavelength,
measuring absorption, changing the wavelength by a small step, measuring absorption, and
so on). Unfortunately, such a solution requires the use of an expensive tunable light source,
and the spectrum recording is relatively slow due to the need for numerous measurements.
Another approach is to use the FTIR PAS method, i.e., measure the spectrum using the
Fourier technique. The main advantage of this method is the simultaneous measurement
of all wavelength components, which shortens the measurement time. Its disadvantages
include the complexity of the optical system (significant size, high cost, and sensitivity to
mechanical stress) and errors resulting from the calculation of the Fourier transform itself,
i.e., the blurring of the absorption lines. Another problem is that, in the rapid-scan Fourier
photoacoustic technique, the modulation covers a wide range of acoustic frequencies. For
this reason, the measurement cell should have as linear a frequency response as possible
(that is why non-resonant cells are usually used for this purpose), and the photoacoustic
signal amplifier must have a wide passband. This means that the amplification of the
photoacoustic signal using resonant cells and narrowband filtering, which allow for the
improvement of the signal-to-noise ratio, is then practically impossible.

Measurements aimed at detecting specific compounds can also be carried out with
the use of a few fixed-wavelength light sources (which are much less expensive than
tunable ones) and can be implemented in at least several ways. The simplest method is to
sequentially perform measurements at selected light wavelengths that are in the absorption
spectra of the compounds being sought. This technique can be used if the composition
of the sample is relatively well known and if the only information being sought is the
concentrations of selected compounds. With the appropriate selection of wavelengths (such
that the wavelengths used are relatively strongly absorbed by the compounds sought, with
the lowest possible absorption by the remaining compounds present in the investigated
samples), the concentrations of individual compounds can be determined relatively easily.
However, the significant disadvantages of this method are as follows:

(1) The N-fold extension of the measurement time in comparison to the duration of a
single measurement (for one compound) if N compounds are being detected;

(2) The possibility of changes in the measurement conditions, e.g., the temperature of
the sample; the pressure in the cell; or, in extreme cases, even the concentrations of
the investigated substances over time. Such changes will usually not be taken into
account, resulting in an increase in the errors of the measurement results.

Taking into consideration that, usually, we are looking for a relatively fast reaction
of such a gas sensor, we would preferably implement the simultaneous (on the contrary
to sequential) detection of multiple compounds. If we use several light wavelengths
simultaneously, they must be modulated with different frequencies; thus, we would need a
cell with a few resonance frequencies. In the case of cells with standing wave resonances,
a solution is to use several longitudinal resonators connected in parallel [1,20]. But, so
far, no reports about the use of multi-cavity Helmholtz resonators with more than two
fundamental resonances have been presented. The aims of this work were to investigate
the properties of such multi-cavity structures applied for the shaping of the frequency
response of photoacoustic cells and to develop a multi-resonance PA cell with a least three
resonance peaks.

2. Theoretical Considerations

A multi-cavity Helmholtz cell is a cell consisting of more than two cavities connected
with ducts. The simplest case is a triple-cavity cell. Such structures were investigated
primarily by Egerev et al. [21] (Figure 3a). He used triple-cavity structures with the
aim of implementing differential measurements with the separation of both microphones
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from the sample cavity (to avoid a parasitic PA signal from the absorption of light by
the microphones). Further investigations of triple-cavity Helmholtz cells, but in slightly
different configurations (Figure 3b), were carried out by Starecki [22], who then focused
on the use of multi-cavity Helmholtz cells in the development of open photoacoustic
Helmholtz cells [23,24]. It should be noted that very limited research has been performed
on the use of multi-cavity structures with the aim of shaping the frequency response of
photoacoustic cells [4,22].
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From previous works [4,22], it was known that the use of an additional cavity adds
one more resonance in comparison to a simple Helmholtz cell. For this reason, we decided
to investigate the properties of four-cavity star-formed structures, as shown in Figure 4.
The cell was designed in such a way that the middle cavity was used as a sample cavity
(in which the photoacoustic effect was induced), while all the side cavities were equipped
with microphones.
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The first step of the development of the cells was based on simulations of their
frequency responses. For this purpose, we used the acousto-electrical analogy method,
in which each acoustic element of the cell structure is replaced with a corresponding
electrical component [4,25–28]. In such a case, excitation resulting from the photoacoustic
effect induced in the cavity containing the irradiated sample is modeled with a current
source, while all the cavities are simulated with capacitors calculated from the following
formula [25–28]:

Ci =
Vi
ρv2 (4)

where

Vi—the volume of the i-th cavity (i = 1–4);
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ρ—the gas density;
v—the speed of sound propagation in the gas filling the cell.

In the simplest case, the ducts can be represented by lossy inductances [25–28], but
it is known from previous works that, even in the case of a basic (two-cavity) Helmholtz
cell, such an approach results in substantial modeling errors [4,29]. Much better results can
be obtained if the ducts are represented with transmission lines [4,28–30], which can be
further replaced with equivalent T-sections (Figure 5).
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Regarding the transmission line used for the modeling of the duct, the characteristic
impedance and the propagation constant are defined as follows:

Z f =

√
R + jωL
G + jωC

, Γ =
√
(R + jωL)(G + jωC) (5)

where [31]

R + jωL = j
ωρ

πa2
(
1 − FvejΦv

)) (6)

G + jωC = j
ωπa2

ρc2

(
1 + (κ − 1)FtejΦt

)
(7)

In the above formulas, the symbol a is the radius of the duct, and κ is the adiabatic
coefficient of the gas filling the cell (κ = cp/cv, where cp is the heat capacity at constant
pressure, and cv is the heat capacity at constant volume).

Function F is defined as

Fv,tejΦv,t =
2J1

(√
−jrv,t

)√
−jrv,t J0

(√
−jrv,t

) (8)

where J0 and J1 are complex zero- and first-order Bessel functions, and subscripts v and t in
Equations (6) and (7) indicate whether the variable is rv or rt.

rv = a
√

ωρ

η
, rt = a

√
ωρcp

kg
(9)

should be used for the substitution of the symbol rv, t used in Equation (8). In Equation (9),
η is the gas viscosity.
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The transmission line can be converted to a T-section (Figure 5c), in which the
impedances Z3, Z4, and Z5 should be calculated from [32]

Z3 = Z4 = Z f tan h
Γl
2

, Z5 =
Z f

sin h(Γl)
, (10)

where l represents the length of the channel.
In comparison to the lumped component models, the transmission line duct model

gives better results in the photoacoustic Helmholtz cell simulations. However, the experi-
mental results show that, in the case of a PA cell with small cavities, even the transmission
line duct model does not reflect all the losses and leads to overestimated Q-factor values.
For this reason, a duct model with corrections was developed [31]. In order to introduce
additional losses in the transmission duct model, the serial resistance in the modeling of
duct properties was increased by adding an Rloss component to the real parts of the Z3 and
Z4 impedances. As the equivalent circuit diagram of the duct should be symmetrical, the
increase in both Z3 and Z4 impedances should be identical so that Rloss can be expressed as
a function of the Z3 and Z4 impedances:

Rloss = γRe(Z3) = γRe(Z4) (11)

Taking into consideration that γ is not a constant value and shows a slightly non-linear
relationship versus duct diameter φ, it can be defined with a parabolic approximation:

γ = Aφ + Bγφ2, (12)

in which
A = (0.1 − 0.08 l)

V1 + V2

V1 V2
, (13)

and

B =
2

∑
i=1

0.096 · 2−2Vi , (14)

where V1 and V2 are volumes of the cavities connected with the modeled duct, and l
corresponds to the length of the duct (in the above expressions, standard SI units should be
used). It should be noted that Equation (13) is valid only if the duct is shorter than 12.5 cm
(in the case of longer ducts, A should be substituted with zero). A circuit diagram used
for the purpose of modeling the investigated cells is presented in Figure 6. As the cell
was stimulated with the modulated light beam illuminating the central cavity, the current
source I is connected to the C0 capacitor. Pressure in the cavities is represented by the
voltage across capacitors.
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At first, we performed numerous simulations with different duct sizes (lengths and
diameters) to observe the influence of these parameters on the frequency responses of the
cells. In the simulations of the cells performed in this work, we used the transmission
line duct model in two versions: with and without corrections. Below, we discuss two
examples of the investigated cells, the mechanical properties of which are given in Table 1.
The obtained simulation results are shown in Figure 7.

Table 1. Mechanical properties of the investigated cells.

Cavity Volume [cm3] Duct Length [mm] Diameter [mm]

C0 1.5
C1 1.5
C2 1.5

Cell #1 C3 1.5
D1 35 3.0
D2 35 3.2
D3 35 3.4

C0 1.5
C1 1.5
C2 1.5

Cell #2 C3 1.5
D1 50 3.0
D2 33 3.4
D3 25 4.4Electronics 2024, 13, x FOR PEER REVIEW 8 of 15 
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3. Experimental Results

The obtained simulations presented in Figure 7 were verified with measurements. The
cells used for the purpose of experimental verification were produced with 3-D printing
technology. The cell bodies were made of PLA (Fiberlogy Easy PLA filament [33]) with
a Prusa MK3S+ printer [34]. The printing code was generated with PrusaSlicer with the
following settings: a layer height of 0.2 mm and 100% infill. The printer operated with a
nozzle temperature of 215 ◦C and a bed temperature of 60 ◦C. An example of a cell printed
in such a way is shown in Figure 8.
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of the obtained simulation results. The photo also shows an LED driver PCB mounted over the
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The simulation results were verified with measurements performed in the system
presented in Figure 9. The measuring setup was controlled from a PC, which was also used
for data recording and preliminary data processing. A two-channel function generator (DG
1022Z Rigol [35]) was used to produce a signal, which was applied to a precise homemade
voltage-to-current converter. The voltage-to-current converter drove an IR LED (OSRAM
SFH4550 [36]) emitting infrared light (with a center wavelength of 860 nm) with a very
high radiant intensity (over 1 W/sr) and a very small half-angle (±3◦). The diode was
positioned right above the cell window, with a very narrow spacing (1–2 mm) preventing
the mechanical stress of the LED package (resulting from the current flow) from being
transmitted to the window or body of the cell. The modulated light flux was absorbed by
a sample (in order to obtain a high level of the photoacoustic signal, black Musou Black
paint was used for absorbing the light), inducing a photoacoustic effect. The produced
photoacoustic signal was detected by means of a high-sensitivity (60 mV/Pa) 1/4 inch
microphone (B&K 4961 [37]). The signal from the microphone was amplified in a B&K
1704 [38] signal conditioner and then supplied to a digital lock-in amplifier (Stanford
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Research Systems SRS 860 [39]). Frequency responses were measured sequentially; i.e., we
used a single microphone placed in one of the microphone cavities, while the microphone
holes in the remaining microphone cavities were closed with dummy plugs. Once a whole
frequency response was recorded, the microphone was transferred to another microphone
cavity, and the procedure was repeated until the frequency responses of all the microphone
cavities were measured.
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4. Discussion

The simulation results presented in Figure 7 lead to at least two important conclu-
sions: firstly, that multi-cavity photoacoustic Helmholtz structures allow for obtaining
multi-resonance characteristics and that, secondly, depending on our needs, we can obtain
resonance peaks close to each other (as in the case of cell #1; Figure 7a) or substantially
spaced (as in the case of cell #2; Figure 7b). A comparison of the measurement results
(Figures 10 and 11) with the simulations shows very good agreement. It should be noted
that, at lower frequencies (below 2 kHz), the model with corrections gives a nearly perfect
match with the measurements. The lower measured response at low frequencies (below
50 Hz) results mainly from the limited bandwidth of the microphone (lower corner fre-
quency of 5 Hz [37]) and preamplifier (lower corner frequency of 2.2 Hz [38]). The slight
shift toward lower frequencies of the measured frequency responses in comparison to the
simulations may be caused by slightly smaller diameters or the ducts (the accuracy of 3D
printing technology is limited), but the shape of the frequency response curve is very well
preserved. However, the shape of the frequency responses above 2 kHz is much better
approximated by the model without corrections. The difference is particularly strong at res-
onances in the 4 to 8 kHz range. It should be noted that the model with corrections is based
on some experimental results [30] and that the range of frequencies and mechanical dimen-
sions at which it is applicable is limited. Thus, if both models give similar results, it can be
safely assumed that the model with corrections will result in a better approximation, while
in the case of significant discrepancies between simulations obtained from the corrected
and non-corrected models, the model without corrections should be assumed as more
reliable. This is quite important information because, based on the range of frequencies
that we intend to use for the cell for operation, we can pick the more accurate model.
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5. Conclusions

According to the obtained simulation and experimental results, we can state that the
use of a multi-cavity structure as a photoacoustic cell with Helmholtz resonances allows for
the convenient shaping of the frequency response and for obtaining multiple resonances
that can be particularly useful when the designed cell will operate at multiple frequencies,
e.g., in applications with the simultaneous detection of multiple gaseous compounds.
Depending on our needs, it is possible to obtain a frequency response with resonances
that are close to each other or substantially spaced. The properties of the cell can be quite
accurately estimated with modeling based on the acousto-electrical analogy method. It
should also be mentioned that both models described in this paper can be implemented
quite easily, even on machines with very limited numerical power, and even in such a
case, simulations that require performing calculations of the frequency response at several
thousands of frequency points are obtained immediately. This is quite important because it
means that such simulations can be used as a very efficient way of performing a preliminary
evaluation of the cell properties. Furthermore, 3D printing technology is suitable for the
fast and inexpensive prototyping of the photoacoustic cells or even for the production of
the cells (if the material used for the cell printing is acceptable for the target applications of
the cell).
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