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Abstract: The phase and polarization of electromagnetic waves can be conveniently manipulated by
the dynamic phase and geometric phase elements. Here, we propose a compact optical integration of
dynamic phase and geometric phase to generate arbitrary vector vortex beams on a hybrid-order
Poincaré sphere. Two different technologies have been applied to integrate dynamic and geometric
phase elements into a single glass plate to modulate the phase and polarization of light simultaneously.
A spiral phase structure is made on one side of a glass substrate with optical lithography and a
geometric phase metasurface structure is designed on the other side by femtosecond laser writing.
The vector polarization is realized by the metasurface structure, while the vortex phase is generated
by the spiral phase plate. Therefore, any desirable vector vortex beams on the hybrid-order Poincaré
sphere can be generated. We believe that our scheme may have potential applications in future
integrated optical devices for the generation of vector vortex beams due to its the high transmission
efficiency and conversion efficiency.

Keywords: vortex beam; vector beam; metasurface; hybrid-order Poincaré sphere

1. Introduction

Phase and polarization are two important characteristics of electromagnetic waves
and can be conveniently manipulated by the dynamic and geometric phase elements, re-
spectively [1]. In general, the dynamic phase relates to the change in the optical path. To
achieve the desired optical path difference, the space-variant profile or refractive index can
be employed. In contrast, the Pancharatnam–Berry geometric phase results from the space-
variant polarization. This approach for optical wave-front shaping is purely geometric in
nature, and thus the related device is referred to as the geometric phase element [2]. There
are different schemes based on the pure dynamic phase element or pure geometric phase
one in the regulation of light [3–7]. Let us take the generation of vector vortex beams as an
example. In the methods with pure dynamic phase devices, the modified interferometers
may be employed [8–12]. In the methods with pure geometric phase elements, diversified
schemes usually focus on several special cases, such as azimuthal and radial polariza-
tions [13–24]. Vector vortex beams have found a wide range of applications including
microscopy [25], optical trapping [26], metrology [27], and quantum communication [28].
In some applications of classic and quantum regimes, a compact optical element for flexible
modulation of vector vortex states of photons is needed.

In this paper, we propose to integrate a metasurface q-plate and a spiral phase plate
into a single glass plate to generate arbitrary vector vortex beams. Figure 1a,b show
schematic diagrams of the q-plate and the spiral phase plate, respectively. In our scheme, a
homogeneous polarized Gaussian beam is converted into a vector beam by a metasurface
q-plate. After passing through the spiral phase plate, the vector beam is further converted
into a vector vortex beam. Therefore, we can integrate the metasurface q-plate and the spiral
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phase plate into a single glass plate to construct a compact optical element for the flexible
generation of vector vortex beams. The schematic photograph of the glass vector-vortex
plate and is plotted in Figure 1c. The SEM image of the metasurface q-plate structure is
shown in Figure 1d. The local optical directions of fast and slow axes are perpendicular
and parallel to the grooves, respectively. The fabricated metasurface structure can be
regarded as a birefringent waveplate with homogeneous phase retardation and a locally
varying optical axis direction, since the characteristic dimension of the nanostructure is
much smaller than the operational wavelength. The metasurface q-plate can be constructed
by controlling the orientation of the nano grooves. In fact, the glass vector vortex plate is a
combination of the geometric phase q-plate that is designed by femtosecond laser writing
and the spiral phase plate which is made with optical lithography. Compared with other
complex devices to regulate geometric and dynamic phases, this integrated glass plate has
compact advantages and convenient operation.
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Figure 1. Schematic illustration of (a) the metasurface q-plate, (b) the spiral phase plate, and (c) the
integrated glass vector-vortex plate. (d) The SEM image of the designed metasurface nanostructures,
scale bar, 200 nm.

2. Optical Integration of Dynamic Phase and Geometric Phase

It is known that the states of vector vortex beams can be described by the hybrid-order
Poincaré sphere [29–35]. All points on the surface of Poincaré sphere can be represented as
a superposition of these two orthogonal circular polarizations with different topological
charges. In the paraxial approximation, a generalized vector vortex state can be repre-
sented as a superposition of these two orthogonal circular polarization states with different
topological charges in the following formular:

|Ψ〉 = Ψl
N |R〉exp

ilϕ

2
+ Ψm

S |L〉exp
imϕ

2
(1)

Here, |R〉 =
(
ex + i ey

)
/
√

2 and |L〉 =
(
ex − i ey

)
/
√

2, ex and ey are separately the
unit vectors along the x and y axes in the Cartesian coordinate system. Any polarization
state (θ, φ) on hybrid-order Poincaré can be described as a superposition of the orthogonal
bases with coefficients Ψl

N and Ψm
S , respectively. Figure 2 depicts a hybrid-order Poincaré
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sphere with l = 0 and m = +2. Here, l and m are the topological charges, which is related
to orbital angular momentum of light [36].
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Figure 2. Schematic illustration of the hybrid-order Poincaré sphere with l = 0 and m = 2. The
polarization and intensity distribution of vector vortex beams corresponding to four points on the
equator and two poles.

After extracting a vortex phase factor exp[i(l + m)φ/2], Equation (1) can be written
as [37].

|Ψ〉 = exp
i(l + m)ϕ

2

[
Ψl

N |R〉exp
i(l −m)ϕ

2
+ Ψm

S |L〉exp
i(m− l)ϕ

2

]
(2)

Comparing Equation (1) with Equation (2) shows that the vector vortex states can be
divided into a vortex phase and a vector polarization. In general, the vortex phase can be
generated with spiral phase plate and the vector polarization can be generated with q-plate.
To construct a compact optical element, we therefore propose to fabricate a spiral phase
structure on one side of the glass substrate with optical lithography and a geometric phase
q-plate on the other side by femtosecond laser writing.

The optical lithography is chosen to fabricate the spiral phase plate on the one side
of the glass substrate [38]. It is known that the optical thickness of the spiral phase plate
is proportional to the azimuthal angle. The fabrication details are as follows: Assuming
that the diameter of the spiral phase plate is D, we quantize an irregular three-dimensional
surface of a spiral phase plate into two dimensional bars to form a binary mask by selecting
the suitable interval d. Then we obtain N = D/d micro-slices. Each different slice is
projected and zoomed in the same scale to form the 2D binary sub-mask. By moving the
mask at a certain speed in the exposure process, the distribution at each quantized unit
is modulated by the corresponding sub-mask. The fabricated 3D structure is determined
by the mask and the exposure dose. The thickness of optical lithography increases as the
exposure dose.

The fabrication three-dimensional surface structure with a phase retardation value
ranging from 0 to 2π at a wavelength of 632.8 nm is acquired. In our case, the thickness
of the glass substrate is 3 mm with the diameter D = 25.4 mm. Take the spiral phase
plate used for l = 1, and the phase modulation is 2π; the step height can be obtained by
h = λ/(n− 1), where n = 1.458 is the refractive index of silica. Therefore, the theoretical
step height is obtained as h = 1.381 µm. After exposure and optical lithography, the step
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height of spiral surface is obtained by optical surface profile as 1.385 µm, which coincides
well with the theoretical value.

Figure 3a shows the measured phase retardation value distribution of the spiral phase
plate (l = 1). To ensure the phase structure of the output beams, the interference patterns
are measured with the Mach–Zehnder interferometer which is similar to the experimental
setup in Ref. [39]. In our experiment, the interference patterns of the generated vortex beam
with a plane wave and a spherical wave are measured, respectively Figure 3b,c.
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The metasurface q-plate structure is designed on the other side of glass plate by means
of a femtosecond laser engraving space-variant nanogrooves. The written area is centered
on the glass plate. Under the laser irradiation, the fused glass (SiO2) decomposes into
porous glass (SiO2 + O2), whose refractive index is controlled by the laser intensity. The
filling factor is 0.1–0.2, the line width is 30–50 nm, and the depth of nanogrooves is ap-
proximately equal to 80 nm. The measured diffraction and transmission efficiency for the
nanostructures are 89.4% and 58.7% at the wavelength of 632.8 nm, respectively. Because
the characteristic dimension of the structure is much smaller than the operational wave-
length, the nanostructure can be regarded as a birefringent waveplate with homogeneous
phase retardation and a locally varying optical axis direction. The phase retardation is
ϕ = (ne − no)h/λ, where h is the writing depth and ne − no is the induced birefringence.
As a linear approximation, the effective ordinary and extraordinary refractive indices can
be written as [40].

no =
√

f n2
1 + (1− f )n2

2 , ne =

√
n2

1n2
2

(1− f )n2
1 + f n2

2
(3)

Here, f is the filling factor, and n1 and n2 are the refractive indices of the two media that
form the grating-like structure. The birefringence value of ne − no is about −3× 10−3, and
the retardation is ϕ = π. Note that this technology has been extensively applied to fabricate
spin-based photonics devices, such as vector beam generator [41], spin-dependent beam
splitter [42], spin-Hall metalens [43], and optical spatial differentiator [44–48].
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The metasurface q-plate with a uniform birefringent phase retardation π at a wave-
length of 632.8 nm acts as a half wave plate with inhomogeneous distribution of optical
axis. Its optical axis distribution satisfies Ψ = qφ + Ψ0, where q is the spatial rotational
rate of the optical axis, φ is the azimuth angle, and Ψ0 is the initial angle. Here, by etching
space-variant grooves on a fused silica sample using a femtosecond laser, we need to
fabricate the q-plate (q = 1/2) with a diameter of 4 mm at the flat surface of the spiral phase
plate (l′ = 1), the diameter of which is 25.4 mm, and keep the center of the q-plate and the
spiral phase plate aligned. The optical axis distribution of the q-plate on the integrated
vector-vortex plate can be retrieved by two crossed polarizers. Because the spiral structure
of the integrated plate does not affect the polarization state of the beams, we obtain the
cross polarized images of q-plate under cross and line polarizers, respectively, as shown
in Figure 3d,e. The orientation of optical axis of the q-plate is shown in Figure 3f which is
retrieved from Figure 3d based on the optical Malus law [1].

3. Generation of Vector Vortex Beams

In our experiment, the integrated glass vector-vortex plate (VVP) with q = 1/2 and
l′ = 1 was used to verify the generation of arbitrary vector vortex beams on the hybrid-order
Poincaré sphere. As shown in Figure 4, a Glan laser polarizer (GLP1) and a quarter-wave
plate (QWP1) convert the laser beam from the He-Ne laser (632.8 nm, 21 mW) into a
homogenous elliptical polarization. The polarization of input beam can be modulated by
GLP1 and QWP1 which can realize any desired polarization states on the fundamental
Poincaré sphere. The azimuth angle η of the output polarization state is equal to the angle
between the optical axis direction of QWP1 and the vertical direction. The elliptical angle
δ is equal to the relative angle of the optical axis direction between GLP1 and QWP1. A
relationship between (η, δ) and vector vortex states on the hybrid-order Poincaré sphere
(θ, φ) can be established η = φ and δ = (2θ − π)/4 [40]. The incident beam first passes
through the plane of the q-plate and then through the spiral phase surface, resulting in the
transformation of a fundamental Gaussian beam into a vector vortex beam. A typical setup
(QWP2, GLP2, and CCD) measures the Stokes parameters that describe the polarization
state and intensity of the output light. The polarization distribution of the generated vector
vortex beams can be effectively retrieved by the measurement of Stokes parameters [34].
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Figure 4. Experimental setup to generate arbitrary vector vortex beams on the hybrid-order Poincaré
sphere. GLP, Glan laser polarizer; QWP, quarter-wave plate; VVP, vector-vortex plate; CCD, charge-
coupled device.

To evaluate the quality of the generated vector vortex beams, we measure the polar-
ization and phase distributions of the resultant vector vortex beams. After the polarization
state is obtained, we remove the QWP2 in the experimental device and adjust the optical
axis of GLP2 to the vertical state (the rotation angle of the optical axis is 0). The CCD records
the intensity distributions of the generated vector vortex beams to determine the vortex
phase for linear and elliptical polarization beams. When the circular polarization beams of
two poles are produced, the topological charge can be determined by the Mach–Zehnder
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interferometer, which is similar to the experimental setup in Ref. [32]. The topological
charges of the output beams from the glass vector-vortex plate are thus equal to (−2q + l)
and (+2q + l′), which are, respectively, 0 and 2 in our scheme.

Figure 5 shows theoretical and experimental distributions of polarization states and
phase for four points on the equator of the hybrid-order Poincaré sphere. The theoretic
results of intensity and polarization distribution are plotted in Figure 5a–d. The polarization
states on the cross section of the emerging beams can effectively retrieved by measuring the
Stokes parameters (Figure 5e–h). After removing the QWP2, the theoretic results reflecting
the vortex phase structure are plotted in Figure 5i–l. The experimental patterns are recorded
by the CCD (Figure 5m–p). Four typical s-shaped patterns which show double charged
optical vortices exhibit different directions which are determined by the polarization pattern
of the emergent beams. These s-shaped light intensity images indicate that the topological
charge of the generated beams is 1. It is shown that linear polarization direction of points
on the equator are composed of equal superposition of a fundamental-mode Gaussian
beam and a Laguerre–Gaussian beam.
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Figure 5. Polarization and intensity distributions of the generated vector vortex beams. (a–d) The
theoretical polarization and intensity distributions for the points (1, 0, 0 ), (−1, 0, 0), (0,1,0), and
(0,−1, 0) on the hybrid-order Poincaré sphere in the order from left to right. (e–h) The corresponding
experimental results. (i–l) The theoretical intensity distributions of the linearly polarized vortex
beams after passing a horizontal polarizer. (m–p) The corresponding experimental results.

It should be noted that the diffraction will lead to the inconsistency of bright spots
shown in the third and fourth row and the results shown in the first two rows in Figure 5.
The intensity distribution in the third and fourth row can be regarded as the interference of
fundamental Gaussian beam, a vortex beam with l = 1. It is known that the rotation effect
presents during propagation, where the rotation angle is proportion to the Gouy phase
shift. Note that the analytical forms for vector vortex beams can be obtained in the Fresnel
and Fraunhofer diffraction regions based on a strict prorogation model [49,50].

Comparing with Figure 5, the vector vortex beams on two poles and two ordinary
points on the hybrid-order Poincaré sphere are shown in Figure 6. The theoretic results of
intensity and polarization distribution are plotted in Figure 6a–d. The polarization states
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on the cross section of the emerging beams can be effectively retrieved by measuring the
Stokes parameters (Figure 6e–h). The theoretic results proving phase distribution of the
generated vector vortex beams are shown in Figure 6i–l For the circular polarization beams,
the interference patterns of the output beams and the reference Gaussian beam demonstrate
that north and south poles represent a fundamental-mode Gaussian beam and a Laguerre–
Gaussian beam, respectively (Figure 6m,n). The fork-like patterns give expression to the
vortex phase with different topological charges. For elliptical polarization beams on two
ordinary points, the CCD records two typical s-shaped patterns after removing the QWP2
(Figure 6o,p). The major reason for the slight deformation in intensity distribution of
the generated vector vortex beams is attributed to the inaccuracy in writing the center of
q-plate. Due to the errors caused by the integrated manufacturing process, the center of
the q-plate cannot be strictly aligned with the center of the spiral phase plate, resulting in
slight distortion of the light spot. In addition, the polarization error of the generated vector
vortex beam is due to the difficulty in guaranteeing that the pictures of Stokes parameters
are the same pixels.
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4. Conclusions

We have proposed a compact optical integration of dynamic phase and geometric
phase to generate arbitrary vector vortex beams on a hybrid-order Poincaré sphere. The
glass vector-vortex plate with integrated a metasurface q-plate and a spiral phase plate
has been proposed and experimentally demonstrated. By tuning the incident polarization
states, any desired vector vortex beams on the hybrid-order Poincaré sphere can be realized.
The integrated glass vector vortex plate provides a possible way to generate vector vortex
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beams in a flexible and highly efficient way. More importantly, our results provide an
approach to controlling the dynamic phase and geometric phase simultaneously, thereby
enabling a compact optical element in the flexible generation of vector vortex beams.
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